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Dissociative ionization of the H2 molecule under
a strong elliptically polarized laser field:
carrier-envelope phase and orientation effect

Gaurav Pandey, Sandip Ghosh and Ashwani K. Tiwari *

A coupled electron–nuclear dynamical study is performed to investigate the sub-cycle dissociation and

ionization of the H2 molecule in a strong 750 nm 4.5 fs elliptically polarized laser pulse. A quasi-classical

method is employed in which additional momentum-dependent potentials are added to the molecular

Hamiltonian to account for the non-classical effects. The effect of molecular orientation with respect to

the laser polarization plane on the probabilities of different dynamical channels and proton energy

spectra has been examined. We demonstrate the 2D-control of proton anisotropy by manipulating the

carrier-envelope phase of the pulse. We demonstrate that the quasi-classical method can capture the

carrier-envelope phase effects in the dissociative ionization of the H2 molecule. Our results indicate that

the classical models provide an efficient approach to study the mechanistic insights of strong-field

molecular dynamics.

1 Introduction

Directly controlling electronic and nuclear motion on their
natural timescales is the most fundamental way of manipulating
the outcome of a chemical reaction. With the rapid advancement
in optical technologies, it is now possible to generate ultrashort
intense laser pulses, which are being used to guide the motion
of electrons and nuclei in atomic and molecular systems.1–6

When an intense laser pulse interacts with a molecular system,
the molecule experiences an external force comparable to the
Coulombic force between a bound electron and the nuclear
core. These laser pulses with enormous field strength change
the electronic structure of the molecular system, which ulti-
mately guides the nuclear dynamics. An ultrashort intense laser
pulse initiates several non-linear strong-field processes, such as
high-harmonic generation (HHG),7 above-threshold ionization
(ATI),8 bond-softening (BS),9 bond-hardening (BH),10 above-
threshold dissociation (ATD),11 etc. Investigating such complex
dynamics in molecules is challenging, both experimentally and
theoretically, because of the inclusion of the various degrees
of freedom of different timescales, viz., rotational, vibrational
and electronic, which occur on picosecond (10�12 seconds),
femtosecond (10�15 seconds) and attosecond (10�18 seconds)
timescales, respectively. The hydrogen molecule and its ionic
companion serve as benchmark molecular systems to under-
stand the complex strong-field processes at the fundamental

level.12–20 Various experimental parameters are used to control
the electronic and nuclear dynamics in these simple molecular
systems in real time, such as peak intensity of the laser pulse,
polarization, relative phase between the two-color laser pulses,
pulse duration, chirp, wavelength, etc.12,15,21,22 In molecules,
the dynamics of the nuclei follow the slower-moving pulse
envelope, whereas the electrons follow the rapidly oscillating
electric field under the envelope. Therefore, by tuning the
shape of the oscillatory electric field under the pulse envelope,
it is possible to control the electronic motion with subfemto-
second temporal resolution. The shape of the electric field in a
pulse is controlled by the phase offset between the maxima of
the pulse envelope and the maxima of the carrier electric field.
This phase offset is termed as the carrier-envelope phase (CEP)
of the pulse, which determines the instantaneous field strength
of the laser pulse. The CEP of the pulse has been widely used
in the study of ionization and dissociation dynamics of
molecules.12,23–26 CEP-controlled experiments allow steering
of the attosecond electronic wavepacket in molecules because
the CEP of the laser pulse controls the electric field with
attosecond precision. For example, Kling and co-workers
observed CEP-dependent asymmetry in the fragment (D+) ejec-
tion from the dissociative ionization of D2 exposed to a linearly
polarized pulse.12 The effect of the CEP is strongly dependent
on the peak intensity and pulse duration of the laser pulse and,
therefore, these parameters should be optimized to achieve a
high degree of control. Experiments performed on the neutral
H2 molecule and on the molecular ion H2

+ suggest that the first
ionization step of neutral H2 is highly dependent on the CEP,
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which, in turn, affects the localization of the remaining
electron.25 The orientation of the molecule is another impor-
tant parameter in the observation of CEP-dependent control of
the electronic wavepacket. In the linearly polarized laser pulse,
the most suitable condition that demonstrates a large CEP
dependency of the observable is when the H2 molecule is
parallel to the laser polarization axis, which induces the
1ss+

g - 2ps�u transition.24

The majority of the CEP-controlled experiments are per-
formed on the neutral hydrogen molecule, whereas theoretical
studies take H2

+ as the starting target. From the theoretical
perspective, the challenge in treating the neutral hydrogen
molecule is the first ionization step, which creates a H2

+

nuclear wavepacket with coherent superposition of vibrational
states in the 1ss+

g electronic state.25,27,28 Another intractable
problem in directly treating the neutral H2 molecule is the
electron correlation. Of course, to understand and simulate the
strong-field non-perturbative processes of the laser-induced H2

molecule, a full quantum mechanical treatment is needed.
When the H2 molecule is irradiated with a strong laser field,
both the ionization and dissociation processes occur simulta-
neously. In such a case, the potential of the molecule gets
highly perturbed, which results in the coupling of the electronic
and nuclear dynamics. Because of the coupling, the Born–
Oppenheimer approximation becomes invalid and, therefore,
coupled evolution of the electronic and nuclear wavepackets
becomes an absolute necessity. Progress has been made in
this direction, however, solving the full-dimensional time-
dependent Schrödinger equation for the H2 molecule is still
very expensive from the computational point of view. In the
past few years, classical methods have been widely used to
study and interpret the strong-field photo-induced dynamics of
atoms and molecules.29–35 Classical methods acquire several
advantages over quantum mechanical methods, because taking
electron correlation into account during the complete course of
the reaction is easier with classical methods than with quan-
tum mechanical methods. Additionally, solving the classical
coupled Hamilton’s equations of motion, which are ordinary
differential equations, for a large number of interacting parti-
cles is easier than solving the partial differential equations
found in the time-dependent Schrödinger equation. On the
other hand, the interpretation and calculation of observables
from the classical trajectories are more straightforward than
from the quantum dynamical ones. Moreover, in the classical
trajectories, different reaction channels can be easily identified
by the back analysis of individual trajectories, where the prob-
ability of a reaction channel can be calculated by comparing the
number of trajectories of a specific channel with the total
number of trajectories evolved. It is noteworthy that in the
classical methods, the individual trajectories are independent
of each other, which allows easy parallelization of the large
number of trajectories for many-particle systems.

Although there are some detailed experiments on the influ-
ence of an ultrashort elliptical laser pulse on the dynamics of
the H2 molecule,36,37 there are no detailed theoretical calcula-
tions on the molecule. A quasi-classical model based on the

Heisenberg’s model potentials has been employed to perform a
full-dimensional coupled electron–nuclear dynamics study of
the H2 molecule, where both the dissociation and ionization
processes are treated on an equal footing. Different dynamical
channels have been identified and the effect of molecular
orientation on their probability with respect to the laser polar-
ization plane has been elucidated. The effects of the CEP on the
dissociative ionization probability and on the two-dimensional
proton momentum distribution have been demonstrated.
Since the CEP dependence is based on the interference of
different quantum paths, we have addressed whether it is
possible to capture an interference effect within the quasi-
classical framework.

2 Theoretical model and simulation
details

A well-established quasi-classical model38,39 has been employed
to simulate the coupled electron–nuclear dynamics of the H2

molecule, where both the nuclei and the electrons are treated as
point particles. All the particles are allowed to move freely in a
three-dimensional phase space. Since the classical molecule is
dynamically unstable against auto-ionization and pre-dissociation,
additional momentum dependent auxiliary potentials are incorpo-
rated between the electrons and nuclei to stabilize the molecule.
The present quasi-classical model differs from the conventional
classical methods by the fact that, in the present model, the added
potentials depend on the momentum of the particles, whereas, in
other classical based methods, the potential energy of the system
depends on the position of the particle. The auxiliary potentials
were first introduced by Kirschbaum and Wilets40,41 and later,
further developments were carried out by Cohen.42 The model has
been used extensively to study laser-driven atomic and molecular
processes,38,43–47 as well as atom–ion collision processes.48

The field-free Hamiltonian of the H2 molecule in the quasi-
classical model is given by eqn (1) (atomic units are used
throughout unless stated otherwise):

H ¼ 1

2
ðp12 þ p2

2Þ þ 1

2m
ðpb2 þ pc

2Þ

� 1

rb1
� 1

rc1
� 1

rb2
� 1

rc2
þ 1

rbc
þ 1

r12

þ 1

mb1rb12
f ðrb1; pb1; xHÞ þ

1

mc1rc12
f ðrc1; pc1; xHÞ

þ 1

mb2rb22
f ðrb2; pb2; xHÞ þ

1

mc2rb22
f ðrc2; pc2; xHÞ

þ 1

mo1rbc2
f ðro1; po1; x1Þ þ

1

mo2rbc2
f ðro2; po2; x1Þ

þ 1

m12rbc2
f ðr12; p12; x2Þ þ

1

m12r122
f ðr12; p12; xpÞds1 ;s2 :

(1)

The labels b and c stand for the two protons, 1 and 2 stand
for the first and second electron, respectively, and the mid-point
between the two protons is represented by o. The positions and
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the canonical momenta of the particles are denoted by ri and pi,
respectively, where i is any one of b, c, 1 and 2. For any pair of b, c,
1 and 2, the relative distance is

rij = ri � rj, (2)

the relative momentum is

pij ¼
mipj �mjpi

mi þmj
; (3)

and the reduced mass is

mij ¼
mimj

mi þmj
; (4)

where m is the mass of the particle. The spins of the two
electrons are denoted by s1 and s2, respectively. The last eight
terms in the molecular Hamiltonian are the auxiliary model
potentials, which act between electrons and nuclei to prevent
the collapse of electrons to the nucleus, where

f ðr; p; xÞ ¼ x2

4a
exp a 1� rp

x

� �4
" #( )

: (5)

These model potentials simulate the Heisenberg uncertainty
principle and prevent electrons from visiting the quantum
mechanically forbidden classical phase space by imposing the
condition |r||p| 4 xH. The dimensionless constants a and x
represent the hardness of the Heisenberg core and the size of
the core, respectively. The parameters are chosen to be xH =
0.9428, x1 = 0.90, x2 = 1.73 and a = 4.49 The last term in the
Hamiltonian is the model potential, which acts between two
electrons of the same spin. In the present study, the H2

molecule is considered in the singlet ground state with the
two electrons having opposite spin and, consequently, the last
term of the molecular Hamiltonian vanishes. The total field-
free molecular Hamiltonian is minimized with respect to the
positions and momenta of all the particles by following the
downhill simplex method to obtain the correct ground state
configuration of the molecule.50 The minimization is performed
with various random guesses of the initial positions and
momenta to ensure the attainment of the global minima.

The dynamics of the system are performed by numerically
solving the coupled Hamilton’s equations of motion for all the
four particles

drn

dt
¼ @H

@pn
;

dpn

dt
¼ �@H

@rn
þ ZEðtÞ

dre

dt
¼ @H

@pe
;

dpe

dt
¼ �@H

@re
� EðtÞ

(6)

where the nuclear charge Z = 1, E(t) is the laser field, and n and
e stand for the nucleus and the electron, respectively. An
elliptically polarized pulse used in our study is given by

EðtÞ ¼ f ðtÞ 1

1þ e2
cosðotþ fÞẑþ e

1þ e2
sinðotþ fÞx̂

� �
(7)

where f ðtÞ ¼ E0 exp �
1

2

t

t

� �2� �
is the pulse envelope with 2

ffiffiffiffiffiffiffiffi
ln 2
p

t

FWHM pulse duration. A laser pulse of 750 nm wavelength,

4.5 fs FWHM pulse duration and ellipticity of e = 0.85 was
chosen in the present study. The carrier-envelope phase of the
pulse is denoted by f. The same pulse was used in a previous
experimental study.36

A field-free trajectory was evolved for a sufficiently long time
to ensure the stability of the molecule and was found to be
stable in the absence of the laser field. The time evolution of
the field-free energy of the molecule has been reported in our
previous article.43 Finally, an ensemble of B105 molecules was
generated and, thereafter, evolved in the presence of the laser
field. The detailed procedure for sampling the initial condi-
tions can be found elsewhere.43 Finally, the probabilities of the
different channels are calculated by

Pj ¼
nj

ntot
; (8)

where nj is the number of trajectories in a particular channel
with ntot being the total number of trajectories.

3 Results and discussion

Before moving to the results, it is important to point out the
applicability of the current quasi-classical model. The model
has been recently applied to study the double ionization of the
H2 molecule under the influence of an ultrashort elliptically
polarized laser pulse with the same laser parameters as used in
the current study.43 The simulated results were compared with
an experimental study.51 Suffice to say that the KER spectra of
the double ionization channel, correlated photoelectron energy
spectrum, position of the nuclear wavepacket, etc. were found
to be in reasonably good agreement with the experimental
measurements, which qualifies this model for its application
in the present study.

3.1 Identification of the dynamical channels

When an ultrashort intense laser pulse interacts with a mole-
cule, various dynamical channels open up, including dissocia-
tion and ionization. In the quasi-classical picture, the H2

molecule is considered as a four-particle system, where,
depending on such a four-particle picture, the following dyna-
mical channels of the molecule are initiated during the inter-
action with the laser pulse,

H2 þ n�ho! H2 ðsurvivalÞ

H2 þ n�ho! Hþ2 þ e� ðsingle ionizationÞ

H2 þ n�ho! HþHþ þ e� ðsingle dissociative ionizationÞ

H2 þ n�ho! Hþ þHþ þ 2e� ðdouble ionizationÞ:

The definition of the dynamical channels in the quasi-classical
model are given by:
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Survival: rbc o 9.5, e1 o 0, and e2 o 0

Single ionization:

rbc o 9:5; ðe1 4 0; and e2 o 0Þ

or

rbc o 9:5; ðe1 o 0; and e2 4 0Þ

8>>><
>>>:

Single dissociative ionization:

rbc 4 9:5; ðe1 4 0; and e2 o 0Þ

or

rbc 4 9:5; ðe1 o 0; and e2 4 0Þ

8>>><
>>>:

Double ionization: rbc 4 9.5, (e1 4 0, and e2 4 0)

where rbc, e1 and e2 are the internuclear distance, single particle
energy of electron-1 and single particle energy of electron-2,
respectively. The dissociation of the bond is considered if the
internuclear distance rbc becomes larger than 9.5 a.u., whereas
the ionization of an electron is identified if the single particle
energy ei of that electron becomes positive. The single particle
energy of the ith electron is given by:

ei ¼
pi
2

2
� 1

rbi
� 1

rci
þ
X
j¼b;c

1

mjirji2
f ðrji; pji; xHÞ

þ 1

moirbc2
f ðroi; poi; x1Þ þ

1

2

1

r12
þ 1

m12rbc2
f ðr12; p12; x2Þ

� �
:

(9)

Note that by tracking the time evolution of the internuclear
distance and the single particle energy of the electrons, the
trajectories corresponding to the specific reaction channels can
be identified.

Fig. 1 shows the characteristic trajectories for the survival,
single ionization, single dissociative ionization and double ioniza-
tion channels. In the survival channel, the internuclear distance is

oscillating about the equilibrium distance (1.4 a.u.) of the H2

molecule, which indicates that there is no dissociation (see
Fig. 1a). On the other hand, the negative values of the corres-
ponding single particle energy of both the electrons, as shown in
Fig. 1b, suggest that both the electrons are bound and, thus, no
ionization has occurred. Conversely, in the single ionization
channel, the internuclear distance, as depicted in Fig. 1c, oscil-
lates with a large amplitude, but does not reach the cut-off value
of dissociation (B9.5 a.u.), which clearly implies that the bond
still survives. From Fig. 1d, it is noticeable that the corresponding
single particle energy of one of the electrons (labeled 1) becomes
positive, representing the ionization of the electron, but the other
electron (labeled 2) is still bound to the molecule. It is also to be
noted that the single particle energy profile of the bound electron
(labeled 2) shows some fluctuation in between the time range of
B0–500 a.u., possibly because of the shake-up excitation, where
the ionization of the first electron leads to shaking up of the
second electron to an excited bound state. Collectively, the
trajectories in Fig. 1c and d dictate that one of the electrons in
the H2 molecule ionizes in the presence of the laser field, creating
a vibrationally excited H2

+ molecular ion. In the single dissociative
ionization channel, one of the electrons ionizes and the resulting
H2

+ molecular ion dissociates into H + H+. The trajectories shown
in Fig. 1e and f represent the dissociation and the ionization of
one electron, respectively. In the double ionization channel, both
the electrons get ionized in the presence of the laser field, which is
seemingly evident from Fig. 1h. Additionally, for this double
ionization channel, the resulting H2

2+ ion undergoes a Coulomb
explosion to form two protons, leading to the rapid increase of the
internuclear distance, as displayed in Fig. 1g.

3.2 Intensity and orientation effect on the dynamical
channels’ probabilities

First, we investigate the effect of the laser peak intensity on the
temporal evolution of different dynamical channels. Two different

Fig. 1 The characteristic trajectories of the molecule in the presence of the laser field for different dynamical channels. (a), (c), (e) and (g) denote the
internuclear distance of the molecule as a function of time for survival, single ionization, single dissociative ionization and double ionization channels,
respectively. (b), (d), (f) and (h) denote the single particle energy of both the electrons as a function of time for survival, single ionization, single dissociative
ionization and double ionization channels, respectively.
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orientations have been considered in our simulation. In the first
case, the laser polarization plane is parallel to the molecular
plane, and, in the other case, the laser polarization plane is
perpendicular to the molecular plane. Fig. 2 shows the temporal
evolution of the dynamical channels in the case of parallel
orientation. The probability values shown in Fig. 2 are for CEP =
01 and demonstrate how different channels initiate during the
interaction of the H2 molecule with the laser pulse. Firstly, the
single ionization channel starts, in which an electron gets ionized
by projecting the molecular wavepacket from the ground state of
H2 to the ground electronic state of H2

+. For the peak intensity of
I = 1.0� 1015 W cm�2, the ionization starts at B312 a.u., just after
the peak of the pulse, which is at B300 a.u. (see Fig. 2a). As the
peak intensity of the laser pulse increases (2.0� 1015 W cm�2), the
initiation of ionization shifts to an earlier time of B244 a.u.,
as expected (see Fig. 2b). The wavepacket associated with the
molecular ion may possibly follow three pathways: (i) it remains in
the potential well of H2

+; (ii) it propagates in time along the 1ss+
g

state of H2
+, where, at larger internuclear separation, it can

interfere with the first excited state 2ps�u of H2
+ and, as a result,

initiates the single dissociative ionization channel (H++ H + e�);
(iii) it absorbs more energy from the laser pulse and is excited to
the Coulomb repulsive curve to initiate the double ionization
channel (H++ H++ 2e�). At the lower peak intensity of the laser
pulse (1.0 � 1015 W cm�2), only two channels, namely, single
ionization and single dissociative ionization, exist at the end of

the simulation, with probabilities of 0.26 and 0.30, respectively.
As the peak intensity of the laser pulse increases (2.0 �
1015 W cm�2), the double ionization channel becomes a promi-
nent dynamical channel. Note that double ionization of the
molecule occurs by following the sequential double ionization
mechanism. Qualitatively, it can be identified by observing the
starting time of the single ionization (E244 a.u.) and double
ionization (E588 a.u.) channels. After the first ionization channel,
the second ionization channel starts with a delay of about 344 a.u.
(8.3 fs), which points towards the sequential double ionization
mechanism. Moreover, calculations have also been performed at
the laser peak intensity of 0.8� 1015 W cm�2 and the dissociation
and ionization probabilities are found to be negligibly small and,
therefore, not presented in the article.

Now, we turn to the perpendicular orientation, where the
molecular plane is perpendicular to the laser polarization
plane. Fig. 3 shows total probabilities for different dynamical
channels in the case of perpendicular orientation, where the
dissociation and ionization probabilities are highly enhanced.
Even at the laser peak intensity of 0.8 � 1015 W cm�2, the
double ionization channel is the dominant dynamical channel,
which is found to be negligibly small in the case of parallel
orientation. On increasing the laser peak intensity from
0.8 � 1015 to 1.0 � 1015 W cm�2, the final single dissociative
ionization probability does not change, but the double ioniza-
tion probability is increased by B10%. It may be noted that the

Fig. 2 Temporal evolution of dynamical channels when the laser polar-
ization plane is parallel to the molecular plane. (a) Peak intensity I = 1.0 �
1015 W cm�2, (b) I = 2.0 � 1015 W cm�2.

Fig. 3 Temporal evolution of dynamical channels when the laser polar-
ization plane is perpendicular to the molecular plane. (a) Peak intensity I =
0.8 � 1015 W cm�2, (b) I = 1.0 � 1015 W cm�2.
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average starting time of the single ionization channel is not
much affected by the laser peak intensity, but the time delay
between initiation of the single ionization and the double
ionization channels is highly influenced. To be specific, at
the laser peak intensity of 0.8 � 1015 W cm�2, the time delay
between the initiation of the two channels is 158 a.u. (E3.8 fs),
whereas at the intensity of 1.0 � 1015 W cm�2, it remains only
62 a.u. (E1.5 fs). This observation clearly indicates that,
upon further increasing the laser peak intensity, such a time
delay will gradually decrease and, thus, the ionization mecha-
nism will change from sequential to instantaneous. A careful
inspection of the channel probabilities for both parallel and
perpendicular orientations seemingly reveals that the molecule
responds more intensively in the case of the perpendicular
orientation compared to the parallel orientation. Specifically,
the ionization process is more sensitive to the orientation
compared to the dissociation.

3.3 The effect of carrier-envelope phase on single dissociative
ionization probability

Since the carrier-envelope phase (CEP) of a laser pulse controls
the instantaneous strength of the electric field under the pulse
envelope, it significantly affects the outcome of the photo-
induced process. Previous experimental and theoretical studies
were mainly focused on the CEP effect on the proton ejection
asymmetry for H2

+ or H2 targets. The majority of the studies
achieved a high degree of control over the asymmetry (B30%)

modulation, but a small degree of control is attained over the
total dissociation probability by altering the CEP of the linearly
polarized laser pulse.25 Here, we investigate the effect of the
CEP on the single dissociative ionization (H2 + nh�o - H + H+ +
e�) probability using an elliptically polarized pulse, where such
probabilities are calculated by the formula given in eqn (8).

Fig. 4 shows the CEP-dependent probability of the single
dissociative ionization channel at a laser peak intensity of
1 � 1015 W cm�2. In both the parallel and perpendicular
orientations, the dissociation probability shows a strong depen-
dence on the CEP of the elliptically polarized pulse. For the
parallel orientation (see Fig. 4a), a four-fold enhancement of
the dissociation probability is observed at the CEP values of
B01, 1801 and 3601 compared to that at CEP values of B901
and 2701. A similar CEP dependence on the dissociation prob-
ability has also been observed in a full quantum mechanical
calculation.52 To understand the physical mechanism asso-
ciated with the enhanced and suppressed dissociation prob-
ability at a specific range of CEP values, individual trajectories
have been analyzed at some specific CEP values. After careful
inspection of the trajectories, it has been found that the timing
of the first ionization step (H2 + nh�o - H2

+) is responsible for
the enhancement or suppression of the dissociation probabil-
ity. Interestingly, at the CEP values where the dissociation
probability is high, the ionization of H2 occurs significantly
earlier compared to the CEP values where the dissociation
probability is low. To validate this, the time evolution profiles

Fig. 4 (a) CEP-dependent single dissociative ionization channel probability in the case of parallel orientation. (b) The single particle energy of the ionized
electron for CEP = 301 and CEP = 901 for the parallel orientation. (c) and (d) Same as (a) and (b), but for the perpendicular orientation. The arrows in
(b) and (d) indicate the ionization time of the first ionization step. The peak intensity of the laser pulse is 1 � 1015 W cm�2.
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of the single particle energy for the first ionized electron at the
CEP values of 301 and 901, one from the range where the
dissociation probability is maximum (CEP = 301) and the other
from the range where the dissociation probability is minimum
(CEP = 901), are shown in Fig. 4b. For CEP = 301, the first
ionization step starts 2.66 fs earlier compared to the CEP = 901
case. Moreover, the final energy of the ionized electron is
higher for the CEP value of 301, which suggests that the
molecular system is comparatively more perturbed at CEP =
301 than at 901 and, as a consequence, the dissociation
probability is found to be enhanced at CEP = 301. It is also
noteworthy that the single particle energy of the ionized elec-
tron at CEP = 901 shows more fluctuations than that at CEP =
301. It is known that the CEP of the laser pulse determines the
shape of the electric field under the pulse envelope and thereby
determines the instantaneous field strength of the pulse at the
time of the N-photon transition from the ground state to the
excited state. When the CEP of the laser pulse is 901, the field
strength along the molecular axis is smaller than that at CEP =
301. Therefore, at CEP = 901, the electron feels a lesser force
from the laser pulse and does not ionize instantly, and this
change in perturbation possibly leads to more fluctuations in
the energy profile.

Interestingly, the CEP dependence on the dissociation prob-
ability gets reversed when the molecular plane is perpendicular
to the laser polarization plane (see Fig. 4c). More precisely, for
the perpendicular orientation at the CEP values of 901 and 2701,
the dissociation probability is enhanced, whereas, in the parallel
orientation, a suppressed dissociation probability is obtained at
the same values of CEPs. On a similar note, a reverse trend is also
observed around the CEP values of B01, 1801 and 3601 for the
perpendicular orientation compared to the parallel orientation.
Similar to the parallel orientation case, for the CEP values
corresponding to higher dissociation probabilities, the first ioni-
zation starts earlier than it does for the CEP values associated with
low dissociation probabilities. For instance, at the CEP value of
B901 for which the dissociation probability is high, the ionization
of H2 occurs B54 a.u. (1.31 fs) earlier than for the CEP value of
B1351, where the dissociation probability is low (see Fig. 4d). The
results shown in Fig. 4 indicate that the CEP, as well as the
orientation of the molecular plane with respect to the polarization
plane, are both major controlling parameters for the dissociation
probability of the H2 molecule in a few-cycle elliptically polarized
laser pulse.

3.4 Proton kinetic energy release spectra in the single
dissociative ionization channel

Quantum mechanically, in the single dissociative ionization
channel, the H2 molecule gets ionized under the influence of
the laser field and launches the H2

+ wavepacket in the 1ss+
g

state. Thereafter, the H2
+ wavepacket propagates in time

towards larger internuclear distances. At later times, the H2
+

molecular ion dissociates due to the coupling between the 1ss+
g

state and the repulsive 2ps+
u state, and produces H + H+

fragments. The kinetic energy of the produced proton is a
readily measured quantity in the strong-field experiments and

was used to investigate the dissociation mechanism of the H2
+

molecular ion. We have calculated the proton kinetic energy in
the single dissociative ionization channel to study the effects of
molecular orientation and the CEP of the laser pulse. Fig. 5
shows the CEP-averaged proton kinetic energy spectra in the
single dissociative ionization channel. In both the parallel and
perpendicular orientation of the H2 molecule with respect to
the polarization plane of the laser pulse, the proton kinetic
energy spectra exhibit a double-peak structure, as shown in
Fig. 5a and b, respectively. Indeed, the classically simulated
proton kinetic energy spectra are in agreement with previous
experimental studies.12,53 The double-peak structure of the
proton kinetic energy spectra suggests that two different
mechanisms are involved in the generation of the protons after
the dissociation of H2

+. The lower energy peak in both
the parallel and perpendicular orientation cases is due to the
well-known bond-softening (BS) mechanism of dissociation,
whereas the broad peak at higher energy arises due to the
above-threshold dissociation (ATD) mechanism. As discussed
earlier, the molecules’ response to the laser pulse is more
intense when the molecular plane is perpendicular to the
polarization plane of the laser pulse, which is also reflected
in the ATD peak of the proton kinetic energy spectrum in
Fig. 5b. Specifically, in the parallel orientation, the proton
kinetic energy spectrum has one ATD peak at B0.5 eV, whereas,
in the case of perpendicular orientation, a broad shoulder
(B2.0 eV) is also present along with the main ATD peak. The
higher energy peaks mainly emerge due to either a re-collision-
induced contribution or the higher-order ATD. Note that in the
elliptically polarized laser pulses, the re-collision process is
highly suppressed. In any case, we have analyzed the individual
trajectories in the proton energy range of B2.0 eV and, as
expected, no trajectory is found to support the re-collision
mechanism. Therefore, the shoulder in Fig. 5b is quite possibly
originating because of the higher-order ATD.

Next, we investigated the influence of the CEP of the laser
pulse on the proton kinetic energy spectra. In the parallel
orientation, the proton kinetic energy spectra are calculated
for the CEP values of 301 and 901, as shown in Fig. 5c and d,
respectively. For these values of CEPs, the proton kinetic energy
spectra do not depict the double-peak structure. At the CEP
value of 301, where the dissociation probability is maximum
(see Fig. 4a), only one peak appears at the lower energy value of
B0.2 eV, which suggests that the dissociation of the created
H2

+ occurs through the BS mechanism, but not through the
ATD mechanism. However, for the CEP value of 901, from the
region of minimum dissociation probability, a single broad
peak is observed at B0.5 eV, suggesting that the ATD mecha-
nism is responsible for the dissociation process. The results
displayed in Fig. 5c and d dictate that the mechanism of the
dissociation can be controlled by varying the CEP of the laser
pulse. In the case where the molecule is perpendicular to the
laser polarization plane, the control of the dissociation mecha-
nism is not very precise. However, in contrast to the parallel
orientation, it is clearly noticeable that the double-peak struc-
ture of the proton kinetic energy spectra persists at these values
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of the CEPs, as shown in Fig. 5e and f, which validates the
contribution from both the mechanisms (BS and ATD) towards
the single dissociative ionization of H2. The proton energy
spectra after CEP averaging and for fixed CEP suggest that
the dissociation of H2

+ after the ionization of H2 can be more
precisely controlled for the parallel orientation compared to the
perpendicular orientation of the molecule.

It is to be noted that, in the present study, we have focused
on the proton kinetic energy release spectra of the single
dissociative ionization channel. However, it is worth pointing
out that, in our previous study,43 we reported the proton kinetic
energy release spectra of the double ionization channel and
compared them to the experimental measurements.54 A very
good agreement was obtained in contrast to other previous
studies, where some disagreements were observed between
theoretical and experimental results.6,13,27,28

3.5 Effect of CEP on the proton momentum distribution

Inspired by the fact that more precise control of the dissociative
ionization process is obtained for the parallel orientation (see
Fig. 4 and 5), we have scrutinized the effect of the CEP on the
proton momentum distribution with such a parallel orientation
of the laser pulse. Indeed, by observing the proton momentum
distribution for certain values of CEPs, the effect of the CEP
on the directional bond-breaking in the molecule can be
understood. For the single dissociative ionization channel,

the CEP-averaged proton momentum distribution in the polari-
zation plane is shown in Fig. 6a. It may be noted that, initially,
in the polarization plane, the H2 molecule is taken to be
randomly oriented with respect to the major axis of the polar-
ization ellipse. Moreover, the proton momentum distribution
encodes the instantaneous orientation of the molecule in the
polarization plane. The two maxima along the z-axis in Fig. 6a
indicate that the majority of the molecules are along the major
axis (z-axis) of the polarization ellipse at the time of dissocia-
tion (H2

+ - H + H+). When the CEP of the laser pulse is not
stabilized, the proton has a nearly equal probability to be
ejected in both the up (pH+, z 4 0) and down (pH+, z o 0)
directions. For the investigation of the CEP effect on the
directional bond-breaking, the proton momentum distribution
is calculated at the CEP values of 01 and 1801, as shown in
Fig. 6b and c, respectively. At the CEP value of 01, the protons
have a greater tendency to be ejected in the up direction with
positive momentum along the major axis of the polarization
ellipse. Conversely, if the CEP of the laser pulse changes by
1801, the protons tend to be dislodged in the opposite direction
with negative momentum. To the best of our knowledge,
our results are probably the first theoretical demonstration of
CEP-dependent two-dimensional proton anisotropy. However,
from the experimental point of view, the first two-dimensional
proton anisotropy control by the CEP of the laser pulse
was recently achieved by Kangaparambil and co-workers.36

Fig. 5 CEP-averaged proton kinetic energy spectra in the single dissociative ionization channel for (a) the parallel orientation and (b) the perpendicular
orientation. (c) and (d) Proton kinetic energy release spectra for CEP = 301 and CEP = 901, respectively, in the parallel orientation case. (e) and (f) Proton
kinetic energy release spectra for CEP = 901 and CEP = 1351, respectively, in the perpendicular orientation case. The peak intensity of the laser pulse
is 1 � 1015 W cm�2.
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Controlling the proton ejection direction is directly related to
the controlling of the electronic motion within the H2

+ mole-
cule formed subsequently after the first ionization of H2. After
the first ionization step of H2, the remaining electron oscillates
between the two nuclei under the influence of the laser field,
where such oscillations of the electron are greatly affected by
the laser electric field under the pulse envelope. As the inter-
nuclear separation increases, the electron gets localized on one
of the nuclei because of the high intra-molecular potential
barrier. The rapid directional motion of the remaining electron
is controlled by the CEP of the laser pulse. At CEP = 01, the
proton is ejected in the up direction (pH+, z 4 0), which
essentially implies that the electron is localized on the other
H nucleus being ejected in the down direction (pH+, z o 0). The
choice of nucleus for the electron to localize on gets reversed
when the CEP of the pulse changes to 1801. Trajectories to
support the mechanism for the CEP control of electron locali-
zation and reversal of proton ejection direction are presented in
Fig. 7. These trajectories show the evolution of both the
nuclei and the electron, after the first ionization of the H2

molecule. Initially, both the nuclei are at the equilibrium
distance (1.4 a.u.), whereas at the maxima of the laser pulse
(E300 a.u.), the internuclear distance rapidly increases and
eventually the molecule breaks. The electronic motion is shown
by the green curves in Fig. 7a and b for CEP = 01 and 1801,

respectively. In the quantum mechanical picture, this localiza-
tion control of the electron in the molecule could be under-
stood in terms of the superposition of the 1ss+

g and 2ps�u states,
which are formed via the population transfer in the presence of
the laser field. Because of this superposition, the parity of the
electronic wavefunction breaks, which essentially guides the
electron to localize on either the up or down nucleus.

In order to illustrate the effect of the CEP of an elliptically
polarized pulse on the proton ejection direction, we define an
asymmetry parameter

AðCEP; bÞ ¼ NupðCEP; bÞ �NdownðCEP; bþ 180Þ
NupðCEP; bÞ þNdownðCEP; bþ 180Þ (10)

where b is the angle of the ejected proton with respect to the
z-axis, which happens to be the major axis of the polarization
ellipse. In the calculation of asymmetry parameter, the value of
b is considered to be �101 with respect to the z-axis. The
number of ejected protons in the upward direction and down-
ward direction with positive (PH+, z 4 0) and negative momenta
(PH+, z o 0) are denoted by Nup and Ndown, respectively. Since
the laser pulse used in our study is an ultrashort few-cycle
pulse, which has a broad spectrum of photon energies, many
photon-number-resolved pathways can contribute to each final
proton energy. Therefore, while calculating the asymmetry para-
meter, we integrate over all those proton energies. The asymmetry

Fig. 6 (a) Proton momentum distribution, integrated over the CEP, in the laser polarization plane for the single dissociative ionization channel. (b) Proton
momentum distribution in the single dissociative ionization channel for CEP = 01. (c) Proton momentum distribution in the single dissociative ionization
channel for CEP = 1801. The peak intensity of the laser pulse is 1 � 1015 W cm�2.

Fig. 7 Trajectories showing the temporal evolution of the positions of both the nuclei and the electron in the presence of the laser field for (a) CEP = 01,
(b) CEP = 1801. The peak intensity of the laser pulse is 1 � 1015 W cm�2.
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profile is shown in Fig. 8, where, for the sake of visualization, the
asymmetries originally calculated from 0 to 3601 are duplicated
further for CEP values up to 7201 by simply taking mirror image.
A clear CEP dependence is observed in the proton ejection
asymmetry profile, which shows a 2p modulation over the CEP
and is consistent with the previously reported experimental
observations.12,25,26,36 According to the general theory of CEP
effects, the asymmetry arises because of the interference of two
dissociation pathways associated with n and n + 1 number of net
absorbed photons, which leads to states with opposite parity.55

A clear 2p periodicity in the asymmetry, calculated by the present
classical method, suggests that this model can capture the sub-
cycle dynamics of the system.

4 Conclusions

We have investigated the CEP effect and the orientation effect
on the dissociative ionization of the H2 molecule exposed to an
elliptically polarized few-cycle laser pulse. For the parallel
orientation, more precise control is achieved in terms of the
dissociative ionization probability with an almost four-fold
enhancement at some specific CEPs. The dissociative ioniza-
tion probability oscillates with p periodicity over the CEP of the
laser pulse, which is in accordance with the experiments
performed with linearly polarized pulses. At the specific CEP
values having prominent CEP dependence, the single dissocia-
tive ionization process is also found to be strongly correlated
with the first ionization step (H2 + nh�o - H2

+ + e�). The single
dissociative ionization occurs via the BS and ATD mechanisms,
as indicated by the double-peak structure of the CEP-averaged
proton kinetic energy spectra, which is in agreement with
the experimental observation.12 A strong CEP dependence is
observed in the proton ejection direction, which is flipped
when changing the CEP of the laser pulse by 1801. This could
possibly be the first theoretical observation on 2D-control of the

proton anisotropy by the CEP of the laser pulse and is in
agreement with a recent experimental study.36 The oscillations in
the total single dissociative ionization probability (p periodicity),
as well as in the proton ejection asymmetry (2p periodicity),
indicate that the Heisenberg’s model potentials can capture
the interference effects. Furthermore, the control of directional
bond-breaking via regulating the electronic motion can be
achieved in elliptical polarized pulses. Predictions made in our
study, especially for the orientation-dependent CEP effect on
the reaction probabilities of various channels, could be tested
in future experiments. Moreover, the simulated proton kinetic
energy release spectra for the dissociative ionization channel and
their dependence on the CEP could also be another testing point
for future experiments, which might essentially reveal some more
physical insights into the identification of dissociation, as well as
the ionization mechanism. Indeed, our theoretical investigation
enhances the understanding and applicability of the presently
employed classical model in the simulation and, at the same
time, enables us to ‘‘accurately’’ predict the strong-field pheno-
menon in molecules. Although, in the present study, the quasi-
classical method based on the Heisenberg’s model potentials is
applied to a 2e�molecular system, this model, in the near future,
could further be extended to other multi-electron atoms and
molecules by incorporating a greater number of Heisenberg’s
model potentials with suitable parameters.
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