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Abstract
Cells sense mechanical signals within the extracellular matrix, the most familiar being stiffness, but ma-

trix stiffness cannot be simply described by a single value. Randomness in matrix structure causes stiffness
at the scale of a cell to vary by more than an order of magnitude. Additionally, the extracellular matrix con-
tains ducts, blood vessels, and, in cancer or fibrosis, regions with abnormally high stiffness. These different
features could alter the stiffness sensed by a cell, but it is unclear whether the change in stiffness is large
enough to overcome the noise caused by heterogeneity due to the random fibrous structure. Here we used
a combination of experiments and modeling to determine the extent to which matrix heterogeneity disrupts
the potential for cell sensing of a locally stiff feature in the matrix. Results showed that, at the scale of
a single cell, spatial heterogeneity in local stiffness was larger than the increase in stiffness due to a stiff
feature. The heterogeneity was reduced only for large length scales compared to the fiber length. Experi-
ments verified this conclusion, showing spheroids of cells, which were large compared to the average fiber
length, spreading preferentially toward stiff inclusions. Hence, the propagation of mechanical cues through
the matrix depends on length scale, with single cells able to sense only the stiffness of the nearby fibers and
multicellular structures, such as tumors, also sensing the stiffness of distant matrix features.

Introduction
Mechanical cues from the extracellular matrix (ECM), including stiffness and forces propagating through

it, affect cell functions ranging from migration to contraction to gene expression.1–4 A fundamental chal-
lenge in relating mechanics to cell function is that the ECM is mechanically heterogeneous. Even relatively
simple gels made of collagen or fibrin exhibit spatial variability in local stiffness ranging from factors of∼3
to more than an order of magnitude depending on the size of the stiffness probe relative to the length of the
fibers.5–9 When cells are added to such fibrous gels, the heterogeneities are amplified, with stiffness varying
by more than two orders of magnitude.10,11

Real tissues are structurally more complex than gels of collagen, with ducts and vessels present. Dis-
eased tissues may also contain features of abnormally high stiffness, such as fibrotic scars, stiff arterial walls,
and tumors. These structural features cause mechanical heterogeneities. Indeed, indentation by atomic force
microscopy on real tissues has shown stiffness to vary by up to two orders of magnitude, with the greater
variation in fibrotic tissues compared to benign.12–16 These studies have given important information about
the range of stiffness in a cell’s microenvironment. Complete understanding of the relationships between
structural features and stiffness is lacking, however, because mechanical cues propagate over space. In fi-
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brous materials, locally-applied displacements propagate over a large distance due to nonlinearity caused
by the fibrous structure.17–20 Under some conditions, the long range displacement propagation enables cells
to sense and respond to stiff features located several cell lengths away.21,22 The distance of cell sensing
depends strongly on the fiber structure near to the cells. For example, aligned bands of fibers form between
cells or multicellular spheroids at distances greater than an order of magnitude larger than the size of the
cell or spheroid.18,23–25 These aligned fiber bands have been the topic of much recent research showing that
they result from an instability caused fiber buckling18,26,27 with additional contributions from plastic de-
formation.28,29 Less is known, however, about how mechanical cues propagate through nominally isotropic
fibrous materials that lack aligned fiber bands. The few prior studies on this topic have established that prop-
agation of forces and displacements through a fibrous matrix is highly heterogeneous.30,31 The question of
the mechanics of nominally isotropic matrices is important, because fibers in the ECM have random orien-
tation in benign tissue and even in early stages of disease.15,32–34 Hence, the prior research on aligned fiber
bands may be informative for late stages of disease but not necessarily for maintenance of benign tissue.

Here we studied how mechanical cues propagate through a matrix of fibers with random orientation.
The cues we investigated were stiff inclusions in the matrix, which provide a first step toward mimicking
real tissue structures like ducts, blood vessels, or tumors. Our study began with experiments that quantified
how displacement fields caused by a contracting particle were altered by a stiff inclusion. The experimental
data were used to verify that a fiber network model captured the same trends. We then used the model to
predict the stiffness that would be sensed by contracting in the fiber network at different distances from
the stiff inclusion. Model results informed experiments with cell spheroids embedded in collagen matrices
that demonstrated spheroid spreading due to migrating cells was affected by the presence of a nearby stiff
inclusion.

Methods
Sample Preparation and Imaging of Mouse ECM

Mice were maintained and bred under the oversight and ethical approval of the University of Wiscon-
sin Animal Use and Care Committee (approved protocol number M005840-R01A01). Mixed background
FVB/B6 mice expressing the MMTV-PyMT transgene were raised for 8-10 weeks until a palpable mass
was detected. Tumors and glands were then harvested and imaged ex vivo. Briefly, the glands or tumors
were excised, washed with phosphate buffered saline (PBS), and placed on a glass bottom dish to be im-
aged immediately after harvest. To obtain a transverse view of collagen organization, glands were cross
sectioned with a vibratome to obtain 300 µm thick sections. The tumors or sections were then imaged with
a Bruker Ultima Multiphoton Microscope equipped with PrairieView 5.4 software, a Zeiss 20× water im-
mersion numerical aperture 1.0 objective and Hamamatsu R3788 multi-alkali photomultipliers. A Coherent
Chameleon Ti-Sapphire laser was tuned to 890 nm to simultaneously acquire both second harmonic gen-
eration (450/40) and flavin adenine dinucleotide autofluorescence (585/65) or tuned to 780 nm to collect
nicotinamide adenine dinucleotide autofluorescence (450/40).
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Experiments with Contracting Particles and Stiff Inclusions

Preparation of Collagen Matrices

Particles of poly(N-isopropylacrylamide) (PNIPAAm) of radius ∼70 µm were made as described in our
prior work.20 These particles contract when heated allowing us to apply controlled displacements at the
microscale mimicking cell-induced displacements. In a prior study, we verified that temperature change
did not affect the collagen matrix.20 To induce displacements in matrices of fibrous collagen, PNIPAAm
particles were covalently attached to collagen fibers. Briefly, the PNIPAAm particles were treated with
sulfo-SANPAH (1 mg/mL final concentration, Proteochem) and exposed to ultraviolet light for 10 min. After
exposure, the treated particles were washed with 0.05 M HEPES and 1× PBS. The particles were then mixed
with Alexa-488 labeled, neutralized rat tail collagen I (Corning, Inc.), with a final collagen concentration of
2 mg/mL as previously described.20 Stiff rectangular inclusions made of poly(dimethylsiloxane) (PDMS)
were included in the collagen gels. To functionalize the PDMS rectangles for collagen bonding, they were
incubated in 1% poly(ethyleneimine) (Sigma) for 1 hr and then transferred to 0.1% gluteraldehyde (Sigma)
for 30 minutes. The treated PDMS rectangles were then washed 4-5 times with PBS and placed on the
bottom of a 20 mm glass bottom dish. The neutralized solution of collagen and PNIPAAm was then added
to the PDMS rectangles and allowed to polymerize at 25◦C for 1 hr prior to imaging. 1 mL of PBS was
added to the polymerized gels prior to imaging to prevent dehydration. In this manuscript we refer to the
collagen fiber length, which we define to be the distance between nodes that connect multiple fiber branches.
Following our previous study that measured fiber length in collagen matrices polymerized under similar
conditions,31 the fiber length l f was estimated to be ≈ 35 µm, which gave a ratio of PNIPAAm particle
radius to fiber length of R/l f ≈ 2.

Microscopy and Image Correlation

Imaging of PNIPAAm particles relative to stiff inclusions was performed using a Bruker Ultima Multi-
photon Microscope equipped with a Coherent Chameleon Ti-Sapphire laser and Hamamatsu R3788 multi-
alkali photomultipliers. To visualize the Alexa-488 collagen fibers, the laser was tuned to 890 nm and
collected with a 20× numerical aperture 0.45 objective (Nikon) using a 520/40 nm filter cube. The PNI-
PAAm microspheres were contracted by elevating the temperature of the system using an OkoLab stage top
incubator while imaging. After elevating the temperature to induce displacements, collagen gels with their
embedded particles were allowed to equilibrate for approximately 10 min before image acquisition.

As in our prior work,20,31 displacement fields were computed with Fast Iterative Digital Image Correla-
tion,35 using a subset size of 48×48 pix and a subset spacing of 12 pix (14 µm). The center of each particle
was identified, and the radial component of displacement ur was fit to the function ur = Ar−n to determine
the displacement decay rate n, which quantifies how quickly displacements decay over space.18,20,36 The
decay rate n was determined along different radial paths in directions away from and towards the stiff in-
clusion. 95% confidence intervals of the ratio of n away from and towards the inclusion were computed by
bootstrap analysis in Matlab using 104 bootstrap samples.
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Fiber Network Modeling

Fiber Network Generation

Fiber networks were generated on computer using methods designed to match the structure of real
collagen matrices.36–38 Prior studies have demonstrated that this algorithm creates fiber networks with me-
chanical properties that match experimental data37,38 and that mechanical heterogeneity in these networks
is largely similar to heterogeneity in networks produced using other network generation algorithms.31 In
brief, the algorithm randomly placed nodes within a two-dimensional domain until a desired nodal density
(nodes per unit area) was reached. Each node was assigned a connectivity, defined as the number of fibers
meeting at that node. Consistent with experimental observations,37,38 the average connectivity was chosen
to be 3.4. Fibers were then connected to nodes until 98% of the nodes had the correct connectivity. Next,
nodes were moved and fibers connecting nodes were swapped until the network had a desired distribution of
fiber lengths. Lastly, nodes were moved once again to change the angles of fibers to match those observed
experimentally in images of collagen matrices.36 The average fiber length l f was used as the length scale in
the simulations. Fiber networks were generated at two different densities, where density was defined as the
average number of fibers per square area of size l2

f . Five different fiber networks were generated with a fiber
density of 7.5 l−2

f , which was chosen based on the network density that gave the best qualitative match in
displacement fields between experiments and model. To evaluate the effect of fiber density, five more fiber
networks were generated with a higher density of 15 l−2

f . Unless otherwise stated, results shown correspond
to networks of the lower fiber density, 7.5 l−2

f . Note that our fiber network generation algorithm produces
locations where fibers cross without connecting, which is consistent with images of real networks made of
collagen fibers,31,39 and explains why fiber densities can be significantly larger than unity.

Fiber Mechanical Properties

Each fiber within the network was modeled as a 2-node linear Timoshenko beam with axial, bending
and shear stiffness, ka, kb, and ks, respectively. The ratio κ = kb/ka defines the dimensionless ratio of
bending to axial stiffness. The order of magnitude of κ can be determined by assuming the fibers to be
homogeneous rods with circular cross section, in which case κ is proportional to the volume fraction of
the fiber network.40–42 Based on this scaling, κ has a value in the range of 10−4–10−3, which gives a good
match between data from experiments and fiber network models.40–42 Next, the ratio κs = ks/ka = G f /E f

defines the dimensionless ratio of shear to axial stiffness, where G f and E f are the fiber’s shear and Young’s
moduli. All simulations used κ = 10−3 and κs = 0.5.

Boundary Conditions and Finite Element Solver

Two different boundary conditions were used, a contracting circle and a contracting dipole. For the
contracting circle, fiber networks were cropped into an annulus. The inner radius was R, initially chosen
such that the ratio R/l f equaled 2, which matched the experiments with PNIPAAm particles as stated above.
Where stated in the text, a larger value of R/l f of 10 was chosen to investigate effects of changing R/l f .
Nodes inside the annulus were filled with triangular 3-node continuum elements that underwent isotropic
thermal contraction. Young’s modulus of the contracting circle was chosen such that circle’s actual strain
was approximately half the thermal strain. The outer radius of the fiber network was 20R, making the re-
sults minimally affected by the outer boundary.36 Lastly, a rectangular region having fixed nodes was added
to represent a stiff inclusion in the fiber network. The stiff inclusion was located at various dimension-
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less distances d/R from the contracting circle ranging from 0.1 to 4. The stiff inclusion had a height of
20R and extended outward from the contracting circle to the boundary of the fiber network. Additionally,
some simulations were run with no stiff inclusion, to study mechanics of the nominally homogeneous fiber
network.

For contracting dipoles, a circular fiber network was used. The dipole was modeled as a 2-node truss
element of size 2R that underwent thermal contraction. The stiffness of the dipole truss element was 6
orders of magnitude greater than the axial stiffness of the fibers, which ensured that the thermal strain of the
dipole was equal to its actual strain. The radius of the fiber network was 20R to match the simulations with
contracting circles. Lastly, a stiff inclusion was modeled by fixing nodes a distance d/R away from the dipole
as described for the simulations with contracting circles. Simulations were performed with dipoles oriented
both parallel and perpendicular to the stiff inclusion. Upon completion of the simulation, the internal force
in the dipole was extracted and made dimensionless by dividing by l2

f E f ; the dipole displacement was
made dimensionless by dividing by initial length. The ratio of dimensionless force and displacement gave a
dimensionless stiffness sensed by the dipole.

The finite element software Abaqus 6.16 was used to solve the model. As large displacements were
produced, the implicit dynamic quasistatic solver was used.

Relationship between Circle Contraction and Local Modulus

In the fiber network model, the radial strain of the contracting circle, together with its modulus and
thermal strain, can be used to determine the apparent modulus at the location of the contracting circle. In
a prior study,8 we used a nonlinear constitutive model for fibrous materials43 to derive the relationship in
three dimensions. Here, we derive the relationship in two dimensions, to match the fiber network model. The
constitutive model we use has three elastic constants, two moduli as in linear elasticity and a compression
weakening factor ρ defined as the ratio of stiffness in compression and tension, 0 ≤ ρ ≤ 1. From Eq. 3.11
of ref.43, radial displacements uM

r and stresses σM
rr caused by a contracting circle of radius R in an infinite,

two-dimensional matrix under conditions of plane strain are given by

uM
r =−εR

(
R
r

)√ρ

(1)

and

σ
M
rr =

u0

R

√
ρ(α2−β 2)

α +β
√

ρ

(
R
r

)√ρ+1

, (2)

where r is the radial position, ε is the magnitude of contractile strain of the circle, and α and β are elastic
constants, α = EM(1−νM)/[(1+νM)(1− 2νM)] and β = EMνM/[(1+νM)(1− 2νM)], with EM and νM

being Young’s modulus and Poisson’s ratio of the matrix.

We relate Eqs. 1 & 2, which apply for the matrix, to the radial displacement and stress of the contracting
circle, uC

r and σC
rr. In the model, the circle undergoes a thermal strain εT , so the total strain is given by ε =

εM +εT , with εM being the mechanical strain. We note that both the thermal strain and the mechanical strain
inside the contracting circle are constant. The radial displacement of the contracting circle is determined
from the total strain ε according to

uC
r = εr (3)
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As the contracting circle in the fiber network model is linearly elastic, the radial stress is related to the
mechanical strain using equations of linear elasticity in plane strain,

σ
C
rr = 2

(
λ

C +µ
C)

εM, (4)

where λC and µC are Lamé and shear moduli of the contracting circle. Lastly, using εM = ε− εT , we have

σ
C
rr = 2

(
λ

C +µ
C)(ε− εT ) . (5)

Applying the two boundary conditions uM
r (r = R) = uC

r (r = R) and σM
rr (r = R) = σC

rr(r = R) and simplifying
gives

EM =
1

g(ν ,ρ)

(
λ

C +µ
C)(εT

ε
−1

)
, (6)

where g(ν ,ρ) is given by

g(ν ,ρ) =
1
2

√
ρ

1+(1+νM)
[
(1+
√

ρ)νM−2νM
] . (7)

Importantly, Eq. 6 allows for the calculation of the Young’s modulus of the matrix EM from the actual strain
and thermal strain of the circle, ε and εT , respectively. As we do not know the precise values of of νM and
ρM, we report the apparent modulus of the matrix as the product EMg(ν ,ρ).

Experiments with Cells and Stiff Inclusions

Cell Culture and Matrix Preparation

Experiments were conducted using the migratory human breast cancer cell line MDA-MB-231. The cells
were maintained in Dulbecco’s modified Eagle’s medium (Corning) with 10% fetal bovine serum (Corning)
in an incubator at 37◦C and 5% CO2. Cell spheroids were formed using a 3D Petri dish mold (MicroTissues,
Inc.) to have an average radius of 300 µm, which was the largest size that could be produced. Stiff inclu-
sions were either 3.5 mm diameter poly(methyl methacrylate) (PMMA) spheres or poly(dimethylsiloxane)
(PDMS) rectangles of 9 mm length, 2 mm width, and 1 mm height. Both PMMA and PDMS were sev-
eral orders of magnitude stiffer than cells and collagen matrix. The PDMS rectangles were treated using
poly(ethyleneimine) and glutaraldehyde, to make them adhere covalently to collagen fibers. The PMMA
spheres adhered covalently to collagen fibers with no treatment required. A thick (≈ 2 mm) gel of rat tail
collagen I (Corning) with final concentration 3 mg/mL was polymerized at 32◦C at the bottom of a glass bot-
tom dish. The glass bottom dish was previously treated with glutaraldehyde so that the collagen gel would
adhere to it. A cell spheroid and a stiff inclusion were placed on the gel separated by distances ranging from
0.5–3 mm. Then, a second 3 mg/mL collagen layer was polymerized at the same temperature on top of the
first with one. The overall thickness of the two-layered gel was 4–6 mm. Cell medium was then added to
the dish. Following our previous studies that measured fiber length in collagen matrices,31 we estimated
the average fiber length in these collagen gels to be l f ≈ 8 µm, giving a ratio of cell spheroid radius to fiber
length of R/l f ≈ 40.
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Microscopy and Image Analysis

Once the gels were polymerized, images were collected using a Ti-E microscope and a 10× numerical
aperture 0.25 air objective in phase contrast mode running Elements Ar software (all Nikon). A 16×16 grid
of images was collected and stitched together using Elements Ar software. After image collection, the gels
were maintained in a cell culture incubator for 96 hours. The cell culture medium was replaced 36 hr after
gel polymerization. At 96 hr after polymerization, images of the whole dish area were again collected on
the microscope.

The images were analyzed using ImageJ and Adobe Illustrator to measure areas of spheroid spreading
toward and away from the stiff inclusion due to cell migration. Starting with an image collected immediately
after polymerizing the gel, a line was drawn from the spheroid centroid to the nearest point of the stiff
inclusion, and its distance was measured. The same line was extended to the outer edge of the collagen
gel and its distance was measured to identify the position of the spheroid centroid at time 0. A second line
was drawn perpendicular to the first and passing through the centroid of the spheroid. This second line was
then drawn on the image collected at the 96 hr time point, and it divided the cell spheroid into two. The
distance between the spheroid centroid and the outer edge of the collagen gel remained constant, verifying
that the gel did not expand or contract in the in-plane direction. Areas of spheroid spreading toward and
away from the stiff inclusion were measured, and the ratio was computed. A ratio equal to one indicates
no preference of cells migrating toward or away from the stiff inclusion, whereas a ratio larger than one
indicates preferential migration toward the stiff inclusion.

Results and Discussion
To motivate our study, we began by imaging the complex structure of the ECM from real tissues. Fig.

1a shows an image of collagen fibers surrounding a duct in a murine mammary gland. The fibers have nom-
inally isotropic orientation with no clear direction of alignment. Fig. 1b and c show cancer cells, collagen
fibers, and stromal/immune cells in the early stages of a murine model of breast cancer. These images show
matrices of varying fiber density embedded with tumors, which are stiffer than the surrounding tissue.13,15,44

The matrices surrounding the tumors were nominally isotropic, with no distinct fiber alignment, which is
typical of benign tissue and early stages in cancer.15,32–34 Stromal cells (magenta) were located near to each
large rigid tumor mass (cyan) and were physically connected to it through attached collagen fibers. If a
cell some distance from a tumor were to contract, force propagation through the matrix would potentially
cause the cell to sense a stiffer local environment. Similarly, because the tumor mass can contract against
the fibers, cells within one tumor could potentially sense increased stiffness caused by another tumor some
distance away. However, the extent to which matrix heterogeneity disrupts this potential for cell sensing of
locally stiff features in the matrix remains unknown.

To determine how a contracting cell could potentially sense a stiff inclusion some distance away, we
designed experiments to induce local contraction near to a stiff inclusion in a fibrous collagen gel. The col-
lagen fiber orientation was random, representative of benign tissue and early stages of disease. A contractile
PNIPAAm particle of radius R was located a distance d from the stiff inclusion (Fig. 2a), and, upon heating,
it produced a contractile displacement field in the collagen gel (Fig. 2b). To analyze the displacements, we
plotted the inward radial component of displacement −ur against the radial distance from the center of the
particle r for several different paths drawn outward from the contracting particle (Fig. 2c). Lines colored
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Figure 1: Representative images of ECM near to heterogeneous matrix features in murine mammary glands. (a) Image of collagen
fibers (yellow) having random orientation surrounding a duct (white oval) in benign tissue. The arrow points to a blood vessel. (b,
c) Images of collagen fibers (gray) next to early stage mouse mammary tumors (cyan). Stromal cells and macrophages are shown
in magenta. The images illustrate regions of high (b) and low (c) fiber density.

in red and blue indicate displacements towards and away from the stiff inclusion, respectively, as illustrated
in Fig. 2a. To quantify how the displacement field decayed over space, we initially fit to a function of the
form ur = −Ar−n1 +Brn2 but found that the magnitude of A was orders of magnitude larger than B, which
motivated a simpler fitting, ur = −Ar−n. This fitting was used in prior studies, which used n to quantify
the rate of decay of displacements over space.18,20 Although the value of n for directions away from and
towards the stiff inclusion appeared different, there was notable variability resulting from randomness in the
fiber structure (Fig. 2d).

To account for the variability while comparing displacements in the different directions, a 95% confi-
dence interval was computed for the ratio of decay rates n in directions away from and toward the inclusion.
The confidence interval, [0.70, 1.7], spanned unity, indicating that the value of n was affected more so by
randomness in the fiber structure than by the presence of the inclusion. To analyze results for multiple par-
ticles, 95% confidence intervals were computed and plotted against dimensionless distance d/R between
particle and inclusion (Fig. 2e). Most confidence intervals spanned unity, including for d/R as small as 2.5,
indicating that the corresponding displacement fields were not statistically affected by the presence of the
stiff inclusion. However, some confidence intervals remained below one, including for the greatest dimen-
sionless distance of d/R = 5.8. Hence, there was no clear relationship between distance d/R and the effect
of the stiff inclusion on the displacement field, which suggests that the random fibrous structure may have a
larger effect on the displacement fields than the proximity to the stiff inclusion.

The stiff inclusion of Fig. 2 was similar to a symmetric boundary, which motivated us to perform
additional experiments with symmetric pairs of contracting particles. Because the distance between the
two particles was double the distance between a particle and symmetric boundary, we defined the distance
between the particles to be 2d (Fig. 3a). As before, the displacement field induced by each contracting
particle was measured (Fig. 3b), and the decay rate of the displacements n was computed in directions away
from and toward each particle’s neighbor (Fig. 3c, d). Again, 95% confidence intervals of the ratio of n in
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Figure 2: Displacement field induced by a contracting particle near a stiff inclusion. (a) Representative image from experiments
showing the particle (black) and inclusion (cross-hatched). Regions highlighted in red and blue show directions defined as toward
and away from the inclusion, respectively. (b) Displacement field induced by the contracting particle. (c) Inward radial component
of displacement −ur plotted against distance from the center of the particle r for different paths drawn outward from the particle
center. Lines are color coded such that red and blue indicate directions toward and away from the inclusion (defined in panel a);
gray indicates directions that are unshaded in panel a. (d) Decay rate n from fitting displacements in panel c to ur = −Ar−n for
directions toward and away from the inclusion. The 95% confidence interval of the ratio of n in directions away from and toward
the inclusion is [0.70, 1.7]. (e) 95% confidence intervals for the ratio of n away from and toward the inclusion for multiple different
contracting particles at multiple dimensionless distances d/R from the inclusion.

directions away from and toward the neighboring particle were calculated. For comparison, the confidence
intervals from Fig. 2e were also included in the graph. Again, the majority of the confidence intervals
spanned unity (Fig. 3e). The displacement field of one particle was only affected by the neighboring particle
for short distances of d/R < 2, which is equivalent to < 1 particle diameter.

Although the data in Fig. 3e indicated altered displacement fields for the two pairs of particles separated
by the smallest distances d/R, it could be that that the altered displacements were caused more so by the
fiber structure, wherein the fibers happened to be randomly organized in a way that caused different decay of
displacements in directions toward and away. Investigating this idea would require repeated experiments in
different networks having the exact same network structure but different distances between particle and stiff
inclusion. As such an experiment is not possible, we turned to a fiber network model. To match the boundary
conditions of the experiments, the model included a contracting circle of radius R and a stiff inclusion
located a distance d from the contracting circle. As in the experiments, the ratio of contracting circle radius
and fiber length was R/l f = 2. Representative displacement fields and curves of radial displacement vs.
distance are given in Fig. 4a, b. As in the experiments, the displacement decay rate n was computed
in directions away from and toward the stiff inclusion. For five different fiber networks, 95% confidence
intervals were computed for d/R ranging from 0.5 to 4, as were confidence intervals in fiber networks with
no stiff inclusion. The confidence intervals lacked discernible trends when plotted against dimensionless
distance d/R (Fig. 4c). Additionally, some fiber networks had confidence intervals lower than unity for
most distances whereas other fiber networks had confidence intervals that spanned unity for all distances
(Fig. 4c). Together, these observations suggest that the structure of the fiber network near to the particle has
a larger effect than distance to a stiff inclusion on the propagation of displacements.

In summary, Figs. 2–4 indicate that the displacement field of the contracting particle may have been
altered by a stiff inclusion or a nearby contracting particle for short distances but that the structure of the
fiber network seemed to have a dominant effect on the displacement fields. This finding adds more detail to
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Figure 3: Displacement fields induced by pairs of contracting particles. (a) Experimental image with particles located a distance 2d
from each other. Red and blue regions near each particle define directions toward and away from the other particle. (b) Displacement
field induced by the particles in panel a. (c, d) Displacement decay rate n in directions toward and away for the particle on the left
(c) and right (d). (e) 95% confidence intervals for different pairs of particles (green and yellow) located different distances from
each other. Data from Fig. 2e are also included on this graph in blue.

prior literature demonstrating that stress and displacement fields propagate heterogeneously through fibrous
materials.30,31 In our experiments, the ratio of contracting particle radius to fiber length R/l f was approx-
imately 2, as described in Methods. Hence, the data suggest that a cell of size 2R contracting in a fibrous
matrix with a ratio of cell radius to fiber length equal to 2 may sense the randomness of the matrix itself
more so than the presence of stiff or compliant inclusions.

Until this point, the experiments and simulations have analyzed displacements, but stiffness is the prop-
erty that is typically attributed to cell sensing and is used to characterize heterogeneous materials. Therefore,
we combined the fiber network model with Eq. 6 to quantify the apparent modulus of the matrix sensed by
contracting circles in the five different fiber networks of low fiber density (Fig. 5a). For a single network
(identified by a single color in the figure), as the distance between the contracting circle and stiff inclusion
d/R was reduced, the apparent modulus increased by∼50%, indicating a gradient in stiffness toward the stiff
inclusion. Between different fiber networks, there was notable heterogeneity, with a factor of ∼2 variability
in apparent modulus. Hence, although the stiff inclusion created a stiffness gradient, its magnitude was
relatively small compared to the heterogeneity caused by the random structure of the fibers. Following prior
research demonstrating that nonlinearity of fibrous materials causes nonaffine and heterogeneous displace-
ments to become less pronounced at larger strain,45,46 we repeated the simulations with large contractile
strains of 15% and 30% (Fig. 5b, c), expecting to see reduced network-to-network variability. The strains of
15% and 30% produced nonlinearity, as indicated by the increase in stiffness observed at increased strain.
To our surprise, however, the reduction in variability was modest, with the stiffness sensed by contracting
circles in different fiber networks still varying by nearly 50% for the largest strain. Although surprising,
this observation was consistent with the experimental data, wherein contractile strains were in the range of
10–20%, and the displacement fields were rarely affected by the presence of a stiff inclusion (Figs. 2–3).
Together, these results suggest that a stiff inclusion could sometimes produce a clear gradient in stiffness,
but more commonly the gradient would be masked by heterogeneity caused by the random structure of the
fibers.

To rule out that our results were affected by the specific type of loading produced by the contracting
circle, we repeated the simulations using a contracting force dipole, which may better match the contractile
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forces of a cell and was not testable experimentally using the spherical PNIPAAm particles. The dipole
size was 2R, the ratio R/l f was equal to 2, and a stiff inclusion was positioned at distance d from the
dipole. Simulations were run with the dipole oriented both parallel and perpendicular to the boundary of
the stiff inclusion (Fig. 6a, b). As the results in Fig. 5 showed that the magnitude of contraction had only a
modest effect on the apparent stiffness, the simulations with the dipole used only 0.5% and 15% contraction,
because larger deformations were computationally expensive. As Eq. 6 applies for a contracting circle but
not a dipole, we present the data as a dimensionless stiffness defined as the dimensionless ratio of force
and displacement of the dipole, as described in Methods. For dipoles aligned both parallel (Fig. 6c, d)
and perpendicular (Fig. 6e, f) to the stiff inclusion, effects of network-to-network heterogeneity were large
compared to the increase in stiffness caused by the inclusion. In fact, network-to-network heterogeneity was
larger for the dipoles than for the contracting circles, likely because the dipole applied force to only two
points, resulting in a more concentrated loading than the contracting circle. Only for the parallel dipole at
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Figure 6: Apparent stiffness sensed by contracting dipoles of length 2R in fiber networks with R/l f = 2 and stiff inclusions. (a,
b) Schematics of contracting dipoles of length 2R located at distance d from stiff inclusions in the fiber network oriented parallel
(a) and perpendicular (b) to the inclusions. (c, d) Apparent stiffness sensed by contracting dipoles parallel to stiff inclusions in five
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while the dipole in the green network (h) was connected directly with the stiff inclusion through only 2 fibers.

very short distance (e.g., d/R < 0.5) was the effect of the stiff inclusion noticeable. The increase in stiffness
at small d/R varied greatly for different fiber networks, with some networks (e.g., pink and red lines in Fig.
6c, d) showing dramatic stiffening whereas other (e.g., orange and green) showing only modest stiffening.
The cause of this difference appeared to be that networks with large stiffening had more fibers connecting
directly to the stiff inclusion as compared to the networks with minimal stiffening (Fig. 6g, h). In sum, the
data from the contracting dipoles were consistent with our prior observations, namely that the increase in
stiffness due to a stiff inclusion was typically smaller than the heterogeneity resulting from the randomness
of the fiber network. Additionally, when the inclusion caused a large increase in stiffness, the increased
stiffness depended on the precise details of the organization of fibers between the contracting dipole and the
stiff inclusion (Fig. 6g), which emphasizes the large effect that the random structure of the fibers has on the
stiffness.

Until now, the experiments and simulations have considered contraction in a fibrous matrix at length
scales similar to the fiber length, specifically R/l f ≈ 2. As the quantity R/l f is dimensionless, our findings
can be applied broadly to any conditions for which contractile loads are applied at the scale R/l f ≈ 2. In
prior studies,8,20 we measured average fiber lengths in the range of 4 to 40 µm, suggesting that the stiffness
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sensed by contraction could be affected predominantly by network randomness on scales ranging from 8
to 80 µm, depending on the average fiber length. At smaller length scales, the stiffness would likely be
even more subject to randomness, but because effects of randomness are reduced as either the average fiber
length is decreased8,31,36 or the size of the loading is increased,47,48 it might be possible for a cue from
a stiff inclusion to propagate over space in matrices having larger R/l f , corresponding to matrices having
short fibers and/or large contracting inclusions.

To test this prediction, we increased the size of the contracting circle by a factor of 5, giving R/l f = 10
and repeated the simulations of the contracting circle of radius R located a distance d away from a stiff
inclusion. As in the prior results, the apparent modulus increased with decreasing distance between the
contracting circles and stiff inclusions (Fig. 7). In agreement with our expectation, the network-to-network
variability was reduced such that apparent modulus varied by ∼20% between the different fiber networks
for all applied strains. This variability was smaller than the 42% and 51% increase in apparent modulus that
occurred at small d/R for 0.5% and 15% contraction, respectively, suggesting that a stiff inclusion would
create a clear gradient in stiffness. These results indicate that as the size of the contracting inclusion is
increased or the fiber length is decreased, variability between networks decreases leading to a gradient in
stiffness.

To consider another means to reduce variability between different networks, we also generated fiber
networks having high fiber density, double the density used previously. We repeated the simulations of
contracting circles in fiber networks having R/l f matching both values used in prior simulations, namely
R/l f = 2 and 10. For the networks with R/l f = 2 the network-to-network variability in apparent modulus
was ∼26% for all applied strains whereas the apparent modulus was increased by ∼61% at small d/R (Fig.
8a, b). For R/l f = 10, the variability between different networks was < 10% for all applied strains, which
was was far smaller than the 43% and 51% increase in apparent modulus that occurred at small d/R for 0.5%
and 15% contraction, respectively (Fig. 8c, d). As expected, this last case of large inclusions in networks
of high fiber density produced the smallest heterogeneity between different networks. As in Fig. 7, with
heterogeneity reduced, a clear gradient in stiffness became apparent. A natural prediction is then that a large
cellular structure, such as a multicellular spheroid, could sense such a gradient, enabling cells to migrate up
the stiffness gradient, toward the stiff inclusion, similar to prior observations of durotaxis.1
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To test for durotaxis caused by a stiff inclusion in a fibrous matrix, we designed experiments with
spheroids of MDA-MB-231 cells fully embedded in collagen gels having stiff inclusions. As described
in Methods, the estimated ratio of spheroid size to fiber length was R/l f ≈ 40. Stiff inclusions (either
PMMA spheres or PDMS rectangles) were located a distance d from the cell spheroids, as shown in Fig.
9a. Our expectation was that the stiff inclusions would create gradients in stiffness, similar to the gradients
observed in our model. In turn, durotaxis would imply that cells would migrate up the gradient, toward the
stiff inclusion. Of course, our model did not match perfectly to these experiments, because it considered
contraction of circles and dipoles, rather than the precise details of the forces of cell migration, but we
reasoned that the model was useful as follows. For early time points, the spheroid was approximately
spherically symmetric, and the contractile forces of each cell would be transmitted through the spheroid such
that the overall contraction would occur on length scales approximately equal to the size of the spheroid,
meaning the length scale R/l f can reasonably be thought of as the ratio of spheroid radius to fiber length. At
the same time, cells located on the side of the spheroid proximal to the stiff inclusion would sense greater
stiffness than cells on the lateral sides. In turn, cells on the lateral sides would sense greater stiffness than
cells on the side opposite to the stiff inclusion. Hence, the stiff inclusion could create a gradient in stiffness
across the spheroid. Following durotaxis, cells would migrate into the surrounding matrix in the direction of
the gradient, toward the stiff inclusion, causing the spheroid to spread preferentially in the direction of the
stiff inclusion.

For each spheroid, an image was acquired upon embedding it in the collagen gel, from which the distance
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d and spheroid radius R were measured. After 96 hr of cell spreading, an additional image was acquired and
used to compute the area of spheroid spreading toward and away from the stiff inclusion (Fig. 9b–d). A ratio
equal to 1 indicates no preference of cells migrating towards or away from the stiff inclusion, whereas a ratio
larger than 1 indicates preferential migration towards the stiff inclusion. When plotted against dimensionless
distance d/R, the spreading ratios appeared to be larger than 1 for small d/R but not for large d/R (Fig. 9e,
f). We considered that for large d/R, some spheroids may have been closer to the edge of the collagen gel
than to the stiff inclusion, which could have caused a confounding effect. To investigate this possibility, we
identified all spheroids from Fig. 9e & f for which the distance to the edge of the matrix was smaller than
the distance to the stiff inclusion and graphed the resulting data set (Fig. 9g). A statistical test demonstrated
that the area ratios were not statistically different from 1, suggesting no confounding effect caused by the
edge of the matrix. Next, the data for PDMS and PMMA inclusions were binned into two groups separated
by the arbitrarily chosen dimensionless distance between spheroid and inclusion of d/R = 3. For d/R > 3,
the data were not statistically different from 1, indicating random migration, but for d/R < 3 the data were
statistically different from 1, indicating directional cell migration in response to the stiff inclusions (Fig.
9h, i). This observation held for both types of stiff inclusion, sphere and rectangle, though the data with
the rectangle were smoother, likely because the rectangles were larger, thus creating smoother gradients in
stiffness. These experimental data, together with the model results, indicate that stiffness sensing over a
distance in a fibrous matrix requires a large ratio of cell size to fiber length. Such a large ratio occurs in
clusters of cells, as in the tumors shown in Fig. 1. Hence, even in nominally isotropic matrices typical of
early stages in cancer, the cancer cells could sense an environment having increased stiffness, which could
further promote cancerous phenotypes.

Conclusions
Motivated by the complex and random structure of the extracellular matrix in vivo, our objective was

to determine the extent to which matrix heterogeneity disrupts the potential for cell sensing of a locally
stiff inclusion in a nominally isotropic matrix. To answer this question, it was necessary to compare the
relative effects of the stiff inclusion and heterogeneity due to randomness in the local fiber structure. Using
a combination of experiments and simulations, we found that, at the scale of a single cell, the random
fibrous structure produced large spatial heterogeneities in stiffness. As a result, variability in stiffness was
typically larger than the increase in stiffness caused by a stiff inclusion, even when the distance between the
contracting unit and stiff inclusion approached zero. This result was affected only modestly by increasing
the magnitude of contraction or by changing the loading conditions from a contracting circle to a contracting
dipole. The picture that results from these observations is one wherein gradients in stiffness caused by stiff
matrix features are typically no larger than gradients due to matrix heterogeneity. Hence, a cell’s durotactic
response would depend on the precise structure of the nearby matrix fibers. For a cell to potentially sense
a stiff region, the effect of heterogeneity would have to be reduced, either due to a large cell size or a short
fiber length. In agreement with this interpretation, cell spheroids spreading in 3D collagen gels with a large
ratio of cell size to fiber length showed preferential migration toward stiff inclusions.

Our findings emphasize the importance of length scale in a cell’s ability to sense mechanical properties of
the matrix. A multicellular tumor, having large size relative to the fiber length, would be relatively unaffected
by matrix heterogeneity and could continuously sense distant stiff inclusions. By contrast, a single cell,
being unable to spread to a sufficient size to average out the heterogeneity, would sense the stiffness of only
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Figure 9: Spreading of cell spheroids near stiff inclusions in collagen gels. (a) Schematic of a cell spheroid of radius R and a
PMMA sphere as the stiff inclusion embedded in a two-layered collagen gel. The distance between the edges of the spheroid and
sphere is defined as d. (b) Schematic of a collagen gel with PMMA sphere 96 hr after gel polymerization. Areas of spheroid
spreading toward and away from the PMMA sphere are shown. (c, d) Experimental images at the 96 hr time point showing cell
spheroids at distances d/R = 1.63 (c) and 4.61 (d) from PMMA spheres. Areas of spheroid spreading toward and away from the
PMMA spheres are indicated. The ratios of areas are 1.35 and 0.96 for panels c and d, respectively. Scale bars: 250 µm. (e, f) Ratio
of areas of spheroid spreading toward and away from PMMA spheres (e) and PDMS rectangles (f) plotted against dimensionless
distance d/R from the stiff inclusion. Each dot represents one cell spheroid. Dots in red and blue represent ratios of areas of cell
spheroids located at d/R < 3 and d/R > 3, respectively. (g) Box plot of area ratios of spheroids that were closer to the edge of the
gel than to the stiff inclusion (PDMS or PMMA). Data are not statistically different from 1 (p = 0.11, sign test). (h, i) Box plots of
area ratios for spheroids embedded in matrices with PMMA spheres (h) and PDMS rectangles (i). For both panels, spheroids for
which d/R < 3 (red) had area ratios significantly greater than 1 (p = 0.01 and 0.03 for panels g and h, respectively, sign test), and
spheroids for which d/R > 3 (blue) had area ratios that were not significantly different from 1 (p = 0.73 and 0.45, sign test).

the nearby fibers. That local stiffness would vary between large and small values, depending on the cell’s
exact location in space. In this way, the heterogeneity typical of normal, nominally isotropic matrices shields
the cell from distant mechanical cues, which raises the possibility that the mechanical heterogeneity present
in normal matrix contributes to maintenance of homeostatic conditions.
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