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Turbulent-like flows in quasi two-dimensional
dense suspensions of motile colloids†

Rui Luo, a Alexey Snezhko b and Petia M. Vlahovska *a

Dense bacterial suspensions exhibit turbulent-like flows at low Reynolds numbers, driven by the activity of the

microswimmers. In this study, we develop a model system to examine these dynamics using motile colloids

that mimic bacterial locomotion. The colloids are powered by the Quincke instability, which causes them to

spontaneously roll in a random-walk pattern when exposed to a square-wave electric field. We experimentally

investigate the flow dynamics in dense suspensions of these Quincke random walkers under quasi two-

dimensional conditions, where the particle size is comparable to the gap between the electrodes. The results

suggest a scaling regime in the energy spectrum Bk�4 at high wavenumbers, observed consistently across

activity levels and particle concentrations. We observe that velocity time correlations decay within a single

period of the square-wave field, yet an anti-correlation appears between successive field applications,

indicative of a dynamic structural memory of the ensemble.

1 Introduction

Swimming bacteria self-organize into macroscopic patterns
such as swarms and dynamic clusters.1–7 At high concentra-
tions, turbulent-like motion emerges characterized by erratic
flows and transient vortices.8–14 Unlike the classical hydrody-
namic turbulence, which is a high-Reynolds number, inertia-
dominated phenomenon, bacterial turbulence occurs at very
low Reynolds numbers, where inertia is negligible, and is
driven by the active motion of the microswimmers.15 The
energy spectrum in classical turbulence in two dimensions
typically follows a power-law dependence on the wavenumber,
E B k�5/3, whereas for bacterial turbulence, different power
laws have been reported.10,16–18

Active turbulence has been observed in various living fluids such
as sperm,20 microtubule-kinesin bundles (active nematics),21–23 and
cell tissues.24,25 The phenomenon generated a lot of theoretical
effort,10,11,26–42 to decipher how ‘‘activity engenders turbulence’’.43

Recently, a universal scaling of E(k) B k�4 has been predicted and
validated for two-dimensional active nematics systems,44 and similar
scaling has been observed in studies of bacterial turbulence transi-
tioning from two-dimensional to three-dimensional flow, where
such scaling is absent in purely two-dimensional conditions.18

However, experimental research in bacterial turbulence lags behind

the theoretical advances due to the challenges to have well
defined and controllable conditions e.g., particle density, speed
(i.e., activity) and locomotion type, when working with living
microswimmers.

Synthetic externally driven colloids offer an alternative
platform for studying active turbulence.45–47 A promising
model system to emulate bacterial flows is based on the
Quincke rollers.48–52 Their motility is due to an electrohydro-
dynamic instability, which gives rise to a constant electric
torque on the particles53 causing them to roll, if the particles
are initially resting on the electrode. Quincke rollers exhibit a
wide range of intricate collective behaviors.48,54–58 Temporal
modulation of the rollers’ activity through application of a
square-wave electric field modifies the rollers persistence
length resulting in even richer collective dynamics.19,59,60

By adjusting the durations of the pulses, ton, and their
spacing, toff, the trajectory of an isolated Quincke roller
becomes a random walk, and the particle locomotion can
be tuned to emulate various bacterial motility patterns.19

Populations of Quincke random walkers exhibit behaviors
reminiscent of bacterial suspensions such as dynamic clus-
tering in semi-dilute suspensions.19

Here, we employ dense suspensions of Quincke random
walkers to gain insights into the turbulent-like flows of
bacterial fluids. We consider suspensions confined
between two parallel walls with spacing comparable to the
colloid diameter, and experimentally measure spatial velo-
city correlations, structure functions, and kinetic energy
spectra under varying concentrations of suspensions
and activity, which is modulated by the applied field
strength.
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2 Experiment

Spherical polymethyl methacrylate (PMMA) spheres (Phos-
phorex) with a diameter of d = 100 mm are dispersed in a
0.15 mol L�1 AOT-hexadecane solution (conductivity sf =
2.2 � 10�8 S m). The experimental chamber consists of two
7.5 � 5 cm2 ITO-coated glass slides (Delta Technologies),
separated by a ring-shaped Teflon tape with a thickness of
120 mm, see Fig. 1(a). The chamber is filled with the suspension
solution. The particle motion and tracking is visualized using
an inverted optical microscope (Zeiss) with 2� magnification
mounted on a vibration isolation table (Kinetic Systems, Inc.).
Videos were recorded at frame rates of 500 or 1000 frames
per second by a high speed camera (Photron SA 1.1). The
system is powered by a pre-designed pulsed electric field
supplied by a high voltage amplifier (Matsusada) controlled
by a function generator (Agilent Technologies 33521A). Particle
tracking, flow field reconstruction and data analysis are carried
out by means of particle image velocimetry (PIV) or particle
tracking velocimetry (PTV) using open source Python codes
(OpenPIV61 and Trackpy62) as well as custom codes (see ESI† for
details).

When a constant voltage is applied across the ITO electro-
des, the particles become polarized due to the accumulation of

free charges at their interfaces, generating an induced electric
dipole oriented antiparallel to the applied electric field.
Beyond a critical field strength, the dipole loses its symmetric
orientation, triggering what is known as the Quincke electro-
rotation63,64 and a particle rolls along the surface with a
constant speed.48,65 In our system, the typical threshold voltage
for the onset of electrorotation is Eq = 1.6 V mm�1 (Fig. 1(b)) and
roller velocities (%v) range from 4 mm s�1 to 35 mm s�1. The
corresponding Reynolds number Re = rf%vd/2mf ranges from
0.07 to 0.6, (here rf = 0.77 g cm�3 and mf = 4.3 � 10�3 Pa s
are the fluid density and viscosity, respectively). While typical
Reynolds numbers in bacterial suspensions are significantly
lower, the viscous forces are still dominant in this overdamped
system.

When the electric field is pulsating, as shown in Fig. 1(c), the
behavior of the roller changes. The roller ‘‘runs’’ while the field is
on and stops when the field is turned off. Once the field is turned
on again, the roller chooses a new random direction of rolling.19 In
a dense suspension, the resulting flow is illustrated in Fig. 1(d–f).
Notably the external electric field imposes that all rollers stop and
turn simultaneously unlike the stochastic tumbling of individual
bacteria in dilute suspensions. Nevertheless, the globally synchro-
nized run-stop behavior actually resembles dense bacterial suspen-
sions where bacteria synchronize the tumbling due to mechanical

Fig. 1 Turbulent-like flows in suspension of Quincke random walkers: (a) in a uniform direct current (DC) electric field E, free charges accumulate at the
particle surface. Above the threshold for the Quincke instability, the induced electric dipole tilts and generates a net torque, causing the sphere to roll in a
randomly chosen direction in the plane perpendicular to the applied field direction. (b) The rotation rate as well as the rolling speed, i.e., activity, of an
individual Quincke roller increases with field strength. (c) Temporal modulation of the electric field in the form of a square-wave causes the particle to
undergo a random walk19 (see ESI,† Movie S1), if toff is much longer than the ‘‘particle memory’’ time tMW (the time required for complete depolarization).
The mean-squared displacement (hDr2i) of a single Quincke random walker is shown for E = 4.4 V mm�1, ton = 40 ms, and toff = 20 ms, with the
corresponding trajectory displayed in the inset. Scale bar: 1 mm. (d) Snapshot of the colloidal suspension (area fraction f = 0.51) overlaid with the local
density map (background color). Vortices (panel f) nucleate preferentially in high-density regions. (e) Particle trajectories, tracked using particle tracking
velocimetry (PTV), during one period ton. (f) Vorticity computed based on the velocity field from particle imaging velocimetry (PIV). The red dashed line
indicates the field of view, not a physical boundary. The experiment is conducted at E = 7.4 V mm�1, particle area fraction f = 0.51. See ESI,† Movie S2.
Movie S3 (ESI†) illustrates the flow for lower field strength and lower particle fraction (E = 2.8 V mm�1,f = 0.27).
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locking of flagella.66,67 This suggests that, although the micro-
scopic triggering mechanisms differ (electric field vs. flagellar
switching), the resulting active turbulent-like flow is robust to
the specific details of the random walk, in particular the
probability distribution of the run times. In our experiments,
we vary the field magnitude E while maintaining fixed pulse
durations ton = 40 ms and intervals toff = 20 ms. The off-time is
chosen to be much longer than the Maxwell–Wagner polariza-
tion relaxation time tMW = (ep + 2ef)/(sp + 2sf) E 2 ms, to ensure
that the roller executes an uncorrelated random walk. ep,f and
sp,f are the permittivities and conductivities of the particle (p)
and the suspending fluid (f), respectively. The experimental
values used are ep = 3.2 � 10�11 F m�1, ef = 1.77 � 10�11 F m�1;
sp = 1.0 � 10�17 S m, sf = 2.2 � 10�8 S m. ton sets the particle
persistence length and it is chosen so that it is comparable to
the collision time, which varies from 7 ms to 38 ms. The
average collision time of the particles is estimated based on

the average particle number density, tcol ¼
1

ndhjvji, where n is

the number density of particles, d is the particle’s diameter,
and h|v|i is the average speed of the particles. The suspension is
confined within a chamber bound by a ring-shaped Teflon tape
(inner diameter 2.2 cm). To maintain the same gap between the
electrodes in all experiments, we first fill the chamber with pure
AOT-hexadecane solution before introducing approximately
40 mL of particle suspension at the chamber center. This
protocol prevents particles from entering the space between
the tape and the electrodes, which could disrupt electrode
alignment. It establishes a central region of uniform particle
density (1.6 cm diameter) surrounded by an outer region where
the particle concentration decreases toward the chamber
boundary. Over experimental timescales, we observe particle
migration toward the boundary, though concentration varia-
tions in the field of view remain limited to less than 5% during
measurement periods.

3 Results
3.1 Flow structure

A unique feature of the Quincke random walkers is that when
the field is on, they all run, and when the field is turned off,
they all stop, see Fig. 2(a). At lower activity and particle fraction,
E = 1.7Eq, f = 0.27, the flow driven by the colloids reaches a
steady state within one cycle while the field is on. However,
higher activity and particle numbers, E = 4.6Eq, f = 0.66, give
rise to a more vigorous flow, which does not reach the steady
state within the period of the applied electric field. The distinct
flow development patterns observed in Fig. 2(a) arise primarily
from particle inertia effects at elevated field strengths. For
E = 7.4 V mm�1, rotation frequencies O E 500 Hz as estimated
from single roller measurement (Fig. 1(b)), yielding a rotational
Reynolds number ReO = rf(2pO)d2/(4mf) E 1.4. This non-
negligible inertia results in longer times to reach a steady
velocity.65,68 Fig. 2(b) shows the velocity distribution for the
experiments with low activity, low density (E = 1.7Eq, f = 0.2)

and higher activity, high density (E = 4.6Eq, f = 0.6) systems.
A bimodal structure of the PDF suggests that the particles are
running with similar velocities; the sampling of the random
velocity directions results in two peaks.69 At higher concentra-
tions, the probability density function (PDF) approaches a
Gaussian distribution with a single peak. This occurs because
particles now experience multiple collisions within the same
time interval between two consecutive frames, tfps, used to
determine their velocities (tcol o tfps).

To characterize the flow structure, we compute the velocity
spatial correlation function

CsðRÞ ¼
vðrÞ � vðrþ RÞh ir

v2ðrÞh ir
(1)

where v is the field velocity, and h�ir is the spatial average over
all positions r. The velocity field is obtained directly from
particle image velocimetry (PIV) for experiments with dense
suspensions f 4 0.5 or by interpolation based on individual
particle velocity results from particle tracking velocimetry (PTV)
for experiments with low particle density f o 0.4. The velocity
correlation function Cs(r) demonstrates characteristic anticor-
relations (negative values of Cs(r)) that reveal the presence of a
vortical motion in the system (Fig. 3(a)). Such anticorrelations

Fig. 2 (a) Mean particle flow velocity as a function of time during electric
field pulsations. At low field strength (left, E = 1.7Eq, f = 0.2), particles reach
a steady state quickly, while at high field strength (right, E = 4.6Eq, f = 0.6),
particles take longer to reach a steady state. (b) Velocity distribution at
E = 1.7Eq, f = 0.2 (blue) and E = 4.6Eq, f = 0.6 (purple). Circles denote the
x-component of velocity, while squares denote the y-component. Inset:
corresponding probability distribution function of the velocity magnitudes
(|v|).
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arise because particles on opposite sides of a vortex core move
in antiparallel directions—a signature of rotational flow. While
a single system-spanning vortex can produce perfect anticorre-
lations (Cs = �1),48,70 the superposition of multiple vortices
with distributed sizes leads to a shallower minimum as their
contributions average out. The position of the minimum pro-
vides information about the average vortex size, while its depth
reflects the degree of rotational order in the system. The
characteristic velocity correlation length, Lvv, defined from the
decay of the velocity correlation function (Cs(Lvv) = 1/e), quan-
tifies the spatial coherence of collective motion. As shown in
Fig. 3(b), Lvv increases with the particle fraction as reduced
interparticle spacing strengthens hydrodynamic and electro-
static coupling. This growth reflects the formation of larger
coherent structures, ultimately leading to system-spanning
vortical patterns at high activity levels.

The transverse velocity structure function S>
2(R) provides

insight into vortex statistics.10,18 Defined as:

S?
2ðRÞ ¼

vðrþ RÞ � vðrÞð Þ � e?½ �2
D E

v2ðrÞh i (2)

where v(r + R) � v(r) is the velocity increment and e> is a
direction orthogonal to R, this quantity specifically probes
rotational motion by considering only velocity components
perpendicular to the separation vector R. The maximum in
S>

2(R) corresponds to the characteristic vortex size, reflecting
maximal velocity differences due to rotational flow. Fig. 3(c)
shows the transverse velocity structure function S>

2(R) at
E = 1.6Eq for varying area fractions f. The peak location,

corresponding to the mean vortex size Dv, systematically shifts
to larger R with increasing density. As shown in Fig. 3(d), this
growth of Dv with f follows the same trend as the velocity
correlation length Lvv, demonstrating how enhanced hydrody-
namic, and likely electrostatic as well, coupling at higher
particle concentrations leads to extended ranges of velocity
correlations and larger coherent structures. The parallel scaling
of these two quantities highlights how local energy injection
becomes organized into increasingly large-scale flow patterns
as the system density increases.71

The vortex size distribution can be further investigated using
the Okubo–Weiss (OW) parameter.32,44 The OW parameter is
defined as

OW = (qxvx + qyvy)2 � 4(qxvx)(qyvy) + 4(qxvy)(qyvx). (3)

Regions with OW o 0 correspond to vortex regions. To
analyze the vortex size distribution, we compute the histogram
of the areas of connected vortex regions. This distribution,
denoted as nðaÞ ¼ NðaÞ=

P
a

NðaÞ, represents the normalized

frequency of vortices with area a, where N(a) is the number of
vortices of area a. We find that n(a) follows an exponential
distribution, n(a) p exp(�a/a*), where a* is the mean vortex

area and DOW ¼ 2
ffiffiffiffiffiffiffiffiffiffi
a�=p

p
is the mean vortex diameter. In Fig. 4

we demonstrate the vortex size distribution for two experi-
mental conditions reported in the text. Their fitted dimension-
less mean vortex diameters (DOW/d) are 4.3 and 6.1, where d is
the particle diameter. These values are comparable to the mean
vortex diameter extracted from the perpendicular structure
function in Fig. 3(d).

3.2 Kinetic energy spectrum

We next examine how the kinetic energy E is distributed across
different length scales for varying field strengths and particle
concentrations. The energy spectrum, i.e., the energy of a vortex
with size B1/k, E(k) is computed from the velocity field v(r,t)
through the relation10,44,72–74

EðkÞ ¼ k

4pL2
hjv̂ðkÞj2i (4)

Fig. 3 (a) Velocity spatial correlation function (Cs(R)) within one period.
E = 1.7Eq, f = 0.84. The correlation length (Lvv) is defined at the location
where Cs(R) = 1/e. (b) Velocity correlation length Lvv as a function
of concentration (f) at different field strengths (circle: E = 1.7Eq; square:
E = 2.8Eq; triangle: E = 4.6Eq). (c) Angular-averaged normalized two-point
velocity correlation function vs. normalized radial distance at E = 1.7Eq with
increasing f from 0.67 to 0.85. The peak position of S>

2 indicates the
effective vortex diameter Dv. (d) The effective vortex diameter increases
with f.

Fig. 4 Vortex size distributions from two representative experiments (OW
analysis), exhibiting exponential decay.
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where k = |k| is the wavenumber, L2 is the system area and
v̂ðkÞ ¼

Ð
R2vðrÞe�ik�rdr is the Fourier transformation of velocity.

E ¼ L2
Ð1
0 EðkÞdk is the total energy per unit mass of the

system.
Fig. 5 shows the energy spectra for our system, revealing two

distinct scaling regimes that characterize the flow properties at
different length scales across all experimental conditions. The
spectrum exhibits a linear dependence E(k) B k at small
wavenumbers (k { 1/Dv) indicating uncorrelated flow. This
behavior can be understood through the Wiener–Khinchin

relation, EðkÞ ¼ p
A
k
Ð
CsðRÞe�ik�RdR

� �
y where Cs(R) is the spatial

velocity correlation function and h�iy denotes averaging over the
azimuthal angle y. The linear scaling indicates that the velocity
correlations become negligible on length scales longer than Dv,
causing the Fourier transform of the velocity correlation func-
tion to approach a constant at small k.

Notably, at larger wavenumbers (k 4 1/Dv), we find E(k) B
k�4 scaling, similar to observations in confined bacterial sus-
pensions and 2D active nematics.18,32,44 The crossover between
regimes occurs near k E 1/Dv (Fig. 5(b and c)), where Dv is the
average vortex size. The exponential vortex size distribution and
k�4 scaling in the vortex-dominated regime appear across
different confined active systems, suggesting common statisti-
cal properties of active turbulence under confinement.

3.3 Temporal memory effects

It was recently demonstrated60 that Quincke rollers in a globally
correlated collective state (vortex) spontaneously develop struc-
tural positional ordering that ‘‘imprints’’ the chiral state of the
system. Under a cessation and restoration of the activity
facilitated by a pulsed field with both ton and toff significantly
larger than all relevant timescales, a global vortex alternates its
chiral state with each activity cycle. This periodic response,
despite the absence of memory at the level of individual
particles, was attributed to a phenomenon referred to as
collective or ‘‘structural memory’’.60 To investigate whether a
similar ‘‘memory’’ phenomenon occurs in our system under a
pulsating field with shorter ton, we compute the temporal
correlation function of the velocity field,

CT;vfðtÞ ¼ N�1
X
i

viðtÞ � viðtþ tÞh it
.

vi
2ðtÞ

� �
t

(5)

and the vorticity field,

CT;oðtÞ ¼ N�1
X
i

oiðtÞ � oiðtþ tÞh i
t

.
oi

2ðtÞ
� �

t
(6)

Here, the system is divided into a square grid. vi is the
average velocity at the cell i; N is the total number of cells and
h�it denotes the time average. Similarly, we compute the vorti-
city field oi based on the velocity field and proceed to compute
the vorticity temporal correlation function.

Within one cycle, see Fig. 6(a), the time correlation function
decays to zero, indicating that at a fixed location, the flow field
decorrelates from its initial state, likely due to the particle
collisions. Nevertheless, when the time correlation function is
computed between the pulses (stroboscopically- at fixed time
within each period), the correlation functions exhibit clear non-
negligible anti-correlations after one cycle (see Fig. 6(b)) indi-
cative of the velocity and vorticity reversals in the ensemble
during temporal activity cycling. This finding indicates that at
the subsequent cycle, a vortex is likely to occur at the same
location but with opposite direction of rotation. This behavior
is attributed to structural memory, facilitated by local particle
positional asymmetries in self-organized roller vortices.60 In
our system under short activity pulses, local vortices do not
coalesce into a giant vortex. Nonetheless, the formation of these
locally correlated vortical states is the source of the anti-
correlations in the system between the activity cycles. Only
particles participating in local vortices contribute to the anti-
correlations resulting in a correlation value significantly lower
than �1 (as it is with a global vortex state60). The signature of
the collective ensemble memory is robust and easily detectable.
Over time (beyond 2 cycles) the correlations between the activity
cycles are suppressed as the locations of vortices get rando-
mized. The anti-correlation exhibits a non-monotonic depen-
dence on particle concentration as structural memory gets
suppressed with increased concentration, similarly to ref. 60
(see ESI† for details).

4 Conclusion

We have investigated active turbulence in a system of Quincke
random walkers, a synthetic system which mimics the run-and-
tumble behavior of bacteria. The Quincke random walkers

Fig. 5 (a) The kinetic energy spectrum exhibits similar behavior across varied concentrations and field strengths. E(k) B k at small k and E(k) B k�4 at large k. The
experiment is performed at E = 1.7Eq, f = 0.07. (b) The energy spectra at E = 1.7Eq, f = 0.16, and (c) E = 4.6Eq, f = 0.58 exhibit the k�4 scaling for k 4 1/Dv.
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provide a versatile experimental model of active matter to study the
fundamental mechanisms of active turbulence. We observe that
the kinetic energy spectra follow k�4 scaling, consistent with the
observations in very confined bacterial suspensions.18 Our experi-
ments indicate exponential vortex size distribution, which has been
previously observed in active nematic turbulence and bacterial
turbulence. In addition, the quasi-two-dimensional dense suspen-
sion of random walkers undergoing synchronized run-and-tumble
behavior showed evidence of structural collective memory. Our
findings highlight the importance of transient dynamic memory in
the ensemble, both at the particle level and collective, in accessing
unconventional self-organized states.

Author contributions

PV and AS conceived the research. RL designed and carried out
the experiments and analyzed the data. All authors discussed
the results and wrote the paper.

Conflicts of interest

There are no conflicts to declare.

Data availability

Data for this article, including movies will be available at
Research and Data Repository at https://arch.library.northwes
tern.edu.

Acknowledgements

The research of R. L. and P. V. was supported by NSF-DMR
award 2004926. The research of A. S. was supported by the U.S.
Department of Energy, Office of Science, Basic Energy Sciences,
Materials Sciences and Engineering Division.

References

1 M. F. Copeland and D. B. Weibel, Soft Matter, 2009, 5,
1174–1187.

2 H. Zhang, A. Be’Er, R. S. Smith, E.-L. Florin and
H. L. Swinney, Europhys. Lett., 2009, 87, 48011.

3 H. P. Zhang, A. Be’er, E.-L. Florin and H. L. Swinney,
Proc. Natl. Acad. Sci. U. S. A., 2010, 107, 13626–13630.

4 X. Chen, X. Dong, A. Be’er, H. L. Swinney and H. Zhang,
Phys. Rev. Lett., 2012, 108, 148101.

5 X. Chen, X. Yang, M. Yang and H. Zhang, Europhys. Lett.,
2015, 111, 54002.

6 A. Be’er, B. Ilkanaiv, R. Gross, D. B. Kearns, S. Heidenreich,
M. Baer and G. Ariel, Commun. Phys., 2020, 3, 66.

7 I. S. Aranson, Rep. Prog. Phys., 2022, 85, 076601.
8 C. Dombrowski, L. Cisneros, S. Chatkaew, R. Goldstein and

J. Kessler, Phys. Rev. Lett., 2004, 93, 098103.
9 A. Sokolov, I. S. Aranson, J. O. Kessler and R. E. Goldstein,

Phys. Rev. Lett., 2007, 98, 158102.
10 H. H. Wensink, J. Dunkel, S. Heidenreich, K. Drescher,
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