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dissipation pathways for
pharmaceuticals in soils – a modelling approach†

Matthias Boeckmann, *a Jan Siemens,b Benjamin Justus Heyde c

and Christiane Zarfla

Concentrations of pollutants like pharmaceuticals in soils typically decrease over time, though it often

remains unclear whether this dissipation is caused by the transformation of the pollutant or a decreasing

extractability. We developed a mathematical model that (1) explores the plausibility of different

dissipation pathways, and (2) allows the quantification of concentration differences between aqueous

soil extracts and soil solution. The model considers soil particles as uniform spheres, kinetic sorption

towards an equilibrium (Freundlich model), and two dissipation pathways, i.e. irreversible transformation

and mineralization (following 1st order kinetics) as well as the formation of non-extractable residues via

intraparticle diffusion. Applying the model to 19 published datasets (eight pharmaceuticals, three soils)

showed that intraparticle diffusion accounts for approximately two thirds of all simulated mass fluxes.

Reversible formation of non-extractable residues could play a major role for dissipation, while irreversible

transformation and mineralization cannot be excluded either based on the available datasets. The

difference between concentrations in aqueous extracts and soil solution quantified by the model is

below typical model and measurement uncertainties for most of the investigated pharmaceuticals.

Larger differences might be linked to a positive ionic charge of the pollutant. The model helps in

disentangling different dissipation pathways in soils and optimizing experiments elucidating the long-

term fate of pollutants in soils.
Environmental signicance

Antimicrobial resistance (AMR) poses a severe threat to public health and spreads, among others, also in soils that are subjected to inputs of antibiotic agents
and other pharmaceuticals when fertilized with manure or irrigated with treated or untreated wastewater, which might (co-)select AMR. In order to assess the
risk of AMR selection and development, it is crucial to quantify the bioavailable and bioaccessible antibiotic concentration over time and space. However,
measuring this concentration in soils is challenging due to small pore water volumes and potential biases in soil extraction procedures. Using published data
from soil incubation and batch experiments with various antibiotics, this study develops and applies a process-based mathematical model to quantify the
extraction bias, evaluate the different dissipation pathways of antibiotics in soils and estimate the bioavailable antibiotic concentration. These results,
combined with knowledge on microbial dynamics and AMR formation, provide a comprehensive assessment of the actual environmental risk posed by anti-
biotics in soils.
Introduction

Most of the thousands of chemical compounds we produce and
use end up in soils or sediments, either through direct inputs,
atmospheric deposition, ooding, irrigation or application of
fertilizers or waste materials.1,2 Observed concentrations of
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pollutants in soils typically decline over time following their
input, a phenomenon that is termed “dissipation”.3,4 However,
the mere observation of decreasing concentrations does not
allow to distinguish between different processes that lead to
a removal from the measurable fraction.3,5,6 It thus oen
remains unclear whether the compound's dissipation is due to
actual removal processes like degradation and mineralization,
or due to sorption and other sequestration processes that lead
to a decrease in the compound's accessibility. As a result,
pollutants may still persist in soil but, technically, cannot be
observed anymore with the currently available extraction
methods and instruments.

Common extraction methods to measure pollutant concen-
trations in soils in the laboratory distinguish between easily
extractable and residual fractions.7,8 Nevertheless, any extraction
Environ. Sci.: Processes Impacts, 2025, 27, 649–660 | 649
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method necessarily interferes with the quantity it aims to
observe. Lesueur et al. 2008 showed that different extraction
methods lead to different results.9 While the dilution effect of
changing the liquid-to-solid ratio in the soil during extraction can
principally be factored out, this correction is complicated by the
fact that a change in the liquid to solid ratio leads to a shi in the
equilibrium distribution of the pollutant in the soil in favour of
the aqueous phase. This potential shi in equilibrium and the
potentially resulting extraction bias have hardly been studied
systematically.10–14 Since the fraction of pollutants dissolved in
the aqueous phase is commonly regarded as themostmobile and
biologically effective fraction, a bias in the estimates of aqueous
phase concentrations hampers the assessment of risks associ-
ated with the occurrence of pollutants in soils.15 One example is
the comparison of concentrations of antibiotics in aqueous
extracts of soils with minimum inhibitory concentrations (MICs)
and minimum selective concentrations (MSCs) determined in
laboratory incubation experiments in which microorganisms are
exposed to antibiotics that are dissolved in an aqueous growth
medium at well-dened concentrations.16,17

A process-based model could be able to simulate the
extraction process, explore the extraction bias and either allow
to correct for it or provide justication to neglect it. Some
existing modelling approaches link sorption directly to physical
processes under steady-state conditions, but are not designed to
simulate time series that reect the kinetics.18,19 Existing
dynamic models are able to simulate observed sorption time
series, but are either not able to consider multiple conceptual
substance fractions in agricultural soil differing in binding
strength and accessibility (easily extractable – EAS, residual –
RES, non-extractable – NER and the fraction resulting from
transformation and mineralization – TM)20–22 or are based on
simple rst-order kinetics without considering physical
processes.13,23,24 However, intraparticle diffusion was previously
proposed as an important mechanism in sorption.25 Hence,
a model that can simulate multiple pollutant fractions differing
in binding strength extractability and accessibility over time
based on physical processes is still missing.

Therefore, the overarching objective of this study is to
develop a mathematical model based on published data for
antibiotics and other pharmaceuticals extracted from soils over
time that distinguishes different dissipation pathways of
pollutants in soils and quanties their kinetics. The model
explores pollutant sorption via intraparticle diffusion as
a possible dissipation pathway in addition to transformation
and formation of non-extractable residues. Since the model
reects conceptually the actual chemical fate processes and not,
technically, the extraction steps, it helps to simulate undis-
turbed processes in comparison to simulated extraction frac-
tions to quantify the discrepancy in the aqueous concentration
introduced by the extraction method (extraction bias). Hence,
by applying the model to measured extraction data on antibi-
otics in different soils this study aims to (1) identify and
quantify the processes that lead to antibiotic dissipation in soil,
and (2) quantify the extraction bias that occurs if the easily
extracted pollutant concentration is considered equal to the
actual dissolved concentration.
650 | Environ. Sci.: Processes Impacts, 2025, 27, 649–660
Methods
General procedure

In this study, the conceptual understanding of sorption,
sequestration and transformation of pharmaceuticals in soils
has been translated into respective mathematical models that
are each based on a system of ordinary differential equations
representing the physico-chemical processes that drive the
substance fate in soils. Available data in the literature on
sequential soil extractions of pharmaceuticals were used to
identify relevant processes that allow a meaningful represen-
tation of the observations by comparing different model struc-
tures derived by including or excluding potential sorption and
dissipation pathways. Model parameter values, e.g. kinetic rate
constants, were deduced by tting the model structures to the
extraction data during the calibration procedure. A local and
a global sensitivity analysis were run to quantify the impact of
changes in parameter values on the model outcome. Mass ux
rates were simulated to identify the main processes governing
the fate of the pharmaceuticals.

Based on the model development and quantication, simu-
lations were run to identify the extraction bias that might be
induced by shis in the liquid-to-solid ratio during soil extrac-
tion in the laboratory.
Underlying data

In total, 19 datasets of time series of extractions of eight phar-
maceuticals from natural soils from Germany or Mexico from
Sittig et al. 2012, Dalkmann et al. 2014 and Förster et al. 2009
(ref. 12–14) (Table 1) were used for this study. Condence
intervals of time series were not available for these datasets.
However, the average relative standard deviation of replicate
measurements was ∼50% for Dalkmann et al. 2014 and ∼20%
for Förster et al. 2009. No standard deviations were provided in
Sittig et al. 2012. For each of the datasets, natural soils (0–30 cm
depth) had been collected from the Mezquital Valley, north of
Mexico City (Dalkmann) or from Merzenhausen and Kalden-
kirchen in western Germany (Sittig and Förster). The investi-
gated soils cover a large range of soil properties like clay content
or organic matter content (Table 2), and developed under
humid temperate climate conditions12,14 or tropical steppe
climate.13 Since all soils were used as cropland, the variation of
soil pH was only moderate ranging from slightly alkaline to
slightly acidic (Table 2). The general extraction procedure is
briey outlined here, more details can be found in the refer-
ences of the datasets. While Förster et al. 2009 and Dalkmann
et al. 2014 extracted soils that were incubated in the dark with
water spiked with pollutants under constant temperature and
moisture in the laboratory over 150 days13 or 215 days,14 the
experiments by Sittig et al. 2012 were implemented in an end-
over-end-shaker with a soil suspension for 60 days. In all
experiments, at least an easily extractable fraction (EAS,
following a mild extraction procedure with 10 mM CaCl2) and
a residual fraction (RES, from an extraction step with methanol,
acetonitrile and phosphoric acid, partly combined with high
temperature in a microwave oven) of the substances have been
This journal is © The Royal Society of Chemistry 2025
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Table 1 Chemical properties of substances for which time series datasets on soil extraction are available

Substance Molecular weight [g mol−1] pKa Log KOW Investigated by

Bezabrate 362 (ref. 26) 3.6 (ref. 27) 3.97 (ref. 27) Dalkmann et al.,13 2014
Carbamazepine 236 (ref. 26) 13.9 (ref. 27) 2.77 (ref. 27) Dalkmann et al.,13 2014
Ciprooxacin 331 (ref. 26) 6.1, 8.6 (ref. 28) 0.28 (ref. 29) Dalkmann et al.,13 2014
Diclofenac 296 (ref. 26) 4.2 (ref. 27) 4.06 (ref. 27) Dalkmann et al.,13 2014
Naproxen 230 (ref. 26) 4.2 (ref. 30) 0.33 (ref. 31) Dalkmann et al.,13 2014
Sulfadiazine 250 (ref. 26) 2.5, 6.5 (ref. 32) −0.07 (ref. 33) Sittig et al.,12 2012, Förster et al.,14 2009
Sulfamethoxazole 253 (ref. 26) 1.7, 5.6 (ref. 34) 0.89 (ref. 33) Dalkmann et al.,13 2014
Trimethoprim 290 (ref. 26) 7.2 (ref. 35) 0.91 (ref. 29) Dalkmann et al.,13 2014

Table 2 Properties of the natural soils used in the extraction experiments

Soil pH OC [%] Sand [%] Silt [%] Clay [%] Duration of experiment [day] Reference

Leptosol, Vertisol, Phaeozem;
Mezquital Valley, Mexico

6.8–7.5 0.95–2.8 6.7–41 40–47 12–54 150 Dalkmann et al.13 2014

Silty loam; Merzenhausen, Germany 7.0 0.97 4.3 82.9 12.8 60 Sittig et al.12 2012
Luvisol; Merzenhausen, Germany 6.3 1.2 6 78 16 215 Förster et al.14 2009
Cambisol; Kaldenkirchen, Germany 6.0 1 75 22 3 215 Förster et al.14 2009
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View Article Online
extracted and chemically analysed for a period of 60–215 days
for 6–10 time points.

For 6 out of the 19 datasets, also the non-extractable residues
could be quantied because the authors were able to work with
radioactively-labelled compounds,12,14 and for 3 datasets trans-
formation products of the pharmaceuticals were determined.
The dataset from Förster et al. 2009 (ref. 14) contains concen-
tration data on two transformation products, 4-hydrox-
ysulfadiazine (OH-SDZ) and N-acetylsulfadiazine (Ac-SDZ).
Conceptual model

In the conceptual model, the soil matrix is assumed to be
a homogeneously mixed compartment (in analogy to batch
conditions of the underlying lab experiments) that consists of
an aqueous and a solid phase. The solid phase is conceptualized
as spherical particles of homogenous size and material, covered
with at least a lm of water. In order to account for the different
extraction fractions of the investigated pharmaceuticals, the
particles are conceptually discretized into different shells Si. In
general, the pharmaceuticals are assumed to distribute between
the different phases and particle shells by considering (equi-
librium) Freundlich sorption, intraparticle diffusion processes
as well as transformation and mineralization. More details on
the processes are given below. In relation to the data gained
from the available extraction experiments, the water phase and
the outermost shell S1 are considered to correspond to the EAS
fraction while all inner shells correspond either to the RES
fraction or, towards the centre of the particle, the fraction of
non-extractable residues (NER).

The following processes that link the pharmaceutical fate in
and between the different fractions are considered in the
conceptual model (equations are given below): sorption equi-
librium between the compound concentration in the aqueous
phase and the outermost shell of the particles is assumed to
follow the Freundlich model. Transfer of the compound
This journal is © The Royal Society of Chemistry 2025
between these two phases is thus following the gradient towards
Freundlich sorption equilibrium. Intraparticle diffusion deter-
mines the exchange of the compound between all inner shells of
the particle, i.e. the EAS, the shells corresponding to the RES
and the inner-most NER fractions. Although the amount of NER
technically describes the amount of pollutant that cannot be
extracted by common extraction methods, the NER-formation is
assumed to be potentially fully reversible. An alternative model
structure with irreversible NER formation was tested to check
the plausibility of fully reversible NER formation. The trans-
formation and mineralization pool (TM) represents the
substance fraction resulting from biotic transformation from
the EAS fraction following rst order kinetics. Sittig et al. 2012
(ref. 12) excluded other, i.e. abiotic, degradation pathways based
on the observation of radiolabelled sulfadiazine.

Model equations

Mass balances. The basic condition for all model simula-
tions here that represent conditions in a closed system is the
mass balance. Hence the total mass of the pharmaceutical is
given by:

mtot = (CEAS + CRES + CNER + CTM) × Mtot (1)

wheremtot [M] is the total mass of the compound, while CEAS [M
M−1], CRES [M M−1], CNER [M M−1] and CTM [M M−1] are the
compound concentrations relative to the total soil mass Mtot in
the EAS, RES, NER and TM fraction, respectively. The total mass
of EAS comprises the compound fraction that is dissolved in the
aqueous phase and the compound fraction in the outermost
shell of the particles:

mEAS = CW,aq × Vaq + S1 × MS1
(2)

where CW,aq [ML−3] is the concentration in the aqueous soil
phase (porewater) per volume of water, S1 [MM−1] is the content
Environ. Sci.: Processes Impacts, 2025, 27, 649–660 | 651
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of the compound in the outermost shell S1 per mass of sorbent,
Vaq [L

3] is the porewater volume andMS1 [M] is the mass of shell
S1. The concentration in the EAS fraction (CEAS [M M−1]) related
to the total soil bulk mass is given as:

CEAS ¼ CW;aq � q

r
þ S1 �MS1

Mtot

(3)

where q [L3 L−3] is the volumetric water content and r [ML−3] is
the dry soil bulk density. The volume and mass of all shells are
dened as equal based on the assumption that all particles are
homogeneous, i.e. have a constant density throughout the
particle. Hence, the mass of an individual shell is dened as:

MSi ¼
Mtot

nshell
(4)

where MSi [M] is the mass of any shell and nshell [−] is the total
number of shells. Inserted in eqn (3), this leads to:

CEAS ¼ CW;aq � q

r
þ S1

nshell
(5)

since all concentration data from the literature are given in
mass of compound per mass dry bulk soil [M M−1], CW in
[M M−1] is dened, for consistency reasons, as:

Cw ¼ CW;aq � q

r
(6)

and used in all equations following from here on.
The concentrations of the RES-fraction, CRES [M M−1], and

the NER fraction, CNER [MM−1], are dened as the average mass
of the compound that has been distributed into all shells
dened as RES or NER, respectively, in relation to the total dry
bulk soil mass:

CRES ¼ 1

nshells

XnRESþ1

i¼2

Si (7)

CNER ¼ 1

nshells

XnRESþ1þnNER

i¼nRESþ2

Si (8)

where nRES [−] and nNER [−] are the numbers of shells that are
assigned to RES and NER, respectively. The numbers of shells
that correspond to the RES and the NER fraction is not xed in
the model structure but is derived from the tting results,
conceptually, a characteristic of the soil, the extraction proce-
dure and the compound, in combination.

Differential equations. The compound dynamics in the soil
as reected in the extraction data are described by the following
reference set of ordinary (because of assuming homogeneous
spatial conditions) differential equations. Equilibrium between
the compound concentration in the water phase and the outer
particle shell is described by the Freundlich model:

Kf

�
CW

r

q

�m

¼eq:S1 (9)

where Kf [M
−m+1
pollutant M

−1
soil L

3−m
water] is the Freundlich coefficient and

m [−] is the Freundlich exponent. The change of concentration
in the water phase CW is driven by the equilibration towards the
Freundlich sorption equilibrium (based on Wehrhan et al. 2007
652 | Environ. Sci.: Processes Impacts, 2025, 27, 649–660
(ref. 36)) and the dissipation into the TM fraction following rst
order kinetics:

dCW

dt
¼ �a

�
Kf

�
Cw

r

q

�m

� S1

�
� kTMCW (10)

where a [T−1] is the kinetic Freundlich sorption rate constant
and kTM [T−1] is the rate constant for transformation and
mineralization. The change of concentration in the S1-shell is
controlled by the equilibration towards the Freundlich sorption
equilibrium with the aqueous phase and the exchange with the
inner spheres via intraparticle diffusion:

1

nshells

dS1

dt
¼ a

�
Kf

�
CW

r

q

�m

� S1

�
� d1

�
S1 � S2

b

�
(11)

where di [T
−1] is the diffusion rate constant of shell i and b [−] is

a scaling factor for the transformation from EAS to RES. This
parameter serves as a proxy indicator for representing the
optimal number of shells and their distribution (shells assigned
to EAS, RES and NER) since direct calibration of the number of
shells is infeasible due to numerical constraints. di is dened as:

di ¼ D

Dri2
(12)

where D [L2 T−1] is the apparent diffusivity of the material and
Dri [L] is the respective distance between shells, calculated by:

Dri ¼ ri þ riþ1

2
� riþ1 þ riþ2

2
(13)

where ri [L] is the outer radius of the respective shell i. Since all
shells are dened with the same volume, the outer radii of the
shells are dened as:

r1 = rsphere (14)

ri ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1

2

�
ri�1

3 þ riþ1
3
�3

r
(15)

rnshells ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
3V

4pnshells

3

s
(16)

where rsphere [L] is the radius of the whole sphere, V [L3] is its
volume and rnshells is the radius of the innermost shell. Eqn
(14)–(16) represent a nonlinear system of equations, which is
solved numerically.

The concentration change in all inner shells is driven by
intraparticle diffusion:

1

nshells

dS2

dt
¼ d1ðS1 � S2Þ � d2

�
S2

b
� S3

�
(17)

All other shells except the innermost shell are dened as:

1

nshells

dSi

dt
¼ di�1ðSi�1 � SiÞ � diðSi � Siþ1Þ; 3# i\ðnshells � 1Þ

(18)

whereas the innermost shell is dened as:

1

nshells

dSnshells

dt
¼ dnshells�1

�
Snshells�1 � Snshells

�
(19)
This journal is © The Royal Society of Chemistry 2025
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The transformed and mineralized compound concentration
CTM expressed relative to the soil mass is dened analogously to
the TM-term in eqn (10) as formation out of the fraction in water
following rst-order kinetics:

CTM

dt
¼ kTMCW (20)

Initial conditions. For setting the initial conditions of the
differential equations, the total concentration of the pharma-
ceutical was calculated based on the rst observations of EAS and
RES. These rst observations were taken at t = 0.24d. Hence the
respective masses at t = 0d were extrapolated. The initial masses
of EAS and RES were then distributed among the different
phases/shells according to the following three assumptions:

(1) The initial distribution of mass between Cw and S1 is
ambiguous, as both phases are represented by the EAS-fraction.
Hence, the mass distribution between these phases is assumed
to be approximately even. In the context of sorption, this leads
to the Freundlich sorption equilibrium according to eqn (9).

(2) The concentration of all inner shells that are assigned to
RES is assumed to be scaled by an empirical, dimensionless
gradient factor g, which is determined during calibration:

Si × g = Si−1 (21)

(3) NER and, if applicable, TM are assumed to be zero.

Initialization of parameter values

Each parameter was initially dened by a prior distribution
function based on all knowledge to start the calibration proce-
dure of tting the model to the available data and deriving
optimal parameter values. By this, the empirical distribution of
the parameter values resembles the prior distribution of the
parameters (Table S1†). Hence, the parameter values are not
limited to an arbitrary range, as the continuous prior distribution
function can be chosen to cover all physically possible values.

To sample from these prior distributions, normalized
parameter values were drawn from a uniform distribution
between zero and one.

x~U ð0;1Þ (22)

where �x is the normalized location vector in the parameter space
and U ð0;1Þ is the uniform distribution ranging from zero to one.
The absolute parameter value is dened as the inverse cumulative
probability density function of the respective parameter:

xi = F−1
i (�xi) (23)

where xi is the absolute value of the respective parameter that is
used for the model simulation, F−1

i is the inverse cumulative
probability density function of the respective parameter and i is
the parameter index.

Model calibration

Model equations were tted to the 19 sets of extraction time
series to gain a set of optimum model parameter values for each
This journal is © The Royal Society of Chemistry 2025
combination of pharmaceutical compound and soil. The datasets
fromDalkmann et al. 2014 contain information about sterile and
non-sterile conditions (except the ciprooxacin dataset) under
otherwise identical conditions, and thus a calibration in two
steps was applied. The datasets under sterile conditions were
used for calibration of all parameters except the rate constant for
transformation and mineralization kTM which is, conceptually,
set to zero. Based on these calibration results, the six corre-
sponding datasets under non-sterile conditions were evaluated
by xing the derived parameter values from the datasets under
sterile conditions, and calibrating kTM. These six datasets were
excluded from the sensitivity analysis since all parameters except
kTM are xed. For all other datasets which have all been derived
from experiments under non-sterile conditions, all parameters
including kTM were used for calibration simultaneously.

The root-mean-square error (RMSE) between the observed
and simulated values was dened as the objective function for
minimizing the deviation between data and model outcomes.

RMSE ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiPnd
i¼1

�
yi;sim � yi;obs

�2
nd

vuuut (24)

where nd is the number of data points, yi,obs is the respective
observed datapoint, yi,sim is the simulated value and i is the data-
point index. Data points for different fractions (EAS, RES) were
considered as data points from the same data series. The simu-
lated values were created by solving the differential equations
numerically. The RMSE was minimized using the surrogateopt
algorithm in MATLAB. The algorithm relies on a surrogate model
based on a radial basis function to evaluate promising points in
the parameter space faster than the process-based model. For
model comparison and comparison between extraction experi-
ments, the normalized root mean square error (NRMSE) was used:

NRMSE ¼ RMSE

maxðyobsÞ �minðyobsÞ (25)

Alternative model structures

The reference model structure represents one possible explanation
for transfer pathways and sorption processes but needs to be
compared to potential alternative model structures that might
explain the underlying experimental data equally well or even
better. Thus, two alternative model structures were tested in the
frame of evaluating model uncertainty: (1) irreversible NER-
formation from RES and (2) reversible NER-formation from RES.
Details of these alternative models are described in the ESI.† In
addition, existing model approaches described in the literature
were also applied to the available extraction data, if suitable, and
respective results compared to the developed referencemodel.12,23,36
Sensitivity analysis

A model is considered sensitive to parameters that have the
strongest effect on the simulation results, in this case, the
RMSE between observed and simulated pollutant concen-
trations in the different soil phases. Sensitivity analyses,
which determine the sensitivity of the model to its
Environ. Sci.: Processes Impacts, 2025, 27, 649–660 | 653
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parameters, can be categorized as local and global. Local
sensitivity determines the sensitivity of a model only for
a specic location in the parameter space while the global
sensitivity analysis determines the mean sensitivity over the
whole parameter space.

In cases where models contain multiple parameters, the
sensitivity of the models towards individual parameters oen
varies strongly. Parameters to which the model is sensitive are
considered active parameters.

To account for global sensitivity, Constantine et al. 2014 (ref.
37) proposed the active subspace method.37 Constantine et al.
2014 (ref. 37) dened an active subspace as the eigenvectors of
the matrix E:37

E =
Ð
Vf(�x) 5 f(�x) q(�x)dx (26)

5 is the matrix product, q is the probability density function of
the normalized parameters �x, and f is the objective function.
The integration is performed by the Monte-Carlo-method:38

Ez
1

M

XM
k¼1

Vf ðxkÞ5Vf ðxkÞ (27)

M is the number of samples and is set to 104 and �xk are inde-
pendently drawn normalized parameter vectors.

The global sensitivity was assessed by the metric of Con-
stantine and Diaz:39

Ai ¼
Xn

j¼i

ljwi;j
2 � 100 (28)

where Ai is the activity score for parameter i, j is the eigenvector
index, n is the number of eigenvalues (equal to the number of
parameters), lj is the j-th eigenvalue and wi,j is the value for
parameter i in the j-th eigenvector of the matrix E. The activity
score is the square of the unit of the observation. Therefore, in this
work, the square root of the activity score was used. To increase
readability, the activity score is scaled to a range of 0 to 100.

The most common challenge in this approach is to reliably
determine Vf(�x).40 In this case, f(�x) is not an observation, but
a simulation by the model. Hence, f(�x) is noise-free. Therefore, the
nite-difference method poses a possibility to determine Vf(�x):

V i f ðxÞ ¼ f ðxþ DxÞ � f ðxÞ
Dx

(29)

In addition to the global sensitivity analysis a local sensitivity
analysis was added around the tted parameters. All calcula-
tions were implemented in MATLAB.41
Uncertainty analysis

The bootstrapping algorithm was used to determine the uncer-
tainty of the calibration.42 Efron and Tibshirani (1997) described
bootstrapping as a smoothed version of cross-variance.43 It is
a method that involves multiple sub-datasets which are created by
slight perturbations of the original dataset by resampling with
replacement (bootstrap-samples). All resulting bootstrap-datasets
were used for tting, leading to different parameter sets for each
bootstrap-sample. The resulting parameter sets formed a posterior
654 | Environ. Sci.: Processes Impacts, 2025, 27, 649–660
distribution that were used as a measure of uncertainty for the
determined parameter values (e.g., 95% condence interval).
Model application: estimation of the extraction bias

For the determination of the extraction bias, the pollutant
concentration in the aqueous phase (CW) was simulated with
the parameters determined by the model calibration. All data-
sets describe extraction experiments for sorption to a clean soil
and dissipation. Therefore, aer spiking the soil with the
respective pollutant, the pollutant mass in the soil water
decreases over time (Fig. 1). With the beginning of the extrac-
tion step, the ratio of water to soil mass in the soil sample is
increased. CW,aq (concentration per volume of water) is thus
decreased by the same factor due to dilution. The simulation
was then continued with the new soil to solution ratio for the
typical duration of the extraction time (24 h). During this time,
desorption takes place due to the deviation from the sorption
equilibrium aer the addition of the mild aqueous extractant.
Hence, the simulation showed a sudden increase in pollutant
mass in the water phase to return to the equilibrium concen-
tration ratio between solids and liquid phase.

The extraction bias was calculated by simulating individual
extractions at all time points sampled. Due to the shi in
sorption equilibrium, the observed concentration values for the
EAS fraction overestimate the pollutant mass in the water
phase. This leads to an extraction bias, quantied as the NRMSE
between the simulated pollutant concentration in the water
phase and the simulated extracted concentration (Table S4†).
Only observed time points were considered for the NRMSE. The
correlation between calibrated parameter values and the
extraction bias was tested using the two-sided Pearson and
Spearman correlation coefficients as well as Kendall's s.
Results and discussion

Aer calibration of parameters, the reference model structure
describes the datasets reasonably well according to the indica-
tors for goodness of t (NRMSE < 0.3) and the visual agreement
between model simulations and data (Fig. 1). Differences
between datasets under sterile conditions (Fig. 1A and C) and
non-sterile conditions (Fig. 1B and D) are small. The model
quality of this reference model is comparable to the reference
model by Zar et al. 2009 (ref. 23) (no signicant difference
between the NRMSEs, t-test, p= 0.29). Other published dynamic
compartment models were not considered for comparison,
because they do not account for all pollutant fractions included
in the datasets used for our analysis (EAS, RES, NER and
TM).12,36

Including the formation of TM under non-sterile conditions
in the model structure leads to a different projected dynamic
despite xed parameter values for the formation of EAS, RES
and NER. Remobilization of NER might become relevant over
longer timescales in favour of the dissipation and actual
removal from the soil by the formation of TM as indicated by
a decrease of the simulated NER fraction (Fig. 1B and D).
Remobilization is not reected in the data and simulations for
This journal is © The Royal Society of Chemistry 2025
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Fig. 1 Observed (markers) and simulated (lines) concentrations under sterile (A and C) and non-sterile conditions (B and D–F) for different
pollutants in the easily extractable fraction EAS (blue), the residual fraction RES (red), the non-extractable fraction NER (yellow) and the trans-
formed and mineralized fraction TM of the pollutant (purple). In sub-figure (E), the concentration of the transformation product of sulfadiazine,
Ac-SDZ, is indicated in green. Dashed lines indicate simulation results for the substance fractions for which no data were available (in general TM
and/or NER).
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all compounds, e.g. sulfadiazine and ciprooxacin, both under
non-sterile conditions, over the observed timescale for which
the simulated NER fraction reaches a plateau (Fig. 1E and F),
suggesting that the reversibility of NER formation is
a substance-specic behaviour if, in contrast to our assumption
that NER was fully reversible, substance sequestration in soils is
partially irreversible,18 simulations longer than considered here
might lead to an overestimation of long-term remobilization.
This journal is © The Royal Society of Chemistry 2025
In the case of bezabrate, the parameters from the dataset
under sterile conditions lead to a slight overestimation of EAS and
RES for the non-sterile dataset that could not be compensated by
the formation of TM. This might be caused by an overestimation
of the initial conditions and hence of the total mass of pharma-
ceutical in this case. E.g. an overestimation of 10% (within the
experimental error) can cause a substantial overestimation of
total mass in the system. In cases where a tailing of the
Environ. Sci.: Processes Impacts, 2025, 27, 649–660 | 655
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dissipation process is observed (due to a “balance” in long-term
sequestration and desorption), the model was able to simulate
this effect (Fig. 1A, C and D). Dissipation leads to a decrease in the
observed pollutant mass in the EAS and RES fraction of all
investigated compounds by an average of 60% by the end of the
experiment (60–220 days). The NER and TM fractions increase
analogously with the decrease in EAS and RES through dissipa-
tion. The relevance of the three main processes – Freundlich
sorption, transformation and mineralization as well as
intraparticle-diffusion – differs substantially between substances
and presence or absence ofmicrobial activity (see Table 3). For the
rst 40 days, Freundlich sorption and intraparticle diffusion
contribute almost equally to the total average mass ux, while
transformation and mineralization play only a minor role in the
non-sterile datasets (set to zero for the sterile datasets). The mass
uxes of the respective processes were normalized to the number
of elements within a process (e.g. shells in the particle, soil water,
TM pool, etc.) to factor out an overestimation of the respective
mass ux by transitions within the same process (e.g. diffusion
between multiple shells). The relevance of Freundlich sorption
decreases over time in favour of diffusion. Intraparticle diffusion
is generally much slower to equilibrate due to the high number of
particle shells. Therefore, its relative relevance is higher in later
stages of the experiment, although total mass uxes are orders of
magnitude lower in these later stages of the experiment. Unlike
sorption the formation of TM is irreversible. Hence, it only ceases
when all pollutant mass is transformed and/or mineralized. Due
to the low availability of pollutant mass in the water phase, this
process is very slow. This leads to higher relative mass uxes of
TM in later stages of the experiment when sorption processes are
close to equilibrium. The relevance of transformation and
mineralization might be underestimated, since any amount of
Table 3 Relative mass fluxes of the respective processes normalized to
reference soil mass of one kilogram (mean value, ranges in the line below
first forty days exceeds one percent of the total mass in the soil

Simulation time

0–40 days

Sorption
[%]

TM
[%]

Diffusion
[%]

Bezabrate non-sterile 72 6 22
69–74 3–13 17–25

Bezabrate sterile 66 0 34
50–75 25–50

Ciprooxacin non-sterile 0.3 0 100
0–9 0–0.1 91–100

Diclofenac non-sterile 13 5 80
8–19 1–11 78–89

Diclofenac sterile 7 0 93
0–28 72–100

Naproxen non-sterile 78 10 12
77–78 10–11 12–13

Naproxen sterile 81 0 19
25–84 16–75

Sulfamethoxazole non-sterile 49 1 50
48–50 0–2 49–51

Sulfamethoxazole sterile 52 0 48
3–62 38–97

656 | Environ. Sci.: Processes Impacts, 2025, 27, 649–660
pollutant might be part of the Freundlich sorption and
intraparticle diffusion process multiple times but can only once
undergo the transition to the TM pool.

The role of the kinetic sorption processes in relation to their
equilibrium state changes during the course of the experiment.
Therefore, the simulated aqueous compound concentration (Cw)
and the compound concentration averaged across all particle
shells are compared to their respective equilibrium (Fig. 2). Please
note that the sorption equilibrium (dashed lines in Fig. 2)
changes gradually due to the irreversible formation of TM, which
reduces the total available mass of pollutant over time and thus
the absolute equilibrium concentrations. In the beginning of the
experiment, concentrations differ substantially from the sorption
equilibrium.

In the example shown in Fig. 2, the concentrations approach
equilibrium of Freundlich sorption in the rst half of the exper-
iment. Aer this, sorption processes between the outer shell and
the aqueous phase are almost in equilibrium and their sorption
kinetics play only a minor role. The time required to reach
Freundlich sorption equilibrium differs substantially between
pharmaceuticals. Fast sorbing pharmaceuticals equilibrate
almost instantly (e.g. trimethoprim, carbamazepine).

Estimation of the extraction bias

Based on the estimated extraction bias, the investigated pharma-
ceuticals can be divided into substances with high extraction bias
(NRMSEextract $ 0.47) and those with low extraction bias
(NRMSEextract # 0.28) (see Fig. 3 for comparison). The categoriza-
tion of a substance as having a “high extraction bias” corresponds
to an overestimation of the soil water concentration of more than
40%. The substances with high extraction bias include cipro-
oxacin, trimethoprim and carbamazepine. Ciprooxacin and
the number of elements within that process and normalized to the
). Only those pollutants are listed for which the averagemass flux in the

40–80 days

Mass ux
[mg per day]

Sorption
[%]

TM
[%]

Diffusion
[%]

Mass ux
[mg per day]

4.5 20 10 70 0.2
3.8–5.6 4–32 7–11 60–89 0.1–0.2
6.1 33 0 67 0.7
4–8.4 23–57 43–77 0.6–1
0.2 1 0 99 0.07
0.1–1.6 0–22 0–0.2 78–100 0.04–0.1
23.5 1 3 96 0.04
9.2–31.5 0–1 1–6 94–98 0.01–0.4
160 17 0 83 0
50–200 0–95 5–100 0–0.5
86 67 17 16 30
82–94 67–67 17–18 16–16 30–33
70 68 0 32 25
26–160 54–76 24–46 18–34
303 4 13 83 4
291–320 2–15 0–14 77–86 2–7
297 14 0 86 2
257–500 6–65 35–94 0–4

This journal is © The Royal Society of Chemistry 2025
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Fig. 2 Simulation of bezafibrate concentrations in the aqueous phase
(CW, blue) and averaged across all particle shells (red) in a non-sterile
soil. Dashed lines indicate the equilibrium concentrations, based on
the Freundlich-model, while solid lines indicate the simulation results
with the calibrated model.

Fig. 3 Exemplary visualization of the simulated sulfamethoxazole (left)
and trimethoprim (right) concentration under sterilized conditions in
soil water (Cw) without extraction (solid blue) and as it would be
observed in the extracted fraction (dashed blue).
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trimethoprim are the only pharmaceuticals in the analysed dataset
which have a positive charge at soil pH (Table S3†), so that cation
exchange is a possible sorption process.44–46 Cation exchange with
Ca2+ added with the CaCl2 extraction solution is a possible
explanation for fast desorption that causes a high extraction bias.
A previous study identied a correlation between sorption of
trimethoprim and ciprooxacin and cation exchange capacity.44

Carbamazepine is the only substance with a neutral charge at soil
pH, which is a possible reason for fast desorption that has also
been described by other studies, especially from carbon rich
substrate.47,48

Most calibrated parameters show little to no correlation to the
extraction bias. Only the Freundlich exponent m shows a signi-
cant correlation (Table S2†). The correlation for the Freundlich
exponentm is highest for the Pearson coefficient andmuch lower
and not signicant for Spearman and Kendall's s. Kendall's s is
less susceptible to extreme values.49Hence, the correlation shown
by the Pearson coefficient might be mostly based on the more
extreme values for pharmaceuticals with high extraction bias.
This journal is © The Royal Society of Chemistry 2025
Sensitivity and uncertainty analysis

Unlike a local sensitivity, the global sensitivity is a property of the
model. It depends on the chosen prior parameter distribution
but not on the calibrated parameter values. Since some param-
eter distributions are compound-specic, the sensitivity is not
necessarily equal for all compounds, but is averaged over
compounds that are simulated with the same combination of
model and data source (Tables S5–S7†). For the model used for
the sterile datasets fromDalkmann et al. 2014,13 the RES andNER
fractions are most sensitive to the apparent diffusivity D, since
diffusion affects these fractions directly. EAS, which is only
directly affected by Freundlich sorption, ismost sensitive towards
the Freundlich sorption rate parameter a and the Freundlich
parameters Kf and m. Overall, out of all sorption parameters, the
model is most sensitive to m, which can be explained by its
exponential effect. Kf is the least sensitive sorption parameter,
which is most likely outperformed by m, since both parameters
describe the Freundlich equilibrium. EAS is, unlike all other
fractions, moderately sensitive to the scaling factor b.

Unlike the sensitivity analysis for the model applied to the
data from Dalkmann et al. 2014,13 the sensitivity analysis for the
model applied to the data from Sittig et al. 2012 (ref. 12)
considers both dissipation pathways (TM and NER) (Table S6†).
In this case, the mass fractions are most sensitive to the rate
constant for transformation and mineralization kTM. The
sensitivity is highest for Cw and TM that are directly affected by
the rate constant kTM, and propagates to the other pollutant
fractions. EAS and RES are most sensitive to the Freundlich
sorption rate constant a and the Freundlich parameters Kf and
m, due to Freundlich sorption affecting these quantities
directly. NER is most sensitive to the apparent diffusivity D,
which is the only parameter that controls the formation of NER.
Unlike the rate constant kTM, the sensitivity does not propagate
to the other pollutant fractions. Most likely, this is caused by the
availability of data about the NER fraction. This means that the
amount of NER is xed, while the amount of TM can only be
estimated by the mass balance.

The sensitivity analysis for the model applied to the data of
Förster et al. 2009 (ref. 14) is, in general, similar to the sensitivity
results for themodel related to the data from Sittig et al. 2012 (ref.
12) (Table S7†). Nevertheless, unlike all other datasets, trans-
formation was observed in this dataset, so results regarding TM
might be more reliable. In contrast to the sensitivity for the data
from Sittig et al. 2012,12 NER and RES are less sensitive to kTM.
This might be caused by additional information in the data on
the transformation products, which is only the case in the data-
sets from Förster et al. 2009 (ref. 14) EAS is more sensitive
towards the parameters describing transformation between OH-
SDZ and Ac-SDZ than Freundlich sorption. Unlike for the other
datasets, no quantity was sensitive to the apparent diffusivity D.
Most likely, the kinetics of the formation of NER ismore sensitive
to the number of shells assigned to NER (see eqn (7) and (8)) than
to the diffusive process described by D.

The condence intervals of the determined parameters are
relatively small for established processes like Freundlich sorp-
tion kinetic and equilibrium, while the condence interval of
Environ. Sci.: Processes Impacts, 2025, 27, 649–660 | 657
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Fig. 4 Observed (markers) and simulated (lines) values of EAS (blue),
RES (red), NER (yellow, dashed) and TM (purple, dashed) of cipro-
floxacin. The left tile shows the NER-focused scenario. The right tile
shows the TM-focused scenario. Note that the right tile necessarily
indicates a better fit of the model to the data due to an additional
parameter (kTM) in the model structure available for calibration.
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the apparent diffusivity D is much larger, since the exact nature
of the diffusion process is less clear and might be more
simplied than the Freundlich sorption (Tables S8–S10†).

Characterization of dissipation

Depending on the shell distribution, either the NER- or TM-
dissipation pathway is dominant when both pathways are
considered. The exact amount of NER and TM is known for the
data from Sittig et al. 2012 (ref. 12) and Förster et al. 2009,14 where
NER was quantied experimentally (see Fig. S2 and S3†). However,
the dataset from Dalkmann et al. 2014 (ref. 13) does not contain
NER or TM data. Therefore, the shell distribution cannot be tted
in the same way as for the other two datasets. In the case where
both, sterile and non-sterile, datasets were available, it was
possible to determine the parameter kTM for transformation and
mineralization from the comparison of these two cases, assuming
no transformation and mineralization under sterile conditions. In
the case of ciprooxacin, only data taken under non-sterile
conditions was available. The model showed similarly good ts
when considering theNER-pathway or the TM-pathway (see Fig. 4).
This indicates that it is in general not possible to distinguish
between NER and TM solely by applying the different model
structures to extraction data without any knowledge about
potential degradation products or inclusion of a sterile treatment.

Conclusions

The assessment of environmental risks associated with pollut-
ants requires the estimation of “bioaccessible”, “bioavailable”
andmobile pollutants fractions in soils, which change over time,
based on sound conceptual models. In this study, the abstraction
of the soil as homogeneous spherical particles is one of several
options to conceptualize the soil's solid phase. Diffusion to the
centre of the particle as described in thismodel conceptmight, in
reality, be reected in similar mechanisms that cause hysteresis.
E.g., if pollutant mass diffused into the outer half (radius-wise) of
the particle only and the apparent diffusivity was a quarter of the
tted value (due to the quadratic nature of diffusion over
distance), the modelled observations would look similar,
assuming that the number of, now smaller shells, stays the same.
These mechanisms are indistinguishable from the chosen
658 | Environ. Sci.: Processes Impacts, 2025, 27, 649–660
mechanisms from a modelling perspective. A differentiation
between transformation andmineralization on the one hand and
NER formation on the other hand requires either the complete
experimental quantication of transformation products or the
quantication of NER formation e.g. bymeans of isotope-labelled
compounds, experiments under sterile and non-sterile condi-
tions or longer observation times to observe possible desorption.
Otherwise, the model cannot differentiate between these
processes. Extended observation periods may also be considered
to test the reversibility of NER formation. If the isolated deter-
mination of the individual simulated processes in experiments
were possible, the uncertainties for the structure and parameters
of the model could be decreased.

The estimated extraction bias was negligibly small for most
of the pharmaceuticals that were investigated in the datasets we
used. Hence, simple extractions with aqueous solutions allow
a reasonable assessment of “bioaccessible”, “bioavailable” or
biologically effective concentrations of pharmaceuticals. The
cases for which the estimation of “bioaccessible”, “bioavailable”
or “bioeffective” concentrations based on “mild”, aqueous
extracts might be challenging can probably be identied in
advance based on the chemical properties of the observed
compounds (i.e. ionic charge).
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1 J. I. Nieto-Juárez, R. A. Torres-Palma, A. M. Botero-Coy and
F. Hernández, Pharmaceuticals and environmental risk
This journal is © The Royal Society of Chemistry 2025

https://www.github.com/Sigma-Librae/IPDSM
http://creativecommons.org/licenses/by/3.0/
http://creativecommons.org/licenses/by/3.0/
https://doi.org/10.1039/d4em00777h


Paper Environmental Science: Processes & Impacts

O
pe

n 
A

cc
es

s 
A

rt
ic

le
. P

ub
lis

he
d 

on
 1

6 
Ja

nu
ar

y 
20

25
. D

ow
nl

oa
de

d 
on

 1
2/

6/
20

25
 3

:4
5:

53
 A

M
. 

 T
hi

s 
ar

tic
le

 is
 li

ce
ns

ed
 u

nd
er

 a
 C

re
at

iv
e 

C
om

m
on

s 
A

ttr
ib

ut
io

n 
3.

0 
U

np
or

te
d 

L
ic

en
ce

.
View Article Online
assessment in municipal wastewater treatment plants and
rivers from Peru, Environ. Int., 2021, 155, 106674.
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Adsorption-desorption processes of azo dye on natural
bentonite: batch experiments and modelling, Clay Miner.,
2014, 49, 747–763.

25 J. J. Pignatello and B. Xing, Mechanisms of Slow Sorption of
Organic Chemicals to Natural Particles, Environ. Sci.
Technol., 1996, 30, 1–11.

26 PubChem, PubChem, https://pubchem.ncbi.nlm.nih.gov/,
accessed 9 August 2023.

27 K. Styszko, J. Szczurowski, N. Czuma, D. Makowska,
M. Kistler and Ł. Uruski, Adsorptive removal of
pharmaceuticals and personal care products from aqueous
solutions by chemically treated y ash, Int. J. Environ. Sci.
Technol., 2018, 15, 493–506.
Environ. Sci.: Processes Impacts, 2025, 27, 649–660 | 659

https://pubchem.ncbi.nlm.nih.gov/
http://creativecommons.org/licenses/by/3.0/
http://creativecommons.org/licenses/by/3.0/
https://doi.org/10.1039/d4em00777h


Environmental Science: Processes & Impacts Paper

O
pe

n 
A

cc
es

s 
A

rt
ic

le
. P

ub
lis

he
d 

on
 1

6 
Ja

nu
ar

y 
20

25
. D

ow
nl

oa
de

d 
on

 1
2/

6/
20

25
 3

:4
5:

53
 A

M
. 

 T
hi

s 
ar

tic
le

 is
 li

ce
ns

ed
 u

nd
er

 a
 C

re
at

iv
e 

C
om

m
on

s 
A

ttr
ib

ut
io

n 
3.

0 
U

np
or

te
d 

L
ic

en
ce

.
View Article Online
28 P. C. Sharma, A. Jain, S. Jain, R. Pahwa and M. S. Yar,
Ciprooxacin: review on developments in synthetic,
analytical, and medicinal aspects, J. Enzyme Inhib. Med.
Chem., 2010, 25, 577–589.

29 B. Halling-Sørensen, H.-C. H. Lützhø, H. R. Andersen and
F. Ingerslev, Environmental risk assessment of antibiotics:
comparison of mecillinam, trimethoprim and
ciprooxacin, J. Antimicrob. Chemother., 2000, 46, 53–58.

30 M. Röhricht, J. Krisam, U. Weise, U. R. Kraus and
R.-A. Düring, Elimination of carbamazepine, diclofenac
and naproxen from treated wastewater by nanoltration,
Clean:Soil, Air, Water, 2009, 37, 638–641.

31 F. Barbato, G. Caliendo, M. I. La Rotonda, C. Silipo,
G. Toraldo and A. Vittoria, Distribution coefficients by
curve tting: Application to ionogenic nonsteroidal
antiinammatory drugs, Quant. Struct.-Act. Relat., 1986, 5,
88–95.

32 K. P. de Amorim, L. L. Romualdo and L. S. Andrade,
Performance and kinetic-mechanistic aspects in the
electrochemical degradation of sulfadiazine on boron-
doped diamond electrode, J. Braz. Chem. Soc., 2014, 25,
1484–1492.

33 S. G. Machatha and S. H. Yalkowsky, Comparison of the
octanol/water partition coefficients calculated by ClogP®,
ACDlogP and KowWin® to experimentally determined
values, Int. J. Pharm., 2005, 294, 185–192.

34 H. Lucida, J. E. Parkin and V. B. Sunderland, Kinetic study of
the reaction of sulfamethoxazole and glucose under acidic
conditions: I. Effect of pH and temperature, Int. J. Pharm.,
2000, 202, 47–62.

35 O. Mikes and S. Trapp, Acute toxicity of the dissociating
veterinary antibiotics trimethoprim to willow trees at
varying pH, Bull. Environ. Contam. Toxicol., 2010, 85, 556–
561.

36 A. Wehrhan, R. Kasteel, J. Simunek, J. Groeneweg and
H. Vereecken, Transport of sulfadiazine in soil columns—
experiments and modelling approaches, J. Contam. Hydrol.,
2007, 89, 107–135.

37 P. G. Constantine, E. Dow and Q. Wang, Active subspace
methods in theory and practice: Applications to Kriging
surfaces, SIAM J. Sci. Comput., 2014, 36, A1500–A1524.
660 | Environ. Sci.: Processes Impacts, 2025, 27, 649–660
38 P. G. Constantine, C. Kent and T. Bui-Thanh, Accelerating
Markov chain Monte Carlo with active subspaces, SIAM J.
Sci. Comput., 2016, 38, A2779–A2805.

39 P. G. Constantine and P. Diaz, Global sensitivity metrics
from active subspaces, Reliab. Eng. Syst. Saf., 2017, 162, 1–13.

40 D. Erdal and O. A. Cirpka, Global sensitivity analysis and
adaptive stochastic sampling of a subsurface-ow model
using active subspaces, Hydrol. Earth Syst. Sci., 2019, 23,
3787–3805.

41 MATLAB, 9.12.0.1884302 (R2022a), The MathWorks Inc.,
Natick, Massachusetts, 2022.

42 B. Efron, in Breakthroughs in Statistics: Methodology and
Distribution, ed. S. Kotz and N. L. Johnson, Springer, New
York, NY, 1992, pp. 569–593.

43 B. Efron and R. Tibshirani, Improvements on cross-
validation: The 632+ bootstrap method, J. Am. Stat. Assoc.,
1997, 92, 548–560.
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