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Changes in the nuclear shape caused by cellular shape changes are generally assumed to reflect an
elastic deformation from a spherical nuclear shape. Recent evidence, however, suggests that the nuclear
lamina, which forms the outer nuclear surface together with the nuclear envelope, possesses more area
than that of a sphere of the same volume. This excess area manifests as folds/wrinkles in the nuclear
surface in rounded cells and allows facile nuclear flattening during cell spreading without any changes in

Received 5th June 2024, nuclear volume or surface area. When the lamina becomes smooth and taut, it is inextensible, and

Accepted 31st July 2024 supports a surface tension. At this point, it is possible to mathematically calculate the limiting nuclear
shape purely based on geometric considerations. In this paper, we provide a commentary on the

“nuclear drop model” which seeks to integrate the above features. We outline its testable physical
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Introduction

Nuclei in fully spread cultured cells typically appear circular
and smooth when seen in microscopic images in the x-y plane
(i.e. from above or below). Perhaps for this reason, nuclei have
historically been assumed to be spherical organelles, both in
textbook presentations and in biomechanical models. Nuclei in
spread cells are not spherical, but instead are highly flattened
with small height/width aspect ratios and are non-spherical
with diverse shapes in vivo. In general, nuclear shape is
coordinated with cell shape, with elongated cells featuring
elongated cells and rounded cells featuring rounded nuclei."?

Our understanding of how the shape of the nucleus is
established in cells is rapidly evolving. It is known that dynamic
cytoskeletal forces that impinge on the nuclear surface cause
deformations in the nucleus.” Nuclear shape adjusts to the
changing force distribution on their surface in motile cells. The
mechanical response of the nucleus to the changing force
distribution is determined by the nuclear lamina and
chromatin.*® The nuclear lamina, a 15 nm thick shell-like
structure composed of nuclear lamin A/C and B-type lamins®
which underlies the nuclear envelope, is particularly important
in nuclear shaping. Perturbation of the thin lamina through
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properties and explore its biological implications.

depletion of lamin A/C softens the entire nucleus which is
many microns in size through mechanisms that are poorly
understood.

A natural starting point for modeling of nuclear shaping is
to consider the nucleus as a viscoelastic object. There is a
significant body of experimental papers that have probed the
nucleus with various external mechanical force applying tech-
niques, whether with atomic force microscopy (AFM), or micro-
pipette aspiration or nuclear compression.” > The nuclear
lamina was reported to resist extensional strain in micropipette
aspiration experiments, and it was proposed that this resis-
tance largely determines nuclear deformation under applied
force.”* Indeed, the nucleus deforms substantially more under
force in cells lacking lamin A/C or with low levels of lamin
A/C.1%151622725 More recent work has additionally implicated
chromatin in elastically resisting deformation at smaller
nuclear deformations.”® Imaging of chromatin motion in
nuclei of living cells has shown that chromatin behaves like a
viscoelastic material,>”*® with perhaps a short-lived elastic
component®® or a weak gel-like structure with short-lived
crosslinks.?® Also, rapid elastic shape fluctuations in the
nuclear lamina have been reported.*® The viscoelastic behavior
of chromatin may potentially reflect persistent solid-like chro-
matin subdomains interspersed within a liquid-like structure.**

That the nucleus clearly has viscoelastic properties has inspired
models in which the shape of the nucleus is established by
deformation from a spherical, smooth resting shape by cellular
forces.’*® Geometrically, deformation of a sphere requires either
an expansion of its surface area, compression of its volume, or
both. Indeed, elastic models of nuclear deformation consider an
expansion in the nuclear laminar area and/or compression in

This journal is © The Royal Society of Chemistry 2024
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13337 However, we and others

volume for predicting nuclear shape.
have found that nuclei can undergo deformations without changes
to surface area or volume.>*** This is possible, because rounded
nuclei have folds and wrinkles in the nuclear lamina.>**™** These
folds/wrinkles permit a wide range of shape changes of the nucleus
without requiring the mechanical work to stretch the lamina or
compress the nuclear volume. For this reason, we have concluded
that the amount of excess surface area of the nuclear lamina is
critical in determining the mechanical resistance of the nucleus to
deformation, and nuclear shape.** Models based on elastic defor-
mation of the nuclear lamina or chromatin from a spherical resting
state ignore the critical role of excess surface area in determining
nuclear shape and mechanics.***’

Here, we provide a commentary on our recently proposed
nuclear drop model,*>*® which seeks to integrate the above con-

siderations into an alternative model of nuclear shaping in cells.

A new model for nuclear shaping

In the nuclear drop model, laminar tension is considered to
emerge when the wrinkled lamina becomes smooth and taut
whereupon it resists expansion of its surface area (Fig. 1A).
Analogous to how the surface tension balances pressure across
a curved interface of a liquid drop, the surface tension of the
curved, smooth lamina balances the pressure difference between
the nuclear interior and the cytoplasm. At mechanical equili-
brium, the pressure difference AP between the nucleoplasm and
the cytoplasm will be related to the mean curvature, H, and
surface tension t by the law of Laplace
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Assuming AP and 7 are nearly uniform across the nucleus-
cytoplasm interface, this relation explains why the taut nuclear
lamina in spread cells typically appears as a surface of constant
mean curvature.**

However, the nucleus is not like a liquid drop in other respects.
The source of nuclear surface tension is the resistance of the taut
lamina to areal expansion; further, this surface tension emerges
abruptly and only when the lamina becomes taut.

Overall, when the lamina is highly wrinkled, the nucleus is
predicted to be highly compliant to cellular forces. When nuclei
flatten or elongate such that the lamina eventually becomes
smooth and taut, the resistance to laminar stretching or
volume compression are predicted to be too high for cellular
forces, resulting in a steady state nuclear shape (an example of
a wrinkled nucleus in rounded cells and taut nucleus in spread
cells is in Fig. 1B). That the taut lamina is likely to be essentially
inextensible in cells can be seen from an estimate of the upper
bound on lamina area strain. For a typical estimate of the
nuclear bulk modulus of ~ 5 kPa (or 5 nN pm™?),*” a reasonable
upper bound on nuclear pressure (relative to cytoplasm) is <
0.5 nN pum™> (assuming <10% volume compression). From
observed limiting nuclear shapes of flattened nuclei, the upper
bound on highest mean curvature at the sides of the nucleus is
< 0.4 um ™. As such, the laminar surface tension is unlikely to
exceed 0.6 nN pm ™" based on the law of Laplace. Thus, upon
applying the measured dilational modulus of the lamina of
390 nN um*,*" we conservatively estimate an upper bound on
laminar areal strain to be <0.2%, which is very small.

Wrinkled Nucleus

30 pm FN
p-pattern

50 um FN
p-pattern

Fig. 1 A. The resistance of the liquid drop-like nucleus to deformation is highly dependent on the state of the excess surface area of the nuclear lamina.
Excess surface area allows a rounded nucleus to easily change shape with little resistance, without stretching the lamina area or compressing the nuclear
volume. Only under larger deformations does the lamina becomes taut (with surface tension). At this point, the nucleus strongly resists any further
deformation that would require stretching of the surface area of the lamina or compression of the nuclear volume. B. High resolution confocal
fluorescence images of HT-1080 cells expressing GFP-LMNA (green) and stained for F-actin (cyan) cultured on rhodamine-fibronectin micropatterned

circular islands with 30 or 50 pm diameter. The scale bar is 20 pm.
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Excess surface area of the nuclear
lamina determines nuclear shape

One insight of the model in Fig. 1, in which the nucleus
deforms at constant area and volume and a limiting, final
nuclear shape is reached when the lamina is fully unfolded
(at which point it is inextensible), is that the three-dimensional
limiting nuclear shapes in cells are geometrically determined.
Thus, the model predicts that the limiting nuclear shape is not
determined by cellular forces* as is typically assumed. Rather
it is the amount of excess area in the nuclear lamina that
impacts the final shape of the nucleus.

Fig. 2A shows cell and nuclear shapes which were calculated
entirely from geometric considerations, by solving for the
surfaces of constant mean curvature under the constraints of
fixed area of the nuclear lamina, cell volume, and nuclear
volume. Details of the mathematical derivation can be found

View Article Online

Perspective

in ref. 44. The calculation shows three cell and nuclear surfaces
with distinct curvatures observable in x-z cross-sections of fully
spread cells (see x-z cell shape in bottom panel of Fig. 1B, and
calculation of nuclear shape in Fig. 2B). The model predicts
progressively more flattened nuclear shapes for higher excess
areas (Fig. 2C). This calculation quantitatively confirms the
principle that the flattened shapes of nuclei, and corres-
ponding levels of cell flattening, are determined geometrically
by the excess area of the lamina.

The geometric model successfully explains the indented
nuclear shapes developed when the nucleus deforms against
slender microposts during cell migration*® (Fig. 2D). The experi-
mentally observed nuclear shapes look similar to the indented
shapes of an oil drop in liquid by a metal wire,"® suggestive of
drop-like nuclear deformation. Model calculations predict simi-
lar nuclear shapes (Fig. 2D); the predicted shapes are again
sensitive to the amount of excess area (Fig. 2D).

A Cortex  Nucleus side Joint Surface
(Unduloid)  (Nodoid) (Spherical Cap)
Hcell Hnuc cap
Nucleus
Cytoplasm
B .
/ Spherical cap
nodoid sides ______
<
0%
1%
20%
40%
60%
80%

Fig. 2 Calculation of nuclear shapes based on the nuclear drop model (sub-parts of the figure adapted from Dickinson and Lele, Front. Cell Develop.
Biol. 2023*%). (A) Calculations of x—z profile of cell and nuclear surfaces. Shown are the calculated cell cortical-extracellular medium interface (an
unduloid surface of curvature Hy), the nuclear—cytoplasmic interface (a nodoid surface of curvature H,,c), and the nuclear-cortical interface with the
extracellular medium (a spherical cap of curvature Hc,p). (B) Calculated cell and nuclear shapes at different values of excess surface area. Higher excess
lamina area corresponds to flatter nuclei for the same nuclear and cell volume. (C) Predicted nuclear shape (white-dotted line) overlaid with an x-z
cross-section of an image of the nuclear lamina, showing close agreement for the distinct labeled surfaces. (D) Comparison of predicted 3D shapes of
nuclei indented by a 1-um diameter micropost compared to shapes of GFP-lamin expressing nuclei (green) deformed against a collagen fiber (left) or a
micropost (right) reported in Katiyar et al. Adv. Sci. 2022.%¢ Calculated shapes are showing from different viewing angles and for varying excess area. Scale
bar is 5 microns.
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Consistent with the notion that there is little resistance to
deformation when the nuclear lamina has folds/wrinkles in it,
the nucleus can flatten to limiting shapes even after pharmaco-
logical inhibition of actomyosin forces.® That myosin II inhibi-
tion impacts nuclear height in spread cells has been broadly
reported.***®*° We reported similar results previously,® however,
we noted that so long as there is no change in cell shape owing to
actomyosin inhibition, nuclei will stay flattened in spread cells
even after myosin inhibition. If myosin inhibition causes cell
rounding, then the nucleus will undergo a rounding - thus
interpretations of how inhibiting specific force generating ele-
ments in the cell impact nuclear shape must critically account
for concomitant changes in cell shape.

Given the success of the drop model in predicting nuclear
shapes while accounting for excess area, we propose that the
viscoelastic properties of the nucleus, while governing the
dynamic response of the nucleus to cellular force, do not actually
determine nuclear shape in cells. However, the constant volume
and constant area constraint on the nucleus is obviously due to
the specific values of the extensional and bulk moduli of the
nucleus. Modifications to the laminar modulus or the bulk
modulus will in turn impact these properties of the nuclear
drop. For example, a decrease in lamin A/C levels, as occurs in
human diseases like cancer, will relax the areal constraint.
Alterations to chromatin conformation or osmotic coupling with
the cytoplasm,’®>> which determine the bulk modulus, could
modify the nuclear pressure, altering nuclear shape.

The drop model has the following testable properties, which
are supported by or are consistent with evidence in the corres-
ponding cited papers:

(1) Presence of wrinkles in the nuclear lamina in a rounded
nucleus®® and a dynamic folding/unfolding of the lamina
during nuclear shape changes.>*

(2) The steady state shape of a compressed nucleus features
a taut lamina resulting in a surface tension.”®

(3) Little resistance to nuclear deformation when the lamina
is wrinkled, detectable as an abrupt stiffening when a steadily
deforming nucleus reaches a shape with a smooth, taut
lamina‘3,26,56,57

(4) Small resistance to deformation at the typical slow times
of nuclear shape changes in cells.*®

(5) When the lamin A/C containing nuclear lamina is fully
taut, free surfaces of the nuclei have constant mean
curvatures®**® consistent with the law of Laplace.

(6) The interior of the nucleus is pressurized when the
lamina is taut, detectable in confinement through blebbing or
rupture.*®>®

(7) Knockdown of lamin A/C causes irregular nuclear shapes,
indicative of a lack of resistance to changes in surface area*®>’
(i.e. a reduction in surface tension).

(8) Force insensitivity of limiting nuclear shapes allowing calcula-
tion of nuclear shapes purely based on geometric analysis.***

(9) Resistance of nuclear contents to volume changes due to
osmotic pressure of nuclear contents.®

(10) A lack of stored elastic energy in the nuclear shape on
physiologically relevant time scales.®'

This journal is © The Royal Society of Chemistry 2024
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Future directions: exploring biological
implications of the nuclear drop model

The nuclear drop model may require a rethink of how altera-
tions to nuclear lamins and chromatin contribute to nuclear
defects such as shape anomalies or nuclear rupturing in
human diseases and how nuclear deformations mediate cell
functions such as cell migration in confinement or cellular
sensing of mechanical cues such as matrix stiffness.

A model of a nucleus in which its shape when the lamina is
taut/smooth is determined purely by geometric considerations
offers alternative explanations for the diverse types of nuclear
deformations with biological functions that have been
reported.®> When the nuclear lamina reaches a smooth, taut
state, the nucleus should deform into shapes such that free,
smooth laminar surfaces have constant curvatures like a drop;
this is indeed what is observed. Second, the effect of perturbing
the nuclear lamins on nuclear shape can be explained by
analogy with treatment of oil drop emulsions in water with
surfactant, which reduces the surface tension and the pressure
difference across the interface. A drop without surface tension
can deform without limit on its surface area. Nuclei lacking
lamin A/C deform around slender obstacles without a limit on
surface area resulting in highly abnormal nuclear shapes.*®
Thus, the ability of the nuclear lamina to support a surface
tension is strongly dependent on the presence of lamin A/C.
This principle may underlie abnormal nuclear shapes observed
in human diseases such as cancer where lamin levels can be
altered® or in diseases associated with lamin mutations such
as progeria.®*®® Likewise, the drop model can explain the
polymorphonuclear shapes in granulocytes because they have
low levels of lamin A/C.°”

Nuclei are observed to bleb upon confinement and even-
tually rupture.®®”® Nuclear blebbing in confinement and sub-
sequent rupture can be explained as caused by an increased
pressure inside the nuclear drop, that is balanced by eventual,
unsustainable levels of tension in the lamina resulting in local
tearing, pressurized membrane blebs and subsequent
rupture.*®®®7" Similarly, blebbing and rupture of the nuclear
envelope upon chromatin decondensation’® may be explained
by an increase in the pressure differential across the nuclear
envelope resulting in a breach in the lamina. Rupture of the
lamina and bleb formation breaks the constraint of an inexten-
sible lamina surface area enclosing the nuclear volume, thereby
releasing nuclear pressure and allowing the nucleus to take on
more extreme deformations.

Beyond balancing nuclear pressure and establishing nuclear
shape, the biological functions of the tension in the taut
nuclear lamina are worth investigating. Tethering between
the nuclear lamina and the nuclear envelope could transmit
laminar tension to the nuclear envelope. As tension in the
7374 or open
mechanosensitive channels,”” tension in the nuclear lamina

nuclear membrane can dilate nuclear pores,

may exert indirect control on nuclear pore transport and cell
signaling. Likewise, how the drop-like properties of the
nucleus, particularly surface tension conferred by lamin A/C,

Soft Matter, 2024, 20, 7558-7565 | 7561
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allow it to limit migration through confinement, remains

to be investigated.

Summary

The nucleus is considered to be far stiffer than the cytoskeleton
because of its high resistance to deformation apparent in AFM or
micropipette aspiration experiments that rapidly deform the
nucleus on time scales of a few seconds. But on the slow time
scales of deformation typical in cells (tens of seconds to minutes),
the nucleus is not stiff to deformation. When the nucleus is
rounded, its nuclear lamina is wrinkled owing to the presence of
an excess area over a sphere of the same volume. The resistance to
changing the shape of such a rounded nucleus is minimal as the
apparent surface area of such a shape can increase without making
the lamina taut owing to the excess surface area. When the lamina
eventually becomes taut, it resists an increase in area. A surface
tension develops in the nuclear lamina at this point that is
balanced by nuclear pressure. Then, the nucleus becomes ‘stiff’
to deformation, but even after this point, the nucleus can easily
change shape so long as it maintains constant area and volume.
This is possible as the nuclear contents behave as a viscous fluid on
slow time scales of deformation. As such, nuclei do not appear stiff
to cells, except with respect to extreme deformations that would
require a stretching of the area of the lamina or compression of the
volume. The nuclear drop model explains these key features of
nuclear deformation, and quantitatively explains limiting nuclear
shapes as a simple consequence of excess area in the nuclear
lamina. The full biological implications of drop-like behavior of the
nucleus await further investigation.

Data availability
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figure legend. All other data is available within the article.
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