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uced change of microemulsion
phase structure in controlled pore glass (CPG)
monoliths†
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Kathleen Wood, d Sylvain Prévost, e Pierre Schröer, a Tomáš Omasta,a

Tim Julian Stank, c Thomas Hellweg c and Stefan Wellert *a

We use small-angle neutron scattering (SANS) to investigate the structure and phase behavior of a complex

fluid within meso- and macroporous matrices. Specifically, bicontinuous microemulsions of the

temperature-dependent ternary system C10E4–water–n-octane are investigated in controlled pore glass

(CPG) membranes with nominal pore diameters of 10 nm, 20 nm, 50 nm, and 100 nm. The scattering

data were analyzed using the Teubner–Strey model and a multiphase generalization of clipped

Gaussian-field models. The analysis indicates changes in the phase structure of the bicontinuous

microemulsion in the membranes with the smallest pores. This is attributed to a shift in the ternary phase

diagram toward a three-phase structure at lower surfactant concentrations. This effect is likely related to

a larger internal surface area in the membranes with smaller pores, which enhances surfactant

adsorption onto the pore walls.
1 Introduction

Investigations in the eld of somatter in connement are very
interdisciplinary in nature.1,2 Typical length scales of somatter
are in the range of nanometers and micrometers, and relevant
thermal energies of the order of a few kBT. Forcing so matter
into geometric connement can reduce its degrees of freedom,
inuence its phase behavior and structure, or induce changes in
molecular interactions. Such systems include colloidal disper-
sions, polymer solutions or nanoscopically structured complex
uids inside pores or channels.1–3

The connement may be static, such as porous solid mate-
rials, channels, or membranes, or dynamic, such as a crowded
environment or time-variant gradients in an external eld.4

Static connement effects depend on several material proper-
ties of the conning matrix, like the pore size, shape, and
surface area, as well as the chemical composition of the pore
walls, which affects the interaction between the solid surface
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and the conned so matter.5,6 Connement effects in solid
porous materials include the hindered formation of ice, vapor
condensation, etc.7,8 Conned liquids such as binary mixtures of
simple liquids can deviate strongly from their behavior in bulk,
including the absence of the macroscopic phase separation,
shi, and shrinkage of the miscibility window.6 These effects
can be accompanied by preferential wetting of one of the two
phases, a suppression or slowing down of macroscopic sepa-
ration, and a reduction of critical uctuations inside the pores.
Different from these binary mixtures exhibiting a miscibility
gap are microemulsions, which are thermodynamically stable
mixtures of oil and water in the presence of surfactant mole-
cules. Here, the solid connement and its extremely large
internal surface area might affect the phase behavior and
structural properties of the conned microemulsion due to
interactions of these complex uids with the solid interface.9–13

Microemulsions are thermodynamically stable colloidal
systems spontaneously formed by water, oil, and an amphi-
phile. Their unique properties are desirable for a wide range of
applications,14 including pharmaceutics,15 cosmetics,16

enhanced oil recovery (EOR),17,18 decontamination19,20 and
remediation.21 In addition to its fundamental interest, the
understanding of the behavior of microemulsions in porous
materials is central for most applications. The microemulsion
utilized in this study is a ternary system based on a non-ionic
surfactant belonging to the alkyl oligoethylene oxide (CiEj)
class. These systems have been extensively studied22–25 and they
provide a valuable platform for studying fundamental aspects of
phase behavior in connement. The composition of the
© 2024 The Author(s). Published by the Royal Society of Chemistry
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Fig. 1 (a) Schematic representation of the three-dimensional phase
prism formed by the ternary system C10E4–water–n-octane and
temperature T in the vertical direction as tuning parameter for the
curvature of the amphiphilic interface between water and oil. (b) With
constant temperature, a two-dimensional horizontal cut through the
prism is achieved, forming a ternary phase diagram. It shows the
existence of single-, two-, and three-phase regions. (c) In the case of
a fixed oil-to-water ratio a = 0.5, the phase prism is cut in the vertical
direction, forming the well-known two-dimensional fish-type
diagram. For further details on the phase behavior, see.22,23,41
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microemulsion and temperature in this study were selected to
be in the center of the bicontinuous single-phase region. The
water and oil domains are separated by a surfactant monolayer,
which forms a sponge-like pattern. Droplet microemulsions
were already explored inside cylindrical pores and reported
deformation of these droplets when the pore size was smaller
than the droplet.26 Several studies on the near-surface structure
of bicontinuous microemulsions with a planar conning
surface reported the existence of surface-induced lamellar
ordering.9–13 Recently, we discovered that the temperature-
dependent behavior of the microemulsion is suppressed in
small pores.27

This study focuses on controlled pore glasses (CPG) as model
porous materials. These are disordered sponge-like silica
structures with a narrow pore size distribution.6,28 Their struc-
ture has been studied by different methods, including electron
microscopy and small angle scattering (SAS).29,30 SAS is a unique
tool to elucidate the nanometer-scale structure of so matter
inside a porous material,31–34 but it relies on suitable scattering
data analysis methods. Traditional approaches include Cahn's
decomposition model35 extended by Teubner and Strey (TS),36

which describe well the main feature of the scattering signal but
are unable to describe the signal over the complete q-range.
Other approaches are based on multi-phase generalizations of
clipped Gaussian random eld models,37,38 which enables one
to reconstruct the microemulsion nanometer-scale structure
inside the mesopores.39

To our knowledge, this complex uid inside a disordered
porous material has not been studied by small-angle neutron
scattering (SANS). This study compares two distinct methodol-
ogies for analyzing the intricate SANS signal. The rst approach
is a conventional tting method, and the second is modeling
the invariant Q and applying plurigaussian tting. Further-
more, the inuence of the surface polarity and the pore size of
the conning matrix is investigated. Such insights are crucial
for advancing our understanding of conned so matter
systems and improving the design of novel materials for
applications based on bicontinuous microemulsions.

2 Experimental
2.1 Materials

Water was puried using a Milli-Q system (Millipore), reaching
a nal resistance of 18 MU. Tetraethylene glycol monodecyl
ether (C10E4) (>95%) was purchased from Bachem. n-Octane,
dichlorodimethylsilane (DCDMS), and anhydrous toluene
(99.8%) were purchased from Sigma-Aldrich. Sulfuric acid
(95%) and aqueous solution of hydrogen peroxide (30%, stabi-
lized) were purchased from VWR Chemicals. Deuterium oxide
(D2O, 99.9%) was purchased from Deutero. Chemicals were
used as received.

Monolithic CPG membranes with dimensions 10 × 10 ×

1.2 mm (L ×W× H) were purchased from Boraglas GmbH. Pore
diameter (dP,Hg), pore volume (VP), and porosity (3 = VP/V) were
determined by Hg intrusion measurements from the supplier
and can be found in the Table 2. The pore size distribution can
be found in the ESI Fig. S1.† The CPGs were cleaned according
© 2024 The Author(s). Published by the Royal Society of Chemistry
to the following procedure. First, they were cleaned in Milli-Q
water using an ultrasonic bath and dried under a nitrogen
stream. Then the CPGs were immersed in a Piranha solution (v/
v = 1 : 1; H2SO4, H2O2aq.) for 20 min. To remove the Piranha
solution from hard-to-reach pores, the CPGs were rst thor-
oughly rinsed with water and placed in an ultrasonic bath for
15 min. Aerward, the CPGs were dried overnight in a vacuum
furnace at 40 °C.
2.2 Surface modication of CPG membranes

The surface polarity was altered following a modied procedure
of Bosley and Clayton.40 25 mL Anhydrous toluene per CPG
membrane was transferred into a glass reactor, purged with
nitrogen for 30 min, and stirred at 300 rpm. Aerward, 7 mL
DCDMS was added to the toluene and stirred for 5 min at
600 rpm. The cleaned and dried CPG membranes were placed
separately in a PTFE tube. Then 25mL of this solution was added
to each PTFE tube and placed on an orbital shaker for 1 h at room
temperature. The CPG membranes were subsequently washed
twice with toluene, acetone, andMilli-Q water using an ultrasonic
bath for 10 min and dried in a vacuum furnace at 40 °C.
2.3 Methods

2.3.1 Microemulsion preparation and characterization.
The temperature-dependent phase behavior of the ternary
system C10E4–H2O–n-octane is well characterized and discussed
in the literature.25,41 The general features of temperature-
dependent phase behavior in a ternary oil–water–surfactant
system are shown in Fig. 1. Since the investigated system was
already intensively studied, it was not necessary to fully char-
acterize the phase behavior. All analyzed samples originate
from the bicontinuous phase of the system.25,42 The
RSC Adv., 2024, 14, 28272–28284 | 28273
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bicontinuous microemulsion was prepared using equal
volumes of n-octane and heavy water, corresponding to volume
fraction

fW ¼ VD2O

VD2O þ Vn-octane

¼ 0:5

and a surfactant concentration of 12.84 wt% obtained from

g ¼ msurfactant

msurfactant þmD2O þmn-octane

¼ 0:1284:

To ensure that the samples are bicontinuous and monophasic,
the microemulsion samples were stored in a thermostated
cabinet at T = 22 °C prior to all measurements.

2.3.2 N2-porosimetry. Nitrogen adsorption/desorption
isotherms were measured on an Autosorb-1 (Quantachrome)
at 77 K. Before the measurements, the samples were degassed
under vacuum at 90 °C for 24 h to remove any impurities. The
specic surface area (AS) was obtained using the multi-point
Brunauer–Emmet–Teller (BET) method.

2.3.3 Surfactant adsorption onto CPG. The adsorption from
aqueous C10E4 solutions onto hydrophilic and hydrophobic CPG
was studied using the method of depletion.43 The CPG
membranes were placed in the surfactant solutions for 24 h at
22 °C. Aer removal of the CPG, the equilibrium surfactant
concentration of the supernatant was determined by measuring
the surface tension with a Du-Noüy ring on a DCAT tensiometer
(Data Physics) at 22 °C, using a calibration curve of the surface
tension s over the surfactant concentration log c of an aqueous
C10E4 solution. For surfactant concentrations above the critical
micellar concentration (cmc), the supernatant was diluted with
water until the surface tension s was higher than scmc.

The S-shaped isotherms are described by the equation by Gu
and Zhu44 and can be found in the ESI in Fig. S2.†

G ¼ Gmax

Kðc=cmcÞn
1þ ðc=cmcÞn (1)

The maximum amount of adsorbed surfactant Gmax is extracted
from the isotherms and shown in Fig. 2 against the specic
surface area for hydrophilic and hydrophobic CPGs.

2.3.4 Small angle neutron scattering. Small angle neutron
scattering (SANS) experiments were performed at the D22
instrument at the Institut Laue-Langevin (ILL, Grenoble,
Fig. 2 Maximum adsorbed C10E4 surfactant from aqueous solution
onto hydrophilic CPG (blue) and hydrophobic (yellow).

28274 | RSC Adv., 2024, 14, 28272–28284
France)45 and at the Quokka instrument at the Australian
Nuclear Science and Technology Organisation (ANSTO, Sydney,
Australia).46 All data are expressed as the scattering cross-
section against the magnitude of the scattering vector q given by

q ¼ jqj ¼ 4p
l

sinðq=2Þ, where q is the scattering angle and l is

the neutron wavelength.
The Quokka instrument was used with three different

congurations. The wavelength (l) and sample-to-detector
distance (lSD) were set to l = 6 Å, lSD = 1.35 m (high q), l = 6
Å, lSD = 8 m (mid q), l = 8.1 Å with a lens focusing optics, lSD =

20 m (low q). With these congurations a q-range of 5 × 10−4 to
0.6 Å−1 was covered. At the D22 instrument a single congura-
tion with a l = 6 Å and two separate detectors at the distance of
lSD = 17.6 m and lSD = 1.4 m with an angle of 20° was used
which leads to a covered q-range of 2.6 × 10−3 to 0.64 Å−1.

The bicontinuousmicroemulsion wasmeasured inside Hellma
QS cells (path length of 1 mm). The CPG membranes were placed
between two quartz windows in a sandwich cell for solids. A Viton
spacer with a thickness of 1.4 mm was used as a sealing, which
resulted in a path length of 1.2 mm. The required amount of
microemulsion was adjusted according to the porosity and added
to the CPG membrane before closing the sandwich cell with
screws. All measurements were performed at 22 °C.

The data reduction at the D22 was performed using the
Grasp v10.17 soware, normalizing with monitor, subtracting
the contribution from the empty cell, taking into account noise
from the measurement with a sintered10B4C piece at the sample
position, and using for transmission the intensity from the
attenuated direct beam. At the Quokka instrument, the data
reduction was performed using macros written in IGOR.47 The
data were analyzed using Python and Matlab.
3 Scattering data analysis

The differential scattering cross-section dS/dU(q) per unit
volume of the material is the Fourier transform of the
scattering-length density correlation function. In the case of an
isotropic structure, this takes the form

dS

dU
ðqÞ ¼

ðN
0

sinðqrÞ
qr

CrðrÞ4pr2dr (2)

where

Cr(r) = hr(x)r(x + r)i − hri2 (3)

In this equation, r(x) is the local scattering-length density at
point x and the brackets stand for the average value calculated
over all possible values of x. As a direct consequence of eqn (2),
it results from Fourier inversion that the total scattered inten-
sity is proportional toðN

0

dS

dU
ðqÞ4pq2dq ¼ ð2pÞ3Crð0Þ (4)

We refer to the le-hand side as Q, and its quantitative analysis
contributes to the discussion of the scattering by conned
microemulsions.
© 2024 The Author(s). Published by the Royal Society of Chemistry
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3.1 Scattering by two-phase structures

The expressions for the scattering of two-phase structures are
well-known.48,49 For the purpose of later generalizing them to
three-phase structures, it is useful to present them in a way that
is mathematically more formal than their usual discussion.

In a two-phase structure, comprising phases A and B with
scattering-length densities rA and rB, the position-dependent
scattering-length can be expressed as

rðxÞ ¼ rAIAðxÞ þ rBIBðxÞ (5)

where IXðxÞ is the indicator function of phase X, which is equal
to 1 if point x is inside phase X and to 0 otherwise. Here X can be
either A or B. Note that for a two-phase structure
IBðxÞ ¼ 1� IAðxÞ.

In terms of its indicator function, the volume fraction of any
phase X is dened as

fX ¼ hIXðxÞi (6)

where the brackets hi stand for the average value calculated over
all possible x. For further purposes, it is useful to dene the
correlation function of phase X as

CXðrÞ ¼ hIXðxÞIXðxþ rÞi � fX
2: (7)

For small values of r, the correlation function of any phase takes
the asymptotic value50,51

CXðrÞ ¼ fXð1� fXÞ �
aX

4
rþ. (8)

where aX is the specic surface area of phase X, and it decreases
to CX(r) = 0 for asymptotically larger values of r. As an order of
magnitude, the distance over which the correlation function
decreases to 0 is 4fX(1 − fX)/aX.

In the case of two-phase A/B systems, the correlation func-
tion in eqn (7) is identical for phases A and B, namely

CA(r) = CB(r) = fAfBG(r) (9)

where G(r) is the Debye correlation function, normalized such
that G(0) = 1. From eqn (5), the scattering-length correlation
function dened in eqn (3) is equal to

Cr(r) = [rA − rB]
2CA(r). (10)

It then results from eqn (4) that the total scattered intensity is

Q = (2p)3[rA − rB]
2fAfB (11)

which is the classical expression of Porod's invariant for two-
phase systems.49 The scattering cross section is also obtained
from eqn (2) as

dS

dU
ðqÞ ¼ ½rA � rB�2IAðqÞ (12)

where we use the notation IX(q) for the Fourier transform of
CX(r).

For any phase X, the following identity holdsðN
0

IXðqÞ4pq2dq ¼ ð2pÞ3fXð1� fXÞ (13)
© 2024 The Author(s). Published by the Royal Society of Chemistry
as well as the following asymptotic relation for large q

IXðqÞx2p
aX

q4
: (14)

This is known as Porod's law,49 and it follows directly from eqn
(8) via Fourier transformation.52

3.1.1 The Teubner–Strey model. A classical model used in
the context of scattering by disordered co-continuous structures
is provided by the Teubner–Strey structure factor.24,36 In addi-
tion to the volume fraction fX, the structure is parameterized
through two parameters d and x. With the notations of the
present paper, the model takes the form

I
ðTSÞ
X ðqÞ ¼ ð2pÞ3fXð1� fXÞ

c2=ðp2xÞ
a2 þ c1q2 þ c2q4

(15)

where the constants depend on the model parameters through

a2 ¼
"
1þ

�
2px

d

�2
#2

(16)

c1 ¼ 2x2

"
1�

�
2px

d

�2
#

(17)

and c2 = x4.
The function in eqn (15) exhibits a scattering peak for x > d/

(2p). In this case, d can be interpreted as the spacing between
neighboring domains, and x is the correlation length that
controls the sharpness of the scattering peak. The larger x, the
more ordered the structure is.

3.1.2 Clipped Gaussian random eld models. As an alter-
native approach, we also consider clipped Gaussian random
eld (GRF) models of disordered two-phase structures.37,53,54

In that context, a given phase X is modeled as the points of
space where a given Gaussian eld W(x) takes values larger
than a given threshold a. Compared to the Teubner–Strey
approach, GRF models ensure that the scattering functions
are realizable for any values of the parameters. They also offer
more exibility for generalizing the model to more than two
phases.

For our present purpose, a Gaussian eld can be conve-
niently thought of as a superposition of a larger number of
waves, namely

WðxÞ ¼
ffiffiffiffiffi
2

N

r XN
n¼1

sin½qn$x� 4n� (18)

where qn are random wavevectors drawn from a user-dened
distribution function fW(q)dVq, which we refer to as its power
spectral density. In the limit of innitely large N, the values
of W(x) are Gaussian distributed with an average equal to 0,
and the factor

ffiffiffiffiffiffiffiffiffi
2=N

p
ensures that the variance is equal

to 1.
The eld is comprehensively characterized by its spectral

density fW(q), which in real space is mathematically equivalent
to its correlation function

gW(r) = hW(x)W(x + r)i (19)
RSC Adv., 2024, 14, 28272–28284 | 28275
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The spectral density fW(q) and correlation function gW(r) are
Fourier transforms of each other. The specic elds we consider
in this work have the following correlation function38,55

gW ðrÞ ¼ sinð2pr=dÞ
ð2pr=dÞ

1

coshðr=xÞ (20)

The parameters d and x have similar structural meaning as in
the Teubner–Strey model. This specic function has a positive
Fourier transform, ensuring the realizability of the Gaussian
eld. Examples of 2D elds generated with this specic type of
correlation function are provided in Fig. 4a and b.

Clipping the Gaussian eld at the value a boils down to
dening the indicator function of phase X as

IXðxÞ ¼ H½W ðxÞ � a� (21)

where H[] is Heaviside's step function equal to 1 if its argument
is positive and to 0 otherwise. The threshold a controls the
volume fraction fX. Because the values of W(x) are Gaussian
distributed, the relation is37,53,54,56

fX ¼ 1

2

�
1� erf

�
affiffiffi
2

p
��

(22)

where erf[] is the error function. The correlation function of
phase X is calculated as37,53,54,56

C
ðGRFÞ
X ðrÞ ¼ 1

2p

ðarcsin½gWðrÞ�

0

exp

� �a2

1þ sinðqÞ
�
dq (23)

In the specic case where fX = 1/2, corresponding to a = 0, this
relation reduces to C(GRF)

X (r) = arcsin[gW(r)]/(2p).57,58
Fig. 3 Two-dimensional illustration of the cookie-cutter model of the
confined microemulsion, whereby the two-phase porous-glass and
microemulsion structures (a and b) are intersected to create the three-
phase confined microemulsion structure (c).
3.2 Scattering by three-phase systems

Unlike the systems considered so far, conned microemulsions
comprise three phases: the solid phase of the porous glass and
the two conned liquids. To analyze the scattering by this type
of system, we dene the three indicator functions ISðxÞ, IOðxÞ
and IWðxÞ, corresponding to the solid, the n-octane and the
water, respectively. The space-dependent scattering-length
density of the scattering system is now modeled as follows

rðxÞ ¼ rSISðxÞ þ rOIOðxÞ þ rWIWðxÞ (24)

where rS, rO and rW are the constant scattering-length densities
within each phase.

The scattering-length correlation function is obtained from
the general denition in eqn (3), expressed in terms of the six
possible self- and cross-correlation functions between three
phases. In practice, only three out of these six correlation
functions are independent, and the result can be expressed as
follows in terms of the self-correlation functions alone39,59

Cr(r) = (rS − rO)(rS − rW)CS(r) + (rO − rS)(rO − rW)CO(r)

+ (rW − rO)(rW − rS)CW(r) (25)

where CS(r), CO(r) and CW(r) are the correlation functions of the
solid, n-octane and water.

Evaluating the correlation function Cr(r) in eqn (25) for r =
0 provides the following general relation for the integrated
scattering intensity of a three-phase system39
28276 | RSC Adv., 2024, 14, 28272–28284
Q = (2p)3{[rS − rO]
2fSfO + [rS − rW]2fSfW

+ [rO − rW]2fOfW}. (26)

This general expression reduces to the classical expression of
Porod's invariant in eqn (11) when two phases are indistin-
guishable, e.g. setting rO= rW and noting that fO + fW= 1− fS.

3.2.1 Cookie-cutter three-phase model. The rst three-
phase model we consider is sketched in Fig. 3. It builds on
two independent two-phase models, one for the solid/pore
structure (Fig. 3a) and one for the microemulsion (Fig. 3b).
We refer to the n-octane and water phases of the latter structure
as �O andW�. They are dened as if they are extended innitely as
in the microemulsion in bulk, and they should not be confused
with actual conned phases O and W. The relation between the
indicator functions of O/W and �O/W�is

IO=WðxÞ ¼ ½1� ISðxÞ� � I
O=WðxÞ (27)

In this equation, the factor ½1� ISðxÞ� is the indicator function of
the pores. It acts as amathematical cookie-cutter and restricts the
microemulsion structure to the pore space (see Fig. 3).

In eqn (27), the solid and microemulsion structures are
assumed to be independent of one another so that the products
can be factored out when evaluating averages. In particular, the
volume fractions are

fO/W = (1 − fS)f�O/W� (28)

where f�O/W�are the volume fractions of the unrestricted phases,
which can also be thought of as the volume fractions within the
pores.

Before evaluating the correlation functions CO(r) and CW(r),
it is useful to recall that �O and W�make up a two-phase system.
Consequently, their correlation functions are equal, in line with
eqn (9). We here refer to it as the correlation function of the
microemulsion

CME(r) = C�O(r) = C �W(r). (29)

With that in mind, the correlation function of the n-octane and
water phases in the cookie-cutter model is obtained by applying
the denition in eqn (7)–(27), which leads to
© 2024 The Author(s). Published by the Royal Society of Chemistry
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Fig. 4 Two-dimensional illustration of the plurigaussian model of
confined microemulsion, with the Gaussian fields underlying the solid
and microemulsion structures (a and b), the flags of the models (c1 to
c3) and the corresponding structures (d1 to d3). The solid phase is
shown in grey; the water and n-octane in blue and yellow,
respectively.
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CO/W(r) = (1 − fS)
2CME(r) + f2

�O/W�CS(r) + CS(r)CME(r) (30)

The expressions in eqn (30) can, in principle, be used in the
general expression of Cr(r) from eqn (25) to calculate the scat-
tering in the Cookie-cutter approximation.

In practice, it is more instructive to make additional
assumptions and to consider the two cases where the charac-
teristic length of the solid is either much larger (dP [ dTS) or
much smaller than that of the microemulsion (dP � dTS). In the
former large-pore approximation, the product of correlation
functions in eqn (30) can be approximated as

CS(r)CME(r) x fS(1 − fS)CME(r) (31)

This results from noting that CS(r) is almost constant and equal
to CS(0) over distances comparable with the characteristic size
of the microemulsion.55,60 With that approximation, the
scattering-length correlation function in eqn (25) takes the
simple form

Cr(r) = [rS − rME]
2CS(r) + (1 − fS)[rO − rW]2CME(r) (32)

where

rME = f�OrO + f �WrW (33)

is the average scattering-length density of the microemulsion.
Alternatively, in the small-pore approximation the product of
correlation functions in eqn (30) is approximated as

CS(r)CME(r) x f�Of�SCS(r) (34)

because CME(r) is almost constant over the characteristic length
of the solid. This eventually leads to

Cr(r) = [(1 − fS)(rO − rW)]2CME(r) + {f�O[rS − rO]
2

+ f �W[rS − rW]2}CS(r) (35)

Eqn (32) and (35) are two limiting cases that are expected to
encompass the actual structures of the conned emulsions.

The total scattered intensities in the two regimes are ob-
tained from eqn (4). The results are

Q(large pore) = (2p)3{[rS − rME]
2fS(1 − fS)

+ (1 − fS)[rO − rW]2f�Of �W} (36)

and

Q(small pore) = (2p)3{[(1 − fS)(rO − rW)]2f�Of �W

+ (f�O[rS − rO]
2 + f �W[rS − rW]2)fS(1 − fS)} (37)

The mathematical structure of eqn. (36) and (37) is identical. In
both cases, the rst term accounts for the scattering by the
large-scale structure, where the term between square brackets is
the average contrast between the two phases at that scale. In the
large-pore situation, there is a contrast between the solid and
the whole microemulsion. In the small-pore situation, there is
a contrast between the oil-lled and water-lled patches, where
only the pore-lling liquid contributes to the contrast. The
© 2024 The Author(s). Published by the Royal Society of Chemistry
second term in both eqn (36) and (37) accounts for the scat-
tering by the small-scale structure. In the large-pore situation,
this is the microemulsion itself. In the small-pore situation, this
is the solid structure contrasted with either n-octane or water.

3.2.2 Plurigaussian model. By construction, the cookie-
cutter model assumes that the conned liquids and the
conning porous solid are independent of one another. This
makes the model unsuitable for analyzing possible correlations
between the solid phase and the liquid phases. In the specic
case where the liquid and solid structures are described with
GRF models, the cookie-cutter can be generalized to account for
such correlations.

In a so-called plurigaussian approach,38,39,58 two independent
Gaussian elds are considered, say Y(x) and Z(x) (see Fig. 4a and
b). Structural correlations are introduced through the clipping
procedure, by which the real-valued elds are converted to
binary all-or-nothing phases. We use here the same criteria as
developed in earlier work,39 which are illustrated in the ag-like
sketches in Fig. 4c1–c3. These ags represent the specic phase
assigned to any point x, as a function of the local values of GRF
Y(x) and Z(x).

In all cases, the solid structure is modeled as a standard
clipped GRF, namely as the points of space where Y(x) > a,
RSC Adv., 2024, 14, 28272–28284 | 28277
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Table 1 Parameters of the Teubner–Strey (TS) and Gaussian random
field (GRF) models fitted on the SANS data of the bulk microemulsion
(ME) with a surfactant concentration of g = 12.84 wt% and a water-to-
octane volume fraction of f �W= 0.5, and for empty porous glasses. The
errors associated with dTS and xTS result from averaging over the
hydrophilic and hydrophobic CPGs

Sample dTS (nm) xTS (nm) dGRF (nm) xGRF (nm)

ME 31.6 � 1.5 15.2 � 3.2 29.4 9.9
32.7 � 3.3a 22.2 � 1.5a

CPG-10 34.3 � 0.1 18.4 � 0.1 33.6 16.9
CPG-20 35.9 � 3.7 26.2 � 4.8 38.9 20.4
CPG-50 124.3 � 3.9 51.5. � 1.5 120.8 59.7
CPG-100 240.6 � 8.1 126.5 � 4.1 244.5 115.6

a Corrected for multiple scattering.
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independently of the value of Z(x). This is shown in grey in
Fig. 4c1–c3. The particular case of the cookie-cutter model
corresponds to Fig. 4c2. In that case, the points in the pore space
are assigned to the water or oil phase based on the values of Z(x),
independently of Y(x).

Spatial correlations between the pore-lling liquids and the
solid are introduced through oblique boundaries in the model's
ag. The case of Fig. 4c1 corresponds to a hydrophilic situation,
where the pore region close to the surface is enriched in water.
The inverse hydrophobic situation is shown in Fig. 4c3.

Compared to the cookie-cutter, the plurigaussian model has
only one additional parameter, corresponding to the angle
b between the water/oil and water/solid boundaries in the ag.
The correlations turn from hydrophilic to hydrophobic when
b increase from 0 to p. For any value of b, the position of the
water/oil interface in the ag space is adjusted to match the
volume fractions f�O and f �W. All equations of the plurigaussian
model necessary to calculate the volume fractions and the
correlation functions are provided in Appendix A of our earlier
paper.39
4 Results and discussion
4.1 Bicontinuous microemulsion

First, the known phase behavior from the literature was repro-
duced with the chemicals used. Good agreement was reached,
and no further investigation of the bulk phase behavior was
necessary. Fig. 5 shows the background-corrected small angle
scattering intensity I(q) of a bicontinuous bulk sample at 22 °C.
This SANS signal of the bicontinuous microemulsion in bulk
shows the typical broad correlation peak, as shown in Fig. 5.
The bicontinuous structure can be described with the Teubner–
Strey (TS) model (eqn (15)).36

The TS t describes the broad correlation peak quite well but
tends to fail in the high q-region. This is caused by a rougher
oil–water interface and molecular protrusion.61 The bicontin-
uous microemulsion has a strong scattering signal, oen
Fig. 5 SANS signal of the bicontinuous microemulsion in bulk at 22 °C
after subtraction of the incoherent background with the TS fit (orange
dotted line), taking multiple scattering into account (blue dashed line).
The red line corresponds to the reconstruction, shown in the inset, as
a clipped Gaussian random field (GRF).

28278 | RSC Adv., 2024, 14, 28272–28284
resulting in multiple scattering events.42,62–64 This was consid-
ered in the analysis by using the semi-analytical convolution
method described by Jensen and Barker65 and initially devel-
oped by Schelten and Schmatz.66 The correlation peak is at-
tened, and a shoulder appears at q z 2qmax due to the multiple
scattering; these features are clearly visible in the SANS signal of
the bicontinuous microemulsion. The results of the TS t can
be found in Table 1; they are in good agreement with data in the
literature.42

The SANS data of the microemulsion was also tted with the
clipped Gaussian Random Field (GRF) model, and the param-
eters are reported in Table 1. A three-dimensional realization of
the model, exhibiting a bicontinuous structure, is displayed in
the inset of Fig. 5 where the blue and yellow regions represent
the octane and water domains, respectively.
4.2 CPG membranes

The disorderedmeso- andmacroporous structure of the CPGs is
qualitatively similar to the bicontinuous structure of the
microemulsion. Hence, the TS t was used to describe their
SANS signal. The most prominent feature in the SANS curves is
a broad correlation peak, as reported earlier.29 Fig. 6 summa-
rizes the SANS data of the hydrophilic CPGs. The position of the
peak is shiing to lower qwith increasing pore diameter. The TS
and GRF ts lead to a plateau in the low q region, which is not
the case for the SANS signal of CPG10 and CPG20. This could
result from an incomplete leaching process in the production of
the CPG, as reported by Kim et al.67 Nonetheless, the position
and broadness of the peak are well described by both ts.

The SANS signal of the air-lled hydrophilic and hydro-
phobic CPG are shown in the ESI Fig S3.† The alteration of the
surface polarity did not affect the overall shape of the SANS
signal, indicating that the pore structure and size remained
unchanged. Consequently, the average inter-domain distance
obtained from applying the TS t dTS is listed in Table 1. The
pore diameter dP can be determined from the ts by multiplying
dTS with the porosity (3). The determined values are in good
agreement with the pore diameter obtained from Hg-intrusion
measurement dHg, as listed in Table 2.
© 2024 The Author(s). Published by the Royal Society of Chemistry
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Fig. 6 SANS signal of the D2O-filled CPG-OH with the TS fit taking
multiple scattering into account (blue dashed line) and the GRF fit (red
solid line). Only every other data point is displayed for better visibility.

Table 2 Pore diameter dHg, pore volume VP, porosity 3, which is the
fraction of pore volume to total volume, and the specific surface area
AS obtained from Hg-intrusion and N2-adsorption measurements.
Pore diameter dP obtained from TS fit of the air-filled CPGs by
multiplication of the dTS (Table 1) with the porosity

CPG dHg (nm) VP (mL g−1) 3 AS(m
2 g−1) dP (nm)

10 7.00 0.11 0.20 90.9 6.9 � 0.1
20 16.2 0.21 0.31 60.8 11.3 � 1.2
50 69.7 0.28 0.38 34.2 46.9 � 1.5
100 131 0.36 0.44 21.1 106.8 � 3.6

Fig. 7 The reconstructed nanostructure of the CPG, (a–d) for CPG10,
CPG20, CPG50 and CPG100, respectively. The reconstructions
correspond to the GRF model of the SANS signal of the D2O-filled
hydrophilic CPG shown in Fig. 6.
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Application of the GRF t to the SANS data of the CPG allows
for the reconstruction of the disordered porous matrix, as
shown in Fig. 7. The pore wall material and the empty pore
volume are depicted in dark grey and white, respectively.
4.3 Conned microemulsions

Fig. 8 shows the SANS of the CPGs lled with themicroemulsion
(ME). For comparison, the scattering of the bulk (unconned)
microemulsion is plotted on the same graphs (dashed blue), as
well as that of the empty CPGs rescaled for the effective contrast
between the silica and the average microemulsion. For the
largest pores, the contributions of the solid and ME can be
qualitatively identied (see Fig. 8d). For the smaller pores,
however, the correlation peaks of the CPG and ME are almost at
the same q-position, making it difficult to discriminate them
(Fig. 8a).

4.3.1 Analysis of the scattering invariant Q. Scattering
insights into complex three-phase systems can be obtained by
considering the invariant Q. Because the invariant depends only
on the volume fractions of the scattering phases and on their
scattering-length densities, the analysis is independent of any
specic structural model.30,39,68
© 2024 The Author(s). Published by the Royal Society of Chemistry
The invariant is determined experimentally following eqn
(4), by integrating the SANS intensity.30,68 The procedure is
illustrated in Fig. 9, and involves subtracting rst a background
contribution followed by an extrapolation using q−4 Porod's
law. The so-obtained values of Q for the air- and D2O-lled CPGs
are plotted systematically against the solid volume fraction in
the ESI Fig. S4.† Comparison with the classical two-phase result
in eqn (11) reveals an average relative error of 15%. This value is
used hereaer as a condence interval for Q. Deviations might
result from adsorbed H2O on the silica walls, inuencing the
contrast. In the case of the large-pore samples CPG50 and
CPG100, the SANS intensity might also be affected by neutron
refraction.

Fig. 10 plots the integrated intensities of the CPG-conned
microemulsions, and compares them with two general
models. In case the microemulsion in the pores would remain
bicontinuous, the scattering signal would originate from pores
lled with oil- and water domains, results in a three-phase
system as depicted in the inset Fig. 10. In this case, the values
of Q should be given by the general three-phase expression in
eqn (26) as a function of the known volume fractions and
scattering-length densities (black symbols in Fig. 10). Alterna-
tively, we also consider the extreme case of macroscopic phase
separation of the microemulsion as visualized in the bottom
inset in Fig. 10. In that case, a signicant fraction of the scat-
tering by the conned microemulsion would occurs outside of
the measured q range, and the detected scattering signal would
originate from either a water-domain-lled pore or an oil-
domain-lled pore. In this scenario the invariant Q would be
expressed through eqn (37), and these values are plotted as red
symbols in Fig. 10. In the same gure, the gray area is the±15%
condence interval.
RSC Adv., 2024, 14, 28272–28284 | 28279
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Fig. 8 SANS signal of the confined microemulsion in CPG10 (a), CPG20 (b), CPG50 (c), and CPG100 (d), with hydrophilic (blue) and hydrophobic
(orange) surfaces. The dashed blue line is the fitted scattering from the microemulsion in bulk (GRF model), and the dashed green lines are the
fitted CPG scaled for silica-microemulsion contrast (GRF model). The solid black and red lines are cookie-cutter models of bicontinuous and
phase-separated emulsions.

Fig. 9 Evaluation of the integrated intensity Q from the experimental
SANS signal (black line in (a)), based background subtraction to enforce
Porod scattering (red line). The dashed red line in (b) shows the value of
Q after extrapolation. The shown data is that of hydrophilic CPG20
filled with D2O.

Fig. 10 Comparison of the modeled versus experimental values of Q,
black symbols assume bicontinuous structure, red symbols assume
phase separation for the hydrophilic CPG-OH (a) and the hydrophobic
CPG-CH3 (b). The grey area highlights the confidence interval. The
insets illustrate the two modeled phase behaviors of the micro-
emulsion inside the pores, the upper one shows a bicontinuous
microemulsion and the lower one a phase-separated microemulsion
inside the pores.
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For the hydrophilic CPG100, it is clear that modeling the
bicontinuous structure leads to good agreement. However, the
modeled values for smaller pores exceed the experimentally
determined values and fall outside the condence interval. For
CPG10, Qmodels for both scenarios fall within the condence
interval. This might be caused by the small contribution of the
microemulsion to the scattering signal. Since the porosity of
this sample is only 20%, meaning that the scattering signal
mainly arises from the porous solid. Additionally, the pore
diameter (dP) is 7 nm, much smaller than the size of one oil or
water domain of the microemulsion. If a bicontinuous structure
is assumed, this would still lead to a scattering from either
a water-lled or an oil-lled pore. So, it is difficult to distinguish
the two scenarios for very small pores. For the tested hydro-
philic samples, it can be concluded that a phase separation of
the microemulsion is likely to occur if the dP is less than 45 nm.
In the case of the macroporous CPG100, no phase alteration is
28280 | RSC Adv., 2024, 14, 28272–28284
indicated, and the microemulsion structure remains
bicontinuous.

The case for the hydrophobic CPG-CH3 is not as clear
compared to CPG-OH. The Qmodels-values for the conned
microemulsion inside the hydrophobic pores are shown in
Fig. 10b). For these samples, the bicontinuous structure results
in values above the condence interval, while the phase-
separated case results in values below. This may suggest that
© 2024 The Author(s). Published by the Royal Society of Chemistry

http://creativecommons.org/licenses/by/3.0/
http://creativecommons.org/licenses/by/3.0/
https://doi.org/10.1039/d4ra04090b


Fig. 11 Plurigaussian fits of the confined microemulsions in CPG100,
with OH- (a1) or CH3-coated (a2) surfaces. The dots are the data (same
as Fig. 8d), and the solid lines are the plurigaussian fits. Two-dimen-
sional realizations of the models with the fitted parameters are shown
in b1 and b2. A two-dimensional realization of the unconfined micro-
emulsion is shown in c for comparison.

Fig. 12 Possible phase behavior of the microemulsion in large pores
(a) and small pores (b).
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for the conned microemulsion, both scenarios are partially
accurate, and a portion of the microemulsion remains bicon-
tinuous while the other portion is phase-separated. This might
be caused by the difference in the adsorption of the surfactant
onto the CPG surfaces. Neutron reectometry experiments
might shed light on the near-surface structure of the micro-
emulsions. This was done previously with bicontinuous
microemulsions based on sugar surfactants.12,13 Only slight
differences in the near-surface structure close to hydrophilic
and hydrophobic surfaces were observed. These surfactants are
known to adsorb barely on silica in contrast to the used
surfactant in this work.69

These results show that the structure of the conned
microemulsion is inuenced by the pore diameter as well as the
composition of the pore walls. The latter indicates a difference
in the interactions of the microemulsion with a hydrophilic and
a hydrophobic surface.

4.3.2 Gaussian and Plurigaussian modelling. The two
general scenarios considered in Fig. 10 are here compared to
the SANS of the conned microemulsions in Fig. 8, assuming
specic structural models.

The red lines in Fig. 8 are calculated based on phase sepa-
ration. Because phase separation is equivalent to assuming that
the oil/water domains are much larger than that of the CPG, its
scattering can be modelled using the small-pore approximation
introduced in eqn (35). Furthermore, if the separation is
macroscopic, oil/water structure contributes only to the forward
scattering and the rst term in eqn (35) can be ignored. The
scattering is then proportional to that of the CPG. The so-
calculated scattering – assuming the GRF model for the CPGs
– captures reasonably the SANS of CPG10 and CPG20. Upwards
deviation are observed at small q, which hints at the fact that
phase separation is not quite macroscopic. In the case of the
CPGs with largest pores, the differences between the calculated
and experimental scattering, rule out phase separation.

The scattering of the ME in the CPG with the largest pore can
be captured with the large-pore approximation model intro-
duced in eqn (32). This results in additive contributions of the
solid and microemulsion to the scattering, and the so-
calculated patterns are plotted as black lines in Fig. 8. The
agreement of these calculations with the SANS of the small-pore
CPGs seems to be reasonable, but this is a coincidence resulting
from the fact that characteristic sizes of the ME and CPGs are
similar. In reality, the very assumption of the large-pore
approximation do not apply to CPG20. In the case of CPG100,
the two steps in the SANS are accounted for by the model, but
the agreement is mostly qualitative at small q.

The two models presented in Fig. 8 are not tted to the data,
as they are not based on any adjusted parameter. Moreover, they
are both based on the general cookie-cutting construction of
Fig. 3, which cannot account for solid/microemulsion correla-
tions. We now consider a more sophisticated plurigaussian
model to t the SANS of the microemulsion in macroporous
CPG100 as illustrated in Fig. 11. For the ts, the characteristics
of the CPGs are kept constant, but the parameters of the
conned microemulsion x and d are adjusted as well as the
angle b, characterizing the correlation between the solid and
© 2024 The Author(s). Published by the Royal Society of Chemistry
microemulsion structures (see Fig. 4). This latter parameter can
also be thought of as an average contact angle between the
water/oil and water/solid phases, and the tted value is bx 48°.
The plurigaussian ts reveal that water is enriched at the pore
walls while n-octane accumulates in the center of the pore, as
depicted in Fig. 11b1 and b2. The ts and the corresponding
reconstruction of the conned microemulsion inside the
hydrophilic and hydrophobic pores are very similar. This
counter-intuitive situation might be caused by surfactant
adsorption on the pore walls, allowing water enrichment even at
the hydrophobic pore walls.

4.3.3 Implications for the phase behavior inside porous
matrices. The evaluation of the scattering data suggests that the
phase structure of themicroemulsion inside the pores of CPG20
and CPG10 undergoes a change, as visualized in Fig. 12. At
a given temperature and composition, the phase structure is
thermodynamically xed. Since the temperature of the entire
system is constant and the volumes of C10E4–H2O–n-octane
within the overall system of microemulsion and pores remain
the same, a reduction of the volume of at least one component
of the microemulsion must take place to change the phase
structure at the given temperature. As can be seen in the phase
diagrams of Fig. 1, decreasing the surfactant concentration
shis the composition towards lower values of the parameter g,
and eventually, the three-phase region is reached, and excess oil
RSC Adv., 2024, 14, 28272–28284 | 28281

http://creativecommons.org/licenses/by/3.0/
http://creativecommons.org/licenses/by/3.0/
https://doi.org/10.1039/d4ra04090b


RSC Advances Paper

O
pe

n 
A

cc
es

s 
A

rt
ic

le
. P

ub
lis

he
d 

on
 0

4 
Se

pt
em

be
r 

20
24

. D
ow

nl
oa

de
d 

on
 7

/2
4/

20
25

 8
:0

1:
44

 P
M

. 
 T

hi
s 

ar
tic

le
 is

 li
ce

ns
ed

 u
nd

er
 a

 C
re

at
iv

e 
C

om
m

on
s 

A
ttr

ib
ut

io
n 

3.
0 

U
np

or
te

d 
L

ic
en

ce
.

View Article Online
and water occurs due to the loss of surfactant in the micro-
emulsion. If the volume of one of the bulk phases is reduced,
the oil-to-water ratio is altered, and the bicontinuous structure
becomes asymmetric. We assume the shi of g to be respon-
sible for the observed structural changes. Non-ionic surfactants
of the (CiEj) class are known to adsorb strongly on silica
surfaces.69

The surface area from the porous samples used in our
experiments can be determined by multiplication of the specic
surface area AS from Table 2 with the weight of the used CPGs.
This surface area varies from 15 m2 for CPG10 to 3.6 m2 for
CPG100. Considering an area per surfactant molecule of 54 Å2,42

3 × 1019 molecules for CPG10 and 7 × 1018 for CPG100 would
be required to fully cover the entire surface of the porous solid.
As the volume of the used microemulsion contains a few 1018 to
1019 surfactant molecules, the microemulsion would cease to
exist, leaving only phase-separated oil and water. This ratio of
internal surface area to surfactant molecules in this work is
much higher than in performed neutron reectometry experi-
ments,10,13 which makes a comparison more difficult. The re-
ported lamellar ordering10 was not observed in the presented
SANS data.

Since we clearly observe contributions of bicontinuous
structure at least from the conned microemulsion in CPG100,
we can rule out that all of the surfactant of the microemulsion is
adsorbed at the pore walls. More likely, a fraction of surfactant
molecules will adsorb at the pore walls and shi the composi-
tion mainly towards lower values of g without signicant
changes in the oil-to-water ratio. At least for CPG10 and CPG20,
a minor shi of qmax towards lower values was observed. Such
a shi towards lower g is accompanied by an increase of dTS. If
one takes into account that reducing g by 0.5% leads to
a change of the inter-domain distance DdTS of 1 nm, then
a reduction of g by 7% can be estimated from the shi in qmax in
Fig. 8. At constant temperature, the single-phase bicontinuous
structure of the microemulsion changes towards a three-phasic
structure with a bicontinuous middle phase inside the porous
material of CPG20 and CPG10. For a sufficiently large volume,
some pores are lled with a bicontinuous phase while others are
lled with pure bulk phases, creating the impression of partial
phase separation. Since all experiments were performed at
a constant temperature, a possible shi of the phase bound-
aries due to the connement reported for binary systems33 was
not observed.

These considerations lead to the hypothesis that the
geometric pore size (dP) is not the decisive parameter but the
inner surface area available for surfactant adsorption in the
material. This size is determined by the pore diameter and the
porosity 3. However, this effect differs from the inuence of the
pore size on the critical uctuations in binary mixtures as soon
as the characteristic length in the uctuating system is
comparable with the pore size.

5 Conclusion

This work investigates the behavior of a bicontinuous micro-
emulsion conned in a porous material compared to other
28282 | RSC Adv., 2024, 14, 28272–28284
liquid systems like binary mixtures. SANS experiments
revealed that connement effects depend on the pore diam-
eter, the porosity of the conning matrix, and its surface
composition.

Two potential scenarios were considered as extreme cases:
rst, where the conned microemulsion remains bicontin-
uous, and second, where the oil and water domains are sepa-
rated. Structure-independent modeling based on the
scattering invariant Q suggests that in hydrophilic pores the
microemulsion is more likely to remain bicontinuous in larger
pores, while smaller pores favor phase separation. In hydro-
phobic pores, both scenarios may be partially true. The devi-
ation of the conned microemulsion inside the hydrophilic
and hydrophobic pores shows that the interaction with the
surface depends on its polarity. For the conned micro-
emulsion inside the largest pores (CPG100), the results of the
plurigaussian ts indicate that for both surface polarities,
there is an enrichment of water at the pore walls and n-octane
in the pore center.

It can be reasonably concluded that the most probable
scenario is the adsorption of surfactant molecules at the pore
walls, which would result in a shi in the microemulsion
composition. This leads to a shi in the sh-type phase diagram
towards lower surfactant concentrations and towards the three-
phase region at constant temperature. That could be indistin-
guishable from a partial phase separation.

Neutron reectometry experiments on both surfaces are
necessary for a deeper understanding. Self-diffusion NMR and
neutron spin echo experiments can further investigate the
phase behavior of the microemulsion inside the pores. The
observed behavior is relevant to all systems containing
a bicontinuous microemulsion or a disordered porous material,
especially for applications in soil remediation or enhanced oil
recovery.
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and G. H. Findenegg, Eur. Phys. J. E: So Matter Biol. Phys.,
2003, 12(Suppl 1), S1–S4.

34 S. Schemmel, G. Rother, H. Eckerlebe and G. H. Findenegg,
J. Chem. Phys., 2005, 122, 244718.

35 J. W. Cahn, J. Chem. Phys., 1965, 42, 93–99.
36 M. Teubner and R. Strey, J. Chem. Phys., 1987, 87, 3195–3200.
37 C. J. Gommes,Microporous Mesoporous Mater., 2018, 257, 62–

78.
38 C. J. Gommes and A. P. Roberts, Phys. Chem. Chem. Phys.,

2018, 20, 13646–13659.
39 C. J. Gommes, J. Appl. Crystallogr., 2013, 46, 493–504.
40 J. A. Bosley and J. C. Clayton, Biotechnol. Bioeng., 1994, 43,

934–938.
41 M. Kahlweit, R. Strey and G. Busse, Phys. Rev. E: Stat. Phys.,

Plasmas, Fluids, Relat. Interdiscip. Top., 1993, 47, 4197–4209.
42 T. Sottmann, R. Strey and S.-H. Chen, J. Chem. Phys., 1997,

106, 6483–6491.
43 D. Lugo, J. Oberdisse, M. Karg, R. Schweins and

G. H. Findenegg, So Matter, 2009, 5, 2928.
44 T. Gu and B.-Y. Zhu, Colloids Surf., 1990, 44, 81–87.
45 E. Metwalli, K. Götz, T. Zech, C. Bär, I. Schuldes, A. Martel,

L. Porcar and T. Unruh, Appl. Sci., 2021, 11, 5925.
46 K. Wood, J. P. Mata, C. J. Garvey, C.-M. Wu, W. A. Hamilton,

P. Abbeywick, D. Bartlett, F. Bartsch, P. Baxter, N. Booth,
W. Brown, J. Christoforidis, D. Clowes, T. d'Adam,
RSC Adv., 2024, 14, 28272–28284 | 28283

http://creativecommons.org/licenses/by/3.0/
http://creativecommons.org/licenses/by/3.0/
https://doi.org/10.1039/d4ra04090b


RSC Advances Paper

O
pe

n 
A

cc
es

s 
A

rt
ic

le
. P

ub
lis

he
d 

on
 0

4 
Se

pt
em

be
r 

20
24

. D
ow

nl
oa

de
d 

on
 7

/2
4/

20
25

 8
:0

1:
44

 P
M

. 
 T

hi
s 

ar
tic

le
 is

 li
ce

ns
ed

 u
nd

er
 a

 C
re

at
iv

e 
C

om
m

on
s 

A
ttr

ib
ut

io
n 

3.
0 

U
np

or
te

d 
L

ic
en

ce
.

View Article Online
F. Darmann, M. Deura, S. Harrison, N. Hauser, G. Horton,
D. Federici, F. Franceschini, P. Hanson, E. Imamovic,
P. Imperia, M. Jones, S. Kennedy, S. Kim, T. Lam,
W. T. Lee, M. Lesha, D. Mannicke, T. Noakes, S. R. Olsen,
J. C. Osborn, D. Penny, M. Perry, S. A. Pullen,
R. A. Robinson, J. C. Schulz, N. Xiong and E. P. Gilbert, J.
Appl. Crystallogr., 2018, 51, 294–314.

47 S. R. Kline, J. Appl. Crystallogr., 2006, 39, 895–900.
48 D. S. Sivia, Elementary Scattering Theory, Oxford University

Press, First published, edn., 2011.
49 O. Glatter, Scattering Methods and Their Application in Colloid

and Interface Science, Elsevier, 2018.
50 P. Debye, H. R. Anderson and H. Brumberger, J. Appl. Phys.,

1957, 28, 679–683.
51 S. Torquato, in Random Heterogeneous Materials, ed. S. S.

Antman, L. Sirovich, J. E. Marsden, S. Wiggins and S.
Torquato, Springer, New York, 2002, vol. 16, of
Interdisciplinary Applied Mathematics, pp. 23–58.

52 M. J. Lighthill, Introduction to Fourier Analysis and
Generalised Functions, Cambridge University Press, 1958.

53 N. F. Berk, Phys. Rev. A: At., Mol., Opt. Phys., 1991, 44, 5069–
5079.

54 P. Levitz, Adv. Colloid Interface Sci., 1998, 76–77, 71–106.
55 C. J. Gommes and A. P. Roberts, Phys. Rev. E: Stat., Nonlinear,

So Matter Phys., 2008, 77, 041409.
56 M. Teubner, Europhys. Lett., 1991, 14, 403–408.
28284 | RSC Adv., 2024, 14, 28272–28284
57 N. F. Berk, Phys. Rev. Lett., 1987, 58, 2718–2721.
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