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Benzoborirenes are a very rare class of strained boron heterobicyclic systems. In this study a kinetically
stabilized benzoborirene 1 is shown to react with multiple bonds of trimethylphosphine oxide,
acetaldehyde, and tert-butyl isonitrile. The (2 + 2) cycloaddition product with trimethylphosphine oxide,
benzolc][1,2,5]loxaphosphaborole, has a long apical PO bond (194.0 pm) that must be considered on the
border line between ionic and covalent according to the natural bond orbital, quantum theory of atoms
in molecules, and compliance matrix approaches to the description of chemical bonding. The
coordination compound between the benzoborirene and phosphine oxide was observed by NMR
spectroscopy at 213 K. The Lewis acidity of 1 is similar to that of B(OCH,CFz)3 and B(CgFs)s based on the

31p(IH} NMR chemical shift of the Lewis acid base complexes with trimethylphosphine oxide at 213 K.
Received Sth July 2023 Benzoboriene 1 d t react with acetone, but f 2 + 2) cycloaddit duct borol
Accepted 21st August 2023 enzoboriene 1 does not react with acetone, but forms a cycloaddition product, an oxaborole,

with acetaldehyde. In contrast, it undergoes a double (2 + 1) reaction with tert-butyl isonitrile to yield
DOI: 10.1039/d35c03433j a boro-indane derivative under mild conditions. The observed reactivity of 1 is in agreement with

rsc.li/chemical-science computational analyses of the respective potential energy surfaces.
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Introduction

Strained compounds are privileged in modern organic synthesis
as the relief of ring strain provides ready synthetic access to
complex molecular targets."* An unusual scaffold in this
context is cyclopropabenzene (benzocyclopropene). This highly
strained bicyclic compound combines a three-membered ring
fused to a benzene moiety.”** Its boron analogue, 1-bor-
acyclopropabenzene, more commonly known as benzoborirene,
has long escaped synthesis.*® Following identification in
crossed molecular beam and matrix isolation experiments,*>°
successful solution-phase syntheses of benzoborirenes were
eventually reported.”®*” We recently described the synthesis of
the kinetically stabilized benzoborirene 1 and provided the first
single crystal X-ray structure.”® The sterically demanding
Trip,Ce¢Hz (Trip = 2,4,6-is0-Pr;CqH,) substituent provides
considerable stabilization to the boron centre in 1 as evidenced
by high thermal stability as well as inertness towards a number
of weak nucleophiles (acetonitrile, 2,6-lutidine, and 2-picoline)
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and weak electrophiles (trimethylchlorosilane and benzophe-
none).?® So far, only methanolysis and formation of a Lewis
acid-base complex with pyridine have been observed for 1,
while the other two known benzoborirenes react with the
stronger Lewis base I'Pry., by opening the three-membered
ring (Scheme 1a).>**” The related carborane-fused boriranes
undergo cycloaddition reactions with various substrates
resulting in an expansion of the three-membered ring.>-**
Clearly, the readily accessible benzoborirene 1 offers the
potential for unique reactivity as it combines an electrophilic
boron centre® and a strained three-membered as well as a dis-
torted benzene ring. We here investigate this “ménage a trois” in
its behaviour towards multiple bonds as provided by phosphine
oxides R3PO, carbonyl compounds (R,CO and RCHO), and iso-
nitriles RNC. The substrates were chosen to provide varying
degrees of polarity of the X**-Y’" bond and philicities (nucleo-
philicity and electrophilicity) of their constituent atoms (Scheme
1b). We show that acetaldehyde (but not acetone) and trime-
thylphosphine oxide (but not triphenylphosphine oxide) undergo
(2 + 2) cycloaddition reactions, while tert-butyl isocyanide
undergoes twofold (2 + 1) cycloaddition with the strained C-B
bond of 1 to give five-membered heterocycles (Scheme 1c).

Results and discussion
Reaction with Me;PO

Earlier investigations with pyridine and its derivatives have shown
that the steric demand of the Trip,C¢H; moiety limits access to

© 2023 The Author(s). Published by the Royal Society of Chemistry
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Scheme 1 (a) Selected reactivity patterns of benzoborirenes prior to
this work; (b) bond polarity of various substrates; NPA charges (e) were
computed at the M0-62X/6-311+G** level of theory; (c) cycloaddition
reactions of 1 with various substrates.

the boron centre.” We thus employed the smaller Me;PO instead
of the standard Gutmann-Beckett reagent Et;PO to afford quali-
tative information about the electrophilicity of benzoborirene 1.
However, when 1 was treated with one equivalent of Me;PO in
toluene we did not observe the expected *'P{'H} NMR shift
towards regions lower-field than 30.0 ppm of Me;PO. Instead,
a new signal almost 100 ppm further high-field at —68.2 ppm
emerged, while a new signal in the "'B{"H} NMR spectrum at
41.2 ppm was observed. Single crystals were grown from pentane
at —30 °C and X-ray crystallography revealed formation of benzo|c]
[1,2,5]oxaphosphaborole 2 that crystallizes in the monoclinic
space group P2,/c with four molecules in the unit cell.

The phosphorus atom is coordinated in a slightly distorted
trigonal bipyramidal fashion with bond angles between the

© 2023 The Author(s). Published by the Royal Society of Chemistry
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equatorial carbon atoms of 118.12(4)°, 118.57(4)° and
120.64(5)° and a bond angle between the apical carbon and
oxygen atoms of 175.15(4)°. The central ring of the terphenyl
moiety is tilted by 85.5° relative to the benzo[c][1,2,5]oxaphos-
phaborole plane.

The P-O bond distance is 194.0 pm and therefore about 10
pm longer relative to comparable benzo[c][1,2,5]oxaphosp-
holes,*** but also about 11 pm shorter than the bond in
a comparable carborane fused oxaphosphaborole.®* The latter
product forms in a similar reaction of a carborane-fused bor-
irane with Et;PO.*' In the closely related intramolecular B-O-P
adducts with four-coordinate B and P atoms the P-O bond
lengths are significantly shorter with 154.2-154.6 pm; the B-O
bonds on the other hand are significantly longer than those in
benzo|[c][1,2,5]oxaphosphaborole 2 and range from 155.0-158.4
pm.34

We analysed the character of the B-O and P-O bonds by NBO
analysis at the M06-2X/6-311+G** level of theory. However, with
the default settings of the NBO analysis no Lewis bonds towards
the oxygen atom were identified. Rather, the oxygen atom is
considered a separate fragment with four lone pairs. When the
P-O and B-O bonds are enforced as Lewis bonds, the two
electrons of the B-O bond are localized on the oxygen at 82.0%.
In the framework of the second order perturbation theory
analysis of the Fock matrix in the NBO basis, the B(p) orbital
strongly interacts (46.8 kcal mol ") with an oxygen lone pair and
with the P-O o-bond (36.3 kcal mol ™). The P-O o-bond, on the
other hand, has an occupancy of only 1.8 electrons, localized at
93.6% on the oxygen. In the framework of the second order
perturbation theory the anti-bonding P-O orbital interacts
considerably with the opposing C-P bond (100.8 kcal mol ') as
well as with the three equatorial C-P bonds (36.3, 43.5, and
56.1 kcal mol ). Additionally, it interacts (19.4 kcal mol ') with
a lone pair of oxygen.

In order to get a deeper understanding of the bonding forces
and electronic structure of the surprisingly long P-O bond in
the oxaphosphaborole 2, we computed all relaxed force
constants in combination with an analysis of the electron
density, applying modern DFT methods. We would like to point
out that in contrast to traditional force constants, which can
easily be misleading,® the computation of relaxed force
constants allows the unique quantification of bond stiffness (or
softness).***” Applying a range-separated version of Becke's 97
functional including dispersion correction (wB97XD/def2-
TZVP), developed by the group of Head-Gordon,* and a polar-
ized triple-{ basis, the P-C bond in trans position to oxygen
seems to be a regular two-electron bond with a relaxed force
constant of 2.42 N ecm ™.

Nevertheless, our computed value for the P-O bond of only
0.6 N cm ™' (see Fig. 2) points indeed to a very soft non-covalent
interaction. This low value is far away from that of any typical
two-electron P-O sigma bond for example in phosphorus
pentoxide (4.51 N cm; see the ESIY).

Since we calculated the force constants by applying the full
compliance matrix approach,* the coupling constants are
available too, allowing the quantification of electronic coupling
in general. Interestingly, the computed coupling force constant

35

Chem. Sci., 2023, 14, 10478-10487 | 10479


http://creativecommons.org/licenses/by-nc/3.0/
http://creativecommons.org/licenses/by-nc/3.0/
https://doi.org/10.1039/d3sc03433j

Open Access Article. Published on 13 September 2023. Downloaded on 1/14/2026 7:10:06 AM.

Thisarticleislicensed under a Creative Commons Attribution-NonCommercial 3.0 Unported Licence.

(cc)

Chemical Science

Table 1 Bond distance in Angstroms, Lowdin bond order (BO-L),
Mulliken bond order (BO-M), relaxed force constant (fc) in N cm™2,
electron density and Laplacian at the critical points, computed for
molecule 2 at the M06-2X/6-311+G** level of theory. Atomic labels

are according to Fig. 1

Bond Distance BO-L BO-M  fc* Density  Laplacian
B-O 1.32 1.72 1.40 7.30 0.23 +1.30
O-P 1.99 0.45 0.37 0.60 0.08 +0.01
P-C(7) 1.88 0.95 0.91 2.42 0.15 —-0.10
PC/PO — — — -0.20 — —

% Computed at the wB97XD/def2-TZVP level of theory

Table 2 Atomic charges in 2 computed at the M06-2X/6-311+G**
level of theory applying different localisation schemes. Atomic labels
are according to Fig. 1. Though different schemes end up with different
local charges and even signs for boron, the pronounced polarity
between phosphorus and oxygen seems to be robust

Electrostatic
Atom Natural charge Mulliken charge charge
B +0.98 +0.29 —0.12
C(7) —0.69 —0.50 —0.79
(@) —-0.97 —0.59 —0.48
P +1.77 +0.88 +1.25

(for a detailed discussion of the coupling terms, see: Turner
et al.,* Grunenberg*' and Zhao et al.**) between the P-O inter-
action and the opposing P-C bond is synergetic and
pronounced (—0.20 N cm ™', see Table 1). This means that even
if there is no classical covalent P-O bond, the electrostatic
interaction seems to be considerable (see Table 2). Additionally,
the Lowdin and Mulliken bond orders both indicate
a pronounced double bond character of the B-O bond (see
Table 1) and provide an explanation for its relatively short
length.

These findings are in line with our NBO analysis (see above).
Since population analysis sometimes tends to produce contra-
dictory results when it comes to the description of unusual
electronic structures (see, for example, the heated discussions
on the gallyne or the quadruple bond between two carbon
atoms)* we, in a last step, analysed the electron density of 2 in
terms of Bader's quantum theory of atoms in molecules
(QTAIM) approach.** First of all, we indeed find a (3, —1) critical
point between the phosphorus and oxygen atoms. The calcu-
lated density at this line critical point (we follow Shahbazian's
definition)* is nevertheless very tenuous with only 0.08 e bohr *
and should not be equated with the existence of a Lewis bond
(see Fig. 3).***” The value of the electron density for the
opposing “classical” P-C bond, for example, is nearly twice as
high (0.15 e bohr3).

Finally, in order to further characterize the long P-O bond in
2 we computed the Laplacian of the electron density at the
critical point. The slightly positive value of ’*p (+0.01) for the P-
O interaction is in line with our interpretation as an interaction,
which is right at the border between electrostatics and

10480 | Chem. Sci, 2023, 14, 10478-10487
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Fig.1 Molecular structure of 2 in the solid state. Thermal ellipsoids are
shown at the 50% probability level. Hydrogen atoms have been
omitted for clarity. Selected distances [pm] and angles [°] for 3: P-O
194.0, P-C6 183.2, P-C7 188.0, P-C8.1 182.0, P-C8.2 182.1, B-O
132.1,B-0O-P 1145, C1-B-0 112.3, O-P-C6 86.7, O-P-C7175.2, O—
P-C8.1 83.7, O-P-C8.2 83.3, C6-P-C8.1 118.6, C6-P-C8.2 1181,
C8.1-P-C8.2 120.6, and C1-B-C10-C11 85.5.

Fig. 2 Selected relaxed force constants in 2 computed at the
wB97XD/def2-tzvp level of theory. All hydrogen atoms as well as the
2.4,6-iso-PrzCgH, moieties are omitted for clarity. The coupling force
constant between the P-O interaction and the opposing P-C bond is
synergistic (note the negative sign) and pronounced at —0.20 N cm™%.

covalency. Considering these findings, the electronic structure
of compound 2 can be described by the resonance forms below
(Scheme 2).

© 2023 The Author(s). Published by the Royal Society of Chemistry
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Fig. 3 Computed positions of three selected (3, —1) critical points
(green spheres) according to Bader's AIM analysis of 2 for the B-O,
P-O and P-Cinteraction. The value of the electron density Rho for
the very soft P-O interaction at its (3, —1) point is only 0.08 e
bohr~3. The contour map depicts the Laplacian of the electron
density: negative values are red; positive values are blue. The
orientation of the molecule is comparable to that in Fig. 2. All
hydrogen atoms as well as the 2,4,6-iso-PrzCgH, moieties are
omitted for clarity.
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Utilizing DFT calculations (M06-2X/6-311+G**) for the reac-
tion of the parent benzoborirene with trimethyl phosphine
oxide (see ESI, Table S3 and Fig. S311) we reasoned that the
coordination compound between benzoborirene 1 and Me;PO
(1-OPMe;) may be observable by NMR spectroscopy at low
temperatures (Scheme 3). Indeed, the insertion reaction was
slow at —60 °C, which allowed us to detect 1-OPMe; using
NOESY cross peaks between the methyl moieties of the phos-
phine oxide and the iso-propyl moieties of the terphenyl
substituent (see ESI, Fig. S107). Further support comes from
a ""B{'"H} NMR shift of —5.6 ppm, which is typical for tetra-
coordinated boron centres. The observed *'P{"H} NMR shift was
63.0 ppm, 30.0 ppm further downfield than Me;PO at —60 °C. A
survey of the *'P chemical shifts of coordination complexes of
Me;PO with other Lewis acids at —60 °C (see Table 3) indicates
a slightly higher electrophilicity of the boron centre of 1 than
tris-(2,2,2-trifluoroethyl) borate (62.9 ppm) and a slightly lower
Lewis acidity than B(CgFs)s. The bulkier Ph;PO did not react
with 1, most likely due to steric hindrance.

Reaction with carbonyl compounds

Carbonyl compounds are less polar than phosphine oxides
(Scheme 1b), and indeed we observed earlier that benzoborirene

Table 3 'P{*H} NMR chemical shifts of various Lewis acids with one
pGH3Trip2 @B/CGH?’Tripz equivalent MezPO at 213 K in tol-dg
B \
y - N Lewis acid Chemical shift
CLe (Lo
/ |\ /lT\ None 33.0 ppm
B(NMe,); 31.8 ppm
2 B(OMe); 34.2 ppm
B(OCH,CF3)3 62.9 ppm
Scheme 2 Resonance structures for compound 2. B(CeFs)s 65.8 ppm
1 63.0 ppm
Me3PO

iPr

toluene, rt, seconds

1-OPMe;

Scheme 3 Reactivity of 1 towards trimethylphosphine oxide.

© 2023 The Author(s). Published by the Royal Society of Chemistry
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-~ X . .
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Scheme 4 Reactivity of 1 towards acetone and acetaldehyde.

1 does not react with benzophenone.”® To rule out steric
hindrance as a cause for this we investigated the reactivity of 1
towards the smallest ketone, acetone. Remarkably, even when
heated to 50 °C for hours no reaction takes place, proving that 1
is not Lewis acidic enough to react with simple aliphatic or
aromatic ketones. We then focused our attention on acetalde-
hyde to reduce steric hindrance. Indeed, over the course of ten
days the formation of a new compound with a "'B{'H} NMR shift
of 49.3 ppm could be observed (Scheme 4).

After purification by column chromatography single crystals
suitable for X-ray crystallography were grown by slow evapora-
tion of toluene from a concentrated solution at reduced

Fig.4 Molecular structure of 3 in the solid state. Thermal ellipsoids are
shown at the 50% probability level. Hydrogen atoms have been
omitted for clarity. Selected distances [pm] and angles [°] for 5: C1-B
155.5, B-C9 157.5, B-O 136.4, C1-C6 140.0, C6-C7 150.6, C7-C8
152.3, C7-0 145.0, C1-B-0 108.2, C1-B-C9 128.6, C9-B-0 123.0,
C6-C1-B 105.1, B-O-C7 111.4, O-C7-C6 105.1, O-C7-C8 108.9,
C6-C7-C8 113.2, C1-C6-C7 110.2, C1-B-C9-C10 75.8, C5-C6-
C7-C8 63.4, and C1-C6-C7-C8 115.7.

10482 | Chem. Sci., 2023, 14, 10478-10487
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acetaldehyde

benzene, rt, 10 d

54 %

pressure. 1-(Trip,C¢H3)-3-methyl-1,3-dihydrobenzo[c][1,2]oxa-
borole 3 is the product of the insertion of acetaldehyde into the
B-C-bond of the three-membered ring and crystallizes in the
monoclinic space group P2,/n with four molecules in the unit
cell (Fig. 4). The five-membered ring is almost planar with a sum
of inner angles of 539.9° and tilted by 75.8° relative to the ter-
phenyl moiety.

DFT computations (M06-2X/6-311+G**) show that the free
energy of the coordination compound between the parent
benzoborirene and acetaldehyde (M-1) is 4.7 kcal mol™* higher
in energy relative to the separated reactants (see ESI, Table S4
and Fig. S327). The transition state for the formation of the five-
membered ring lies 14.8 kecal mol™" higher than M-1. This
provides an explanation of the slow rate of the reaction of
benzoborirene 1 with acetaldehyde as compared to trimethyl-
phosphine oxide.

Reaction with tert-butyl isonitrile

Benzoborirene 1 does not react with acetonitrile.”® We here
investigated the reactivity of benzoborirene 1 towards ter¢-butyl
isonitrile, the least polar compound in the series of substrates
studied in this investigation. In addition, its carbon centre has
some degree of carbene character,*® which makes it an inter-
esting reagent. Isocyanides are known to react twice in formal
cycloaddition reactions.*>*

When benzoborirene 1 is treated with one equivalent of tert-
butyl isonitrile at room temperature the solution turns red
instantly. The '"H NMR spectra showed the formation of a new
compound, but also signals of unreacted 1 remained, resulting
in a 50:50 mixture. In fact, two equivalents of tert-butyl iso-
nitrile are needed for a complete transformation. Red crystals
suitable for X-ray crystallography, grown by slow evaporation of
toluene from a concentrated solution at reduced pressure
revealed the new compound to result from a double (2 + 1)
cycloaddition of tert-butyl isonitrile into the B-C bond of the
three-membered ring. The N,N-di-tert-butyl-benzo[b]borole-2,3-
diimine 4 crystallizes in the monoclinic space group P2,/c with
four molecules in the unit cell (Fig. 5). The five-membered ring
has an envelope conformation with a sum of inner angles of
530.08°. All members of the five-membered ring are trigonal
planar coordinated with angle sums of 358.96° (C8), 359.02°
(C7), 359.57° (C1), 359.59° (C6) and 359.99° (B).

The identity of 4 could also be derived from high resolution
mass spectrometry as well as NMR spectroscopy at 70 °C. No

© 2023 The Author(s). Published by the Royal Society of Chemistry
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Fig.5 Molecular structure of 4 in the solid state. Thermal ellipsoids are
shown at the 50% probability level. Hydrogen atoms and a co-crys-
talized toluene molecule have been omitted for clarity. Selected
distances [pm] and angles [°] for 4: B—C1 155.7, B-C8 158.1, C6-C7
150.0, C7-C8 152.6, N1-C7 127.3, N1-C9 148.1, N2-C8 127.9, N2—
C10 147.9, C1-B-C8 101.5, B-C8-C7 104.4, C8-C7-C6 104.5, C7-
N1-C9127.2, C8-N2-C10 125.0, C6-C1-B-C815.2, C1-C6-C7-C8
22.6, C1-B-C13-C14 107.5, C1-C6-C7-N1 145.2, and N1-C7-C8-
N2 53.0.

SiMe;

a) (PrypN=B=
SiMe

1

(a) Twofold tert-butyl isonitrile insertion into a B=C bond reported by Paetzold et al.*® and (b) reactivity of 1 towards tert-butyl

Scheme 5
isonitrile.

© 2023 The Author(s). Published by the Royal Society of Chemistry
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signal was detected in the ""B{"H} NMR spectra in solution, but
detection of the boron signal in the solid state was successful
(see the ESIf) and arrived at an isotopic ''B NMR shift of
66.0 ppm. To the best of our knowledge borole diimines are
completely unknown. The most closely related compounds in
the literature are a set of 3,4-dimethylene borolanes reported by
Herberich et al. in the early 1990s.%>%¢

The double (2 + 1) cycloaddition of isonitrile can be
compared with the report by Paetzold et al. of a twofold tert-
butyl isonitrile insertion into the B-C double bond of alkylidene
aminoborane {Pr,N=B=C(SiMe;), resulting in boretane
a (Scheme 5a)Link "Scheme 5a" and its floatanchor here.*
Similar to these earlier observations, the reaction of a second
isonitrile molecule with the primary 1:1 adduct is faster than
the reaction between isonitrile and benzoborirene 1. The B-C
bond of the three-membered ring thus behaves quite similarly
as a B=C bond in the acyclic compound (Scheme 5).

Addition of a third equivalent of ter¢-butyl isonitrile results in
a yellow reaction mixture with a significantly reduced symmetry
according to the 'H NMR spectrum, making unambiguous peak
assignments increasingly difficult (see ESI, Fig. S15%). The 'B
{"H} NMR shift of —12.6 ppm, however, indicates a tetra-coor-
dinated boron centre instead of a third (2 + 1) cycloaddition (see
ESI, Fig. S167). Further purification and crystallization attempts
proved unsuccessful.

DFT calculations (M06-2X/6-311+G**) for the parent
benzoborirene/methyl isonitrile model system reveal the reac-
tivity of the strained heterocyclic system towards methyl iso-
nitrile (Fig. 6). The reaction with the first equivalent of methyl
isonitrile is less exergonic and has a higher barrier (TS4 vs. TS6)
than the reaction with the second equivalent. The reaction with
the third equivalent can only produce a coordination
compound M9 as the insertion product M10 is about
5.4 keal mol™" higher in Gibbs free energy.

SiM63

(PN I Sitles

N{Bu
a 34 %

iPr
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Fig. 6 Energy profiles calculated (M06-2X/6-311+G**) for the cycloaddition of the parent benzoborirene (BBI) with the first (top), second
(middle) and third (bottom) equivalents of methyl isonitrile. The relative Gibbs free energies (calculated at 298 K) and electronic energies (in

parentheses) are given in kcal mol ™%,

Summary

trimethylphosphine oxide resulting in benzo[c][1,2,5]oxaphos-
phaborole 2 and 1,3-dihydrobenzo[c][1,2]oxaborole 3, respec-

In conclusion, the kinetically stabilized benzoborirene 1 allows
formal (2 + 2) cycloadditions with acetaldehyde and

10484 | Chem. Sci, 2023, 14, 10478-10487

tively, by insertion into one of the B-C bonds. According to our
analysis of the unusual bonding situation in benzo[c][1,2,5]

© 2023 The Author(s). Published by the Royal Society of Chemistry


http://creativecommons.org/licenses/by-nc/3.0/
http://creativecommons.org/licenses/by-nc/3.0/
https://doi.org/10.1039/d3sc03433j

Open Access Article. Published on 13 September 2023. Downloaded on 1/14/2026 7:10:06 AM.

Thisarticleislicensed under a Creative Commons Attribution-NonCommercial 3.0 Unported Licence.

(cc)

Edge Article

oxaphosphaborole 2 by applying three different quantum-
chemical descriptors (localized natural orbitals, the electron
density, and relaxed force constants) the P-O bond in 2 seems to
represent a bonding situation right at the borderline between
shared and non-shared interactions in general. To the best of
our knowledge, the softness of the P-O bond in 2 is unprece-
dented in the literature. The coordination compound of ben-
zoborirene 1 and trimethylphosphine oxide was observed at low
temperatures which allowed the estimation of the electrophi-
licity of the boron centre in 1 to be between that of B(C¢F;); and
B(OCH,CF;); at —60 °C.

Furthermore, benzoborirene 1 reacts with ter¢-butyl isonitrile
in a formal double (2 + 1) cycloaddition to form N,N'-di-tert-butyl
benzo[b]borole-2,3-diimine 4, revealing the double bond nature
of the B-C bond in the benzoborirene scaffold. Isonitrile in
excess of two equivalents is likely only coordinated to the boron
centre as a third insertion is energetically unfavourable
according to DFT computations.
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