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f the electronic states of V3Si in
momentum space

Saloni Sharma, Nikhil Joshi, Vijay Maurya and K. B. Joshi *

The electronic properties of V3Si are reported using the full-potential linearized augmented plane wave

method. The electronic properties in the momentum space such as one and two dimensional electron

momentum densities and the Fermi surface are presented. The momentum densities are compared with

available experimental data. The one-dimensional electron momentum density i.e. the Compton profile

is found to be in excellent agreement with the experiment. Anisotropy in the directional Compton profile

corroborates the crystalline effects. The dimensions of the Fermi-surfaces are well captured by the 2D

electron momentum density. The chemical bonding in this metallic compound is studied by means of

the electron localization function and reciprocal form factor which suggest dominance of metallic bonding.
1. Introduction

The A15 compound V3Si is found to be a type-II superconductor
with TC = 17.1 K.1 This occurs in cubic structure and acquires
a tetragonal structure at temperatures higher than the TC.2 The
compound shows multi-band superconductivity. It is a two-
band superconductor, discovered well before MgB2.3,4 It is
widely used as a stable and durable superconductor. The
superconducting wires of this material are used in electric
transmission lines, lossless coils, and radio frequency applica-
tions because of their operating and capital cost savings, high
gradient, and reduced impedance.5

Eventually, V3Si has attracted many theoretical and experi-
mental studies.6–18 These include the investigations of the
electrical, structural, thermodynamical, and electron–phonon
interactions. Since the discovery of this compound, practically
major share of the research is devoted to investigate super-
conductivity because A15 compounds were at the forefront of
this fascinating and difficult subject. In essence, there aren't
many publications on V3Si other than those pertaining to its
superconducting properties that evaluate its ground state
properties in momentum space, such as Fermi surface (FS) and
chemical bonding, as well as 1D and 2D electron momentum
densities (EMD). Although experimental studies of Compton
proles (CP) i.e., the 1D-EMD is reported but no theoretical CP
is available for this compound. Therefore, in this endeavour, we
attempt ab initio calculations of 1D and 2D-EMD of V3Si which
probe electronic states inmomentum space. The FS, which is an
occupation function in momentum space, is also extensively
discussed. The electron localization function (ELF) is a novel
approach to explore the nature of chemical bonding in
iversity, Udaipur-313001, India. E-mail:

25845
compounds. It is especially suited to study bonding between
metallic constituents in a compound. We perform the study of
chemical bonding using ELF and discuss it in conjunction with
the charge transfer reported by the number of workers6,19–23 and
the reciprocal form factor. The latter is a transformation of
Compton prole in real space. In the highly pure A15 crystals of
the A3B type, interestingly, the movement of B atoms is
restricted. On the other hand, A atoms can move on its sub-
lattice by exchanging positions with the vacancies present on
the same sub-lattice. The diffusion of B is only possible
depending on the presence of B antisite defects and vacancies
on the lattice. Therefore, the diffusion in these structures is
quite important. In fact, interchangeability of atoms at the A
and B sites is the reason why diffusion is very critical in A15
compounds. This aspect of the A15 compounds has not been
touched upon. In this endeavour, we push the boundary of our
current understanding of diffusion and related properties
further by evaluating the vacancy migration enthalpy.

Both 1D and 2D-EMD are unique observables. These can be
calculated as well as measured. These two unravel the
momentum space behaviour of the ground state of a material.
The CP is directly related to the momentum density distribution
of the system. As CP is sensitive to the behaviour of valence
electrons, many characteristics of solids owing to valence elec-
trons can be probed. The results of CP give the valuable infor-
mation about the Fermi surface and its dimensions, correlation
effects in transition metal compounds, and the nature of
chemical bonding.24–27

In the independent particle model (IPM), the wave function
of band electrons in momentum space jk

n(p) can be obtained as:

jk
nðpÞ ¼

ðN
�N

jk
nðrÞexpð�ip$rÞdr; (1)
© 2023 The Author(s). Published by the Royal Society of Chemistry
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where jk
n(r) is the wave function of an electron with wave vector

k and nth band. The EMD can be calculated using the Fourier
transform of the ground state wave function in real-space for
crystalline solids. The EMD r(p), is obtained as:

rðpÞ ¼
X
n;k

f kn
��jk

nðpÞ
��2; (2)

where f kn is the occupation number, which is either one or zero
in IPM depending upon whether the state is empty or lled.
Electron correlations shi electrons from an occupied to an
unoccupied state. Consequently, the states below the Fermi
energy (EF) become less than one, while those above the EF
become non-zero. The Compton prole J(pz) can be dened in
terms of the electron momentum density r(p). The CP is related
to the two-dimensional 2D integral of the EMD as follows:

JðpzÞ ¼
ð ð

rðpÞdpxdpy; (3)

or equivalently, a one-dimensional projection of the EMD along
the direction of the scattering vector pz of the incident photon.
Directional Compton proles (DCP) allow the study of anisot-
ropies in the EMD. The DCP is the 2D integration of the EMD
r(p) over a plane perpendicular to the êhkl, through pêhkl, where
êhkl is the unit vector along the [h k l] direction:

Jðp$êhkl ¼ pzÞ ¼ JhklðpzÞ ¼
ð ð

rðpÞdðp$êhkl � pzÞdpxdpy: (4)

The anisotropy can be extracted by taking differences in the
DCPs determined along [hkl] and [h′k′l′] directions. Thus
anisotropy is:

DJAni.(pz) = Jhkl(pz) − Jh′k
′
l
′(pz). (5)

The anisotropies deliver information about the occupied
bands via fkn, and Fermi surface in metals and related systems.28

The Compton prole J(pz), signies the probability that the
scattering electron has a component of momentum (pz). More-
over, this is a projection of the EMD r(p) along the scattering
vector (z-axis). From the measurement point of view, within the
validity of impulse approximation, the Compton prole is
related to scattering cross section as follows:29

d2
s

dUdu
fJðpzÞ ¼

ð ð
rðpÞdpxdpy; (6)

where dU is the solid angle and du is the energy of a photon.
The impulse approximation is found to be well satised in the
regime of high momentum transfer.30 The measurement on
a polycrystalline sample gives an isotropic CP, whereas the
measurement on a single crystal grown in a specic direction
gives a DCP. The CP follows the normalisation condition,ÐN
�N JðpzÞdpz ¼ N; where N is the number of electrons partici-
pating in the Compton scattering in a given geometry.

Pattison and Williams31 have proposed an alternative
approach to interpret the CP data. The Fourier transform of the
Compton prole contains information related to Fermi surfaces
and bonding. The Fourier transform of the CP is dened as:
© 2023 The Author(s). Published by the Royal Society of Chemistry
BðrÞ ¼
�

1

2p

�1
2
ðN
�N

JðpzÞe�ipz$zdpz: (7)

For free electron gas, the B(r) function is given by:

BðrÞ ¼ 3

pf 2r2

"
sin

�
pfr

�
pfr

� cos
�
pfr

�#
: (8)

The B(r) is known as the auto-correlation function or the
reciprocal form factor. It carries information regarding Fermi
surfaces and bonding. In the case of metals, the free electron
behaviour leads to the parabolic shape of the CP. This feature
manifests as a zero value of B(r) wherever pfr = 4.493, 7.725,
10.904, 14.066 etc.31,32 In compounds with completely lled
shells the B(Rj) = 0 at lattice translation vectors.33–37 The
minimum in the B(r) function signies the bond length.38

The 2D-EMD is another interesting property that can be
determined both experimentally as well as theoretically. This
can be probed via the two-dimensional angular correlation of
annihilation radiation (2D-ACAR) technique, which is also very
sensitive to the valence electrons. It is evaluated by the integral
of EMD r(p) or the two-photon momentum density (TPMD),
denoted by r2g(p) along a single direction. However, it is
affected by the inuence of the positron. In crystalline solids,
the annihilation of Bloch-state positrons with electrons leads
predominately to the emission of two photons.39 In 2D-ACAR
measurements, one measures the 2D-projection of the TPMD.
Observing the annihilation radiation provides information
about the electronic structure in the momentum space.29,39,40

This can be calculated from the squared absolute value of the
Fourier transform of the wave function of electrons jk

n(r) and
positrons function jp(r) denoted here as r2g(p). In the inde-
pendent particle approximation:

r2gðpÞ ¼
X
n;k

����
ð
expð�ip$rÞjk

nðrÞjpðrÞ
ffiffiffiffiffiffiffiffiffi
gðrÞ

p
dr

����
2

; (9)

where g(r) is the enhancement factor and it has a large effect on
the annihilation rate. Notably, it has been established that this
factor has no effect on the position of Fermi breaks. Thus,
obviously the positron annihilation is well suited for Fermi
surface studies. One can get the 2D-EMD r(px,py)by performing
a line integral along pz axis:

r
�
px; py

� ¼ ð
r2gðpÞdpz: (10)

To understand the nature of bonding from the perspective of
Lewis theory, the unique contemporary theoretical tool ELF is
introduced. It enables to unfold of the physics of inter-phase
and intraphase phenomena.41,42 It pinpoints the areas in
atomic, molecular, and crystalline systems where electrons are
localised. Mulliken43 rst envisioned the division of space into
non-overlapping regions based on ELF theory, which Bader,
Luken, and Culberson later rened.44,45 ELF is viewed as the
inverse probability of nding two same spin electrons at a given
RSC Adv., 2023, 13, 25836–25845 | 25837
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point in space. The spin-paired states i.e., the low probability
regions are well localized and show a larger ELF, while the
unpaired states i.e., the regions of high pair probability or the
regions of like spin electrons, are poorly localized and show
a lower ELF.46 In the formulation, the ELF is dened as a ratio
between the excess of kinetic energy density resulting from the
Pauli exclusion principle D(r), and the kinetic energy density of
homogeneous electron gas D0(r) as:41,46,47

cðrÞ ¼ DðrÞ
D0ðrÞ : (11)

Within the Kohn–Sham scheme, the increase in kinetic
energy can be written as:

DðrÞ ¼ tðrÞ � 1

4

jVrðrÞj2
rðrÞ ; (12)

where t(r) is the kinetic energy obtained from the Kohn–Sham
orbitals given as:

tðrÞ ¼ 1

2

X
i

jVØij2: (13)

The ELF, normally denoted by h(r), is given by:

ELF = h(r) = [1 + c(r)2]−1. (14)

The ELF takes values between 0 and 1. Generally, ELF is
drawn on a plane, and the value of the function is projected by
colour. The lowest permissible value is 0, which highlights
delocalized bonding. The maximum possible value of ELF (= 1)
corresponds to the highest degree of electron localization i.e.,
ELF is higher in the region where bonds and lone pairs are
formed. For metals, eqn (11) yields c(r) = 1, suggesting the

ELF ¼ 1
2
which signies perfect delocalization.41,48–50 Insulators

are oen considered to be composed of localized bonds and
metals of delocalized bonds. Thus, ELF can differentiate among
metallic, covalent, and other bonding regions.

In this work, we have studied the 1D and 2D-EMD as well as
the Fermi surface of V3Si. The 1D-EMD i.e., Compton prole of
polycrystalline V3Si is compared with the available experimental
data reported by Sharma et al.22 The anisotropies in the DCPs of
V3Si are reported for the rst time. The 2D-EMD is compared
with the 2D-ACARmeasurements reported by Farmer et al.51 The
nature of bonding is examined using the reciprocal form factor,
charge transfer, and the ELF. The ndings of the Fermi surface
are compared with available experimental results.52 The article
is organised as follows: the basic details of the calculations are
given in Sec. 2. The discussions of the results of the Compton
prole, 2D-EMD, ELF and Fermi surface are given in Sec. 3.
Finally, conclusions are given in Sec. 4. Unless otherwise stated,
all quantities are described in atomic units (a.u.), where e = ħ =
m = 1 and c = 137.036, giving unit energy equivalent to
27.212 eV, unit momentum equivalent to 1.9929 × 10−24

kg m s−1. The last one is close to the momentum of an electron
25838 | RSC Adv., 2023, 13, 25836–25845
at the Fermi surface in aluminum, and the unit length is equal
to the Bohr radius 0.52917 × 10−10 m.
2. Computational details

The crystal structure of V3Si belongs to the space group Pm�3n
(#223). There are eight atoms in the unit cell. The V atoms
follow the point symmetry 4�2m and occupy 6c Wyckoff posi-
tions. The Si atoms follow the point symmetrym3 and occupy 2a
Wyckoff positions. We deployed the full potential linearised
augmented plane wave (FP-LAPW) method founded on the
density functional theory.53 The mathematical framework and
overall scheme of the FP-LAPW and allied methods can be
found elsewhere.54 For the exchange correlation functional, we
have used the Perdew–Burke–Ernzerhof (PBE) ansatz based on
generalized gradient approximation (GGA).55 The muffin-tin
radii were 2.198 Bohr and 2.200 Bohr for V and Si atoms,
respectively. The plane wave cut-off parameter rgkmax was set to
8.5. The charge and energy self-consistent calculations were
performed taking the Monkhorst–Pack net of 20 × 20 × 20 size.
The LAPW method embodied in the Elk allows us to calculate
the 1D-EMD, 2D-EMD and the ELF.53 The EMD calculations are
performed with hkmax = 20 a.u. This was found to be sufficient
to satisfy the normalisation of the valence Compton prole of
V3Si. The calculated ELF is plotted using VESTA,56 and the Fermi
surface is plotted using XCrysden.57 For the calculations of DCP,
the three principal crystallographic directions [100], [110], and
[111] are undertaken.
3. Results and discussion
3.1 Structural properties

The calculations are performed at the equilibrium lattice
constants, obtained by tting the Murnaghan equation of state
to the computed data set of total energies. We nd the lattice
constant a = 4.706 Å and bulk modulus B0 = 188.70 GPa. Both
are in very good agreement with the available experimental
lattice constant a = 4.72 Å and bulk modulus B0 = 196 GPa.58

Interestingly, the elastic constants enable us to nd the
tendency of materials to form vacancies, migrate and undergo
diffusion. This is of practical interest in technological applica-
tions where annealing and deformation procedures are
required in the fabrication processes. The vacancy migration
enthalpy HM is dened as:59

HM = d2GFa
3, (15)

where GF ¼ 15c11c44Q
2ð3c44Bþ c11ð2c44 þ BÞÞ and Q = (c11 − c12). Using

the reported values of elastic constants60 and taking the value of
d2 = 0.022 prescribed for cubic crystal structures, one can
compute HM. For V3Si, it turns out to be 1.951 eV. Using high
throughput calculations, the following relation has been sug-
gested by Angesten and co-workers:61

HM = 0.016B0a
3, (16)
© 2023 The Author(s). Published by the Royal Society of Chemistry
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where B0 is the bulk modulus. This gives HM to be 1.957 eV.
Thus, for V3Si both formulations give almost similar values. In
comparison to Rh, Ir metals, this is very high.62 The formulation
suggests that V3Si favours the interchangeability of the sub-
lattice of V and Si atoms and may probably result in a high
diffusion coefficient.

3.2 Electronic states

The electronic band structure of V3Si is shown in Fig. 1. The
shell wise contributions of V and Si atoms in the formation of
bands can be analysed from the partial DOS plotted in Fig. 2(a)
and (b). The band structure can be divided into three regions
Fig. 1 Band structure of V3Si.

Fig. 2 Partial DOS from s, p and d states of (a) vanadium, (b) silicon atom
and Si(d) is multiplied by 20.

© 2023 The Author(s). Published by the Royal Society of Chemistry
ranging from −5.16 to −2.52 eV, −2.52 eV to Fermi level (EF),
and EF to 3.15 eV. In the −5.16 to −2.52 eV region, most of the
bands are well dispersed, while a few show less dispersion in G–

X, X–M, M–G and G–R lines. Therefore, a peak below −4 eV
appears in the DOS. In Fig. 2, we note that the V(d) and Si(p)
states contribute to this peak. There is a minor contribution
from the V(s) and V(p) states also.

In the−2.52 to EF region there are some at bands that cause
a rapid fall of the DOS near the EF. These at bands originate
predominantly from the V(d) states and partially from the V(p)
states. At Fermi energy, three at bands extend in the M–G–R
segment. These contribute to the N(EF) sharpness and also play
s in V3Si. To improve visibility the scale of DOS in case of V(s), V(p), Si(s)

RSC Adv., 2023, 13, 25836–25845 | 25839
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Fig. 4 The band structure of V3Si in −0.5 to 0.5 eV range.
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a signicant role in shaping the FS which will be discussed
later. This feature is also a signature of the superconducting
behaviour of V3Si seen in A15 compounds.3,13,63 Overall, the
band diagram suggests V3Si to be a conductor. A high value of
N(EF) is reported by a number of workers in V3Si. In current
work, the N(EF) is found to be 224.79/(Ry. per unit cell), which is
in very good agreement with the earlier result using the FP-
LAPW i.e., 222.10/(Ry. per unit cell).64

The region from EF to 3.15 eV shows very large dispersion,
resulting in a large bandwidth of the conduction bands, which
originates mainly from the V(d) states, followed by some
contribution from other valence states of V and Si. In the region
2–4 eV, many bands gather, which are less dispersed, resulting
in numerous peaks. These are again dominated by V(d) states.
Thus, V(d) states largely affect the overall band structures and
hence the electronic states of the V3Si.

3.3 Fermi surface

The four bands contribute to the formation of the FS of V3Si.65

Band-by-band decomposition of the FS is shown in Fig. 3. The
irreducible Brillouin zone with the high symmetry k points is
drawn in Fig. 3(a). A bird eye view of the region of bands,
dispersing in the range of −0.5 to 0.5 eV around EF, contribute
to the shapes of Fig. 3(a)–(d), is given in Fig. 4. Both the FS and
the contributing band dispersion curves resemble the ndings
from the VASP by Cho et al.3

The FS due to the rst band shown in Fig. 3(a) is hole-like. It
has a small hole-like structure extending over a very small
region beginning at 0.076 (p/a) in the R/ X direction. As Fig. 4
depicts, the rst band crossing the Fermi level around the R
point gives rise to this shape. The FS due to second band, shown
in Fig. 3(b), is also hole-like. Similar to the rst band it extends
over a small region in the R / X and R / G directions. Unlike
the rst band, however, the FS due to the second band extends
in the G/M andM/ X directions also. The hole like structure
begins in the G/M direction at 0.39 (p/a) and truncates in the
M / X direction at 0.12 (p/a). These features give rise to
laminar structure along the M–R edge. The upper two bands
cross the Fermi level at several points and hence give rise to the
complex shape of the Fermi surfaces drawn in Fig. 3(c) and (d).
These arise from the third and fourth bands. These bands have
multiple sheets arising from the crossings in the G–X, X–M, M–

G, G–R and M–R lines. Both the third and fourth bands form
nearly identical sheets, except in theM–G–X line. As observed in
Fig. 3 The Fermi surfaces of V3Si from (a) first (b) second (c) third and (

25840 | RSC Adv., 2023, 13, 25836–25845
the earlier studies, the protuberances or bulges are visible
towards the R points.65 The third band constitutes a large hole
pocket at the G point like a deformed sphere. The radius of the
deformed circle in the M–R–X plane is 0.24 (p/a) in the X–M
direction and 0.36 (p/a) in the X–R direction. Notably, deformed
radii of 0.2 (p/a) and 0.4 (p/a) observed by the 2D-ACAR data are
close to our results in comparison to earlier rst principles
studies.51,52 FS due to the fourth band has a hole-like surface
around M point with openings towards the G point forming
a jungle-gym structure.65 The dispersion of the third and fourth
bands in the X–M–G linemarks the difference in the FS drawn in
Fig. 3(c) and (d). Note that the third band becomes electron-like
at 0.11 (p/a) in the M–G direction, turns into hole-like at 0.3 (p/
a) and becomes electron-like again at 0.416 (p/a) near the G

point. On the contrary, the fourth band remains hole like up to
0.416 (p/a) near the G point. The third and fourth bands show
similar features up to 0.49 (p/a) in the G–R direction. These
constitute electron lenses of small size up to 0.06 (p/a), followed
by hole like sheets up to 0.23 (p/a). Thereaer, the sheets are
electron-like up to 0.49 (p/a) in the G–R direction. Beyond this,
for a very small interval, the surface becomes electron-like,
which gives rise to the bulges in the G–R direction.

3.4 Electron momentum density

As introduced, the Compton scattering and the 2D-ACAR
measurement directly measure the EMD. The Compton scat-
tering delivers the 1D projection of the EMD, whereas the 2D-
d) fourth band.

© 2023 The Author(s). Published by the Royal Society of Chemistry
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Fig. 6 The experimental and theoretical valence Compton profiles of
V3Si are shown in the upper panel. The difference curve DJ(pz) =

Jtheory(pz) − Jexperiment(pz) is shown in the lower panel. Experimental
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ACAR measures the integral along a single direction i.e., the 2D
projection of the TPMD, which is closely connected to the EMD
but includes the inuence of the positron. Such studies are
quite useful for studying electronic states in bulk.39 Here in
follows the comparison between our calculations and the pub-
lished measurements.

3.4.1 2D-electron momentum density. The 2D-EMD
comparable with the 2D-ACAR spectra studied by earlier
workers computed in two symmetry planes are plotted in Fig. 5.
The shallow dip at the G point in the GMX plane points out the
hole-like structure. There is a large hole sheet (see Fig. 4) at the
M point, leading to a quite low value of the momentum density
at the M point in Fig. 5(b). This is in agreement with the
experimental studies.40,52 Moreover, Farmer et al.51 projected
momentum density onto the (100) plane and compared it with
the jungle gym structure consisting of a cylindrical shape with
a proposed 0.39 (p/a) radius. Current results suggest (0.416 −
0.11 = 0.306) (p/a) radius that is just 2% lower. The projected
EMD shown in Fig. 5(b) is in agreement with the similar
projections reported by Farmer et al.51

3.4.2 1D-electron momentum density or Compton proles
Isotropic Compton proles. Sharma et al.22 have published

experimental CP of the polycrystalline V3Si. They have reported
total isotropic experimental CP using a 59.54 keV g-ray Comp-
ton spectrometer. Our calculation gives the valence electron
CPs. To extract the experimental CP due to valence electrons,
the core contribution, taken from the tables of Biggs et al.66 is
subtracted. All the valence proles are then normalised to
21.083 electrons in the 0–7 a.u. range and convoluted with
a Gaussian resolution function taking 0.53 a.u. width. The Elk
delivers the directional Compton prole. For the polycrystalline
material, the spherical average of CP is required to get the
isotropic CP. This is deduced by taking the average using the
3D-Sphav formula described in earlier studies.67–69
Fig. 5 The calculated 2D-EMD of V3Si. (a) The 2D-EMD view and (b) Th

© 2023 The Author(s). Published by the Royal Society of Chemistry
In Fig. 6, the measured and calculated CPs of valence elec-
trons are plotted. The difference DJ(pz) = Jtheory(pz) −
Jexperiment(pz) is shown in the lower panel. In the 0 # pz # 0.7
region, the theory underestimates the CP thereaer it over-
estimates up to 1.5 a.u. The maximum difference visible at 0.3
a.u. is 2.4% of JVal.Expt.(0). Beyond 1.5 a.u., the DJ is well within
error bars. Beyond 3 a.u., the difference is very close to zero, as
this is the region dominated by core electrons, which are absent
in the valence CP. The point-by point resemblance of theory and
experiment in this region highlights that the current calcula-
tions are in very good agreement with the experiment.22

Anisotropies. The DCPs calculated along principal directions
[100], [110], and [111] are normalised to 21.083 electrons in the
e selective projection on the px − py plane.

errors are also indicated at some points.

RSC Adv., 2023, 13, 25836–25845 | 25841
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Fig. 7 Anisotropies in the unconvoluted directional Compton profiles
of V3Si using the GGA.
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0–7 a.u. range. To get the anisotropies, the differences in the
DCPs are found. The three anisotropies derived from the
unconvoluted DCPs are plotted in Fig. 7.

As the band structure shown in Fig. 4 depicts, the electron
and hole-like sheets contribute to the DCPs and hence the
anisotropies. The G–X line has electron-rich sheets. The G–M
and G–R have both hole- and electron-rich sheets. So the J111 −
J100 is maximum at pz = 0. The maximum values of the two
anisotropies with respect to [100] are 0.21 and 0.32 e a.u.−1,
respectively at pz = 0. These are about 2% of JVal.Expt.(0), which can
be well measured at the synchrotron radiation facilities. In
terms of occupancy, the occupied states at pz = 0 are more in
[100], followed by [110] and [111]. In the anisotropy curves, the
positions of the extrema are clearly visible. The maxima in the
Fig. 8 (a) Crystal structure of V3Si showing the (100) planes at x = 0.5 and
shown in (b) and (c).

25842 | RSC Adv., 2023, 13, 25836–25845
J111 − J100 and J110 − J100 occur around
1

2
ffiffiffi
3

p p

a
¼ 0:36 and

1

2
ffiffiffi
2

p p

a
¼ 0:45 a:u: Moreover, the J100 has more contribution at

1
2
p

a
¼ 0:63 a:u: So both anisotropies show reduced contribu-

tions at this momentum. Beyond 2 a.u., the anisotropies vanish
because only the isotropic contribution of electrons prevails,
which is cancelled by the differences in the DCPs.

3.5 Electron localization function and bonding

The nature of bonding in V3Si has been studied by a number of
workers on the basis of charge density plots, which were devoid
of either charge or energy self-consistency due the smaller
number of k points used in the computation. The experimental
studies are performed using Compton scattering and X-ray
diffraction measurements.22,70 As described before, ELF is now
a useful technique to study the nature of bonding in
compounds. As illustrated earlier, the lowest permissible value
of ELF points out delocalized bonding; the maximum value of
ELF corresponds to the highest degree of electron localization;
and ELF = 1

2 signies perfect delocalization.
41,48–50

In Fig. 8, the crystal structure and the ELF in the (100) plane
at x = 0.5 and 1 units are drawn. The enlarged views are shown
in Fig. 8(b) and (c). The ELF from the Si atom can be seen at the
centre in Fig. 8(b). A very high value of ELF ∼ 1 is visible around
this position, which decreases rapidly in all directions. This
points out highly localised charges around the Si atom, sug-
gesting the formation of bonds and lone pairs. The two loca-
tions on the c-axis and its parallel edge also show localised
charges that arise from the vanadium atoms situated just below
and above this (100) plane. On either side of the locations in the
b-direction where ELF = 0.3, the vanadium atoms are situated.
In this entire region, ELF lies in the 0.3 # n(r) # 0.5 range,
suggesting dominant metallic bonding. One can see that the
upper and lower edges of the hexagon are directed towards the
vanadium atoms located in the direction of the b-axis. The ELF
= 0.5 points out that the V–Si bond is largely metallic. Notably,
more delocalized charges in the vicinity of vanadium than
silicon point out Si to V charge transfer. Themiddle edges of the
x = 1 and the ELF. The enlarged views of the ELF in the two planes are

© 2023 The Author(s). Published by the Royal Society of Chemistry

http://creativecommons.org/licenses/by-nc/3.0/
http://creativecommons.org/licenses/by-nc/3.0/
https://doi.org/10.1039/d3ra04535h


Table 1 Estimated charge transfer (electrons per atom) in V3Si

Method Mode Charge transfer

LMTO method6 Si to V 0.50
LCAO method19 V to Si 0.073
LAPW method20 Si to V 1.10
X-ray spectral studies21 V to Si 0.54 � 0.25
Compton prole22 Si to V 0.40
X-ray diffraction23 Si to V 1.80

Fig. 10 The B(r) function of V3Si.
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hexagon are directed towards the middle of the V–V bond on the
faces of the cube perpendicular to the (100) plane. Here the ELF
= 0.3. Thus, in this plane, the ELF around vanadium atoms is 1

2
suggesting metallic bonding.

In the (100) plane at x = 1 the four quartets at the corners of
the plane are due to silicon atoms showing highly localised ELF.
Around the two vanadium atoms in the plane, the ELF is again
in the 0.3 # n(r) # 0.5 range, pointing to delocalization of
charges due to the dominating metallic behaviour of the V–V
bond. The yellow channels (ELF = 0.75) around the silicon
quartets on four corners of the plane constitute the hexagon
visible at the centre in Fig. 8(b).

The ELF on the (110) plane and the enlarged view are shown
in Fig. 9. The ELF at the centre and the four corners, clearly
visible in Fig. 9(b), arise from the silicon atom. ELF signies
highly localised charges around the silicon, which gradually get
delocalized in all directions. As the plane passes through the
V–V bond, the ELF is within the 0.1 # n(r) # 0.3 range, sug-
gesting charge delocalization. The major part of the (110) plane
is green, indicating ELF = 1

2. This points out that the electron
density is more like the homogeneous electron gas, pointing to
metallic bonding. The outer part of the ELF around the silicon
atom shows ELF in the 0.7 # n(r) # 0.8 range suggesting
covalent bonding. Both planes point out prominent metallic
behaviour accompanied by some charge transfer from silicon to
vanadium.

Several authors have studied charge transfer using experi-
ments and ab initio methods.6,19–23 These are summarised in
Table 1. These point out charge transfer from either V to Si or Si
to V. In the crystalline state, the charge within the MT sphere is
21.25 and 12.36 electrons on vanadium and silicon, respec-
tively. The charge in the interstitial region is 13.77. The charges
found by earlier calculations on vanadium and silicon within
the MT sphere were 21.29 and 12.46 electrons, respectively.20 In
contrast, in the interstitial region of the crystal the charge i.e.,
13.34 was less. The ELF described above also points out that
most of the vanadium electrons show a delocalized nature
spread in the interstitial region, forming metallic bonds, which
was not considered in earlier studies.
Fig. 9 (a) The (110) plane of V3Si and (b) the ELF with scale.

© 2023 The Author(s). Published by the Royal Society of Chemistry
Now we discuss the bonding characteristics of V3Si in terms
of the B(r) function. The reciprocal form factor i.e., B(r) is
plotted in Fig. 10. The minimum in B(r) corresponds to the
bonding length, whereas the zero positions give the Fermi
momentum. The calculation gives the minima at 4.46 a.u. while
the experiment gives the minima at 4.65 a.u. In both cases, the
minimum occurring at about half of the lattice constant shows
good agreement.

The B(r) from FP-LAPW intersects the r-axis at a number of
positions. In metallic systems, the rst intersection occurs at pfr
= 4.493 and the next at pfr= 7.725. These yield values of pf to be
RSC Adv., 2023, 13, 25836–25845 | 25843
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0.81 a.u. and 0.84 a.u., respectively. These are very close to the
calculated value 0.88 a.u. This suggests that the B(r) function
also captures the free electron-like or metallic behavior of
electrons in V3Si.

In the region beyond 6 a.u., there are some differences in the
B(r) function between theory and experiment. To incorporate
the effect of the resolution function into theory, the B(r) func-
tion has to be multiplied by the damping function. This will
attenuate the B(r) function beyond 6 a.u. and may bring the
shape of B(r) function closer to the experimental shape.
4. Conclusions

The electronic properties of V3Si in the momentum space are
studied using FP-LAPW calculations in this work. The results of
band structure and partial DOS point out the dominance of
V(3d) states. The at bands in the −2.52 to EF region originate
mainly from the V(3d) and partially from the V(3p) states. The
calculated value of N(EF) is found to be in very good agreement
with the earlier calculations. The shape and dimensional
characteristics of the Fermi surfaces resemble with the available
experimental results. The ndings of the 2D-EMD are consis-
tent with those of the 2D-ACAR. The calculated directional CP
and anisotropies reveal the salient features of the band struc-
ture around Fermi energy and the Fermi surface. The maximum
anisotropy is 2.4% of JVal.Expt.(0). The isotropic Compton prole is
found to be in very good agreement with the experimental
prole. The nature of bonding in V3Si is discussed using ELF
and B(r) function. In the (100) plane, highly localised charges
around the Si atom and delocalized charges in the vicinity of
vanadium are found, which suggest charge transfer from Si to V.
The ELF in both planes suggests metallic behaviour accompa-
nied by some charge transfer from Si. The B(r) function suggest
a strong V–Si bond with a bond length of about half of the lattice
constant. The function also captures the dominant metallic
behaviour of electrons by projecting the accurate value of pf.
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Chem., Int. Ed. Engl., 1997, 36, 1808.

51 W. Farmer, F. Sinclair, S. Berko and G. Beardsley, Solid State
Commun., 1979, 31, 481.

52 T. Jarlborg, A. A. Manuel and M. Peter, Phys. Rev. B: Condens.
Matter Mater. Phys., 1983, 27, 4210.

53 elk – open access code. http://elk.sourceforge.net/.
54 J. Kohanoff, in Electronic Structure Calculations for Solids and

Molecules: Theory and Computational Methods, Cambridge
University Press, England, 2010.

55 J. P. Perdew, K. Burke and M. Ernzerhof, Phys. Rev. Lett.,
1996, 77, 3865.

56 K. Momma and F. Izumi, J. Appl. Crystallogr., 2011, 44, 1272.
57 A. Kokalj, J. Mol. Graphics, 1999, 17, 176.
58 H. Hou, H. Zhu, W. Cheng and L. Z. Xie, Z. Naturforsch.,

2016, 71, 657.
59 H. Siethoff, Phys. Status Solidi B, 1997, 200, 57.
60 J. Philip and C. S. Menon, Pramana, 1978, 10, 311.
61 T. Angsten, T. Mayeshiba, H. Wu and D. Morgan, New J.

Phys., 2014, 16, 015018.
62 P. Varotsos and K. Alexopoulos, Phys. Rev. B: Solid State,

1977, 15, 2348.
63 L. F. Mattheiss, Phys. Rev., 1965, 138, A112.
64 C. Paduani and C. A. Kuhnen, Eur. Phys. J. B, 2008, 66, 353.
65 A. P. Cracknell, in The Fermi surfaces of metals: A description

of the Fermi surfaces of the metallic elements, Taylor & Francis,
London, 1971.

66 F. Biggs, L. Mendelsohn and J. Mann, At. Data Nucl. Data
Tables, 1975, 16, 201.

67 G. Kontrym-Sznajd and S. B. Dugdale, J. Phys.: Condens.
Matter, 2015, 27, 435501.

68 V. Maurya and K. B. Joshi, J. Phys. Chem. A, 2019, 123, 1999.
69 M. Miasek, J. Math. Phys., 1966, 7, 139.
70 J. Staudenmann, Solid State Commun., 1978, 26, 461.
RSC Adv., 2023, 13, 25836–25845 | 25845

http://elk.sourceforge.net/
http://creativecommons.org/licenses/by-nc/3.0/
http://creativecommons.org/licenses/by-nc/3.0/
https://doi.org/10.1039/d3ra04535h

	Ab initio study of the electronic states of V3Si in momentum space
	Ab initio study of the electronic states of V3Si in momentum space
	Ab initio study of the electronic states of V3Si in momentum space
	Ab initio study of the electronic states of V3Si in momentum space
	Ab initio study of the electronic states of V3Si in momentum space
	Ab initio study of the electronic states of V3Si in momentum space
	Ab initio study of the electronic states of V3Si in momentum space
	Ab initio study of the electronic states of V3Si in momentum space
	Ab initio study of the electronic states of V3Si in momentum space
	Ab initio study of the electronic states of V3Si in momentum space
	Ab initio study of the electronic states of V3Si in momentum space

	Ab initio study of the electronic states of V3Si in momentum space
	Ab initio study of the electronic states of V3Si in momentum space
	Ab initio study of the electronic states of V3Si in momentum space


