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Unraveling actinide–actinide bonding in fullerene
cages: a DFT versus ab initio methodological
study†

Adam Jaroš ab and Michal Straka *a

Actinide–actinide bonding poses a challenge for both experimental and theoretical chemists because of

both the scarcity of experimental data and the exotic nature of actinide bonding due to the involvement

and mixing of actinide 7s-, 6p-, 6d-, and particularly 5f-orbitals. Only a few experimental examples

of An–An bonding have been reported so far. Here, we perform a methodological study of actinide–

actinide bonding on experimentally known Th2@C80 and U2@C80 systems. We compared selected GGA,

meta-GGA, hybrid-GGA and range-separated hybrid-GGA functionals with the results obtained using a

multireference CASPT2 method, which we consider as a reference point. We show that functionals such

as BP86, PBE or TPSS perform well for predicting geometries, while range-separated hybrids are superior

in the description of the chemical bonding. None of the tested functionals were deemed reliable regard-

ing the correct electronic spin ground state. Based on the results of this methodological study,

we re-evaluate selected previously studied diactinide fullerene systems using more reliable protocol.

1. Introduction

The experimental detection of the U2 molecule by Gorokhov
et al. in 1974 started the era of actinide–actinide bonding
research.1 Only a few more systems containing An–An bonds
have been reported to date. The gas-phase Th2 was detected by
means of 2D fluorescence spectroscopy.2 The U(mu-H2)UH and
H2U–UH2 systems have been proposed to be formed in a
solid argon matrix based on comparison of experimental and
calculated infrared signals.3 Recent observation of a tri-thorium
cluster with s-aromatic metal–metal–metal bonding presents
an example of a supported Th–Th bonding.4 Mass-spectro-
scopic evidence for various diactinide fullerenes was presented
by Guo et al. in 1992 and a decade later by Akiyama et al,5–8 but
a real breakthrough was made with the full experimental
characterization of endohedral fullerenes U2@Ih(7)-C80 and
Th2@Ih(7)-C80 in 2018 and 2021.9–11 Theoretical studies pre-
dicted the An–An bonds in fullerenes before they were con-
firmed experimentally.12–14 Just recently, during the wrapping
up of this study, Poblet and coworkers provided mass-
spectroscopic evidence for a series of U2@C2n (2n 4 50) systems

prepared by laser ablation.15 They also performed theoretical
calculations and revealed that U–U bonding in the studied full-
erenes essentially exists in two forms, one of them being a weak
U–U bond with bond order o1, rU–U B 4.0 Å, and 3 unpaired
electrons at each uranium atom (septet) and the other being a
triple U–U bond with rU–U B 2.5 Å and a singlet electronic state
configuration, though energetically higher. Considering the above-
mentioned examples, actinide–actinide bonding is still rare in
comparison with hundreds of existing examples of metal–metal
bonds in transition metal compounds.16,17 The fact that the
experimental actinide science is more complicated is not the only
reason for the scarcity of An–An bonds. Probably, the biggest
obstacle is that actinides prefer binding to the ligands rather than
among themselves.18,19

The exotic nature of actinide–actinide bonding and rather
poor experimental evidence of compounds containing An–An
bonds inspired a number of computational studies, starting
with actinide dimers20–24 through di-actinide coordination
complexes19,25–29 to di-actinide fullerenes.12–14,30 Effective
bond orders (EBO, see Computational methods) in diatomic
actinides Ac2–Np2 were predicted at the CASSCF and CASPT2
levels with perturbatively included spin–orbit (SO) coupling as
2, 4, and 5 in Ac2, Th2, and Pa2, respectively.21,23 Four-
component calculations of U2 with variational SO coupling
predicted the EBO of four,20 while the former calculations with
perturbative treatment of SO coupling predicted the EBO of
five.21 Inclusion of spin–orbit coupling was also found to
slightly weaken the U–U interaction in U2@Ih(7)-C80.15
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The abovementioned experimental studies of U2@Ih(7)-C80

and Th2@Ih(7)-C80 also included theoretical calculations to
provide an insight into the An–An bonding in these systems.
Interestingly, the CASSCF(6,6) U–U effective bond order in
U2@C80 was predicted to be 0.1, while a value of 1.0 was
predicted for Th–Th bonds in the Th2@C80 system.9,10 The
latter system was found to feature a classical two-electron single
s-bond (utilizing the 6s and 5d Th orbitals) with a shared
electron pair in a closed-shell singlet electronic configuration.
Considerably lower An–An bond order in An2 fullerene systems
as compared to the An2 molecules is due to electron transfer
from the metal to the cage. The electronegative fullerene cage
acts as an electron-withdrawing ligand. For the C80 cage, the
experiment (XAS) shows that the oxidation state of the actinide
atom enclosed is +III, while the cage bears six additional
electrons.9,10 Therefore, only some metal electrons are left for
forming An–An bonds in the fullerene cage, in particular two
electrons in Th2@C80 and six electrons in U2@C80.

In our previous studies of actinide fullerenes,14,30,31 we used
the DFT BP86 functional together with 60-electron core MWB
potentials and a TZP-quality basis set for actinide atoms, and
used the def2-SVP basis set on carbon atoms to study An–An
bonding in di-actinide fullerenes. The calculations on various
di-uranium fullerenes (C60, C80, C86, C90) have shown that the
U–U bonding is driven by the size and shape of the fullerene
cage that strongly dictates the U–U distance that in turn
correlates with the U–U bond-order.14 In a follow-up, we have
studied An–An bonding in An2@Cn (An = Ac–Cm, n = 70, 80, 90)
systems. In both of these studies, we used the GGA BP86
functional, as it seemed to be sufficient for the correct descrip-
tion of the metal–metal bonding.13,32,33 However, there is a
striking discrepancy between the CASSCF-calculated U–U EBO
in U2@C80 of 0.19,10 and the BP86-calculated delocalization
index of 1.0.14,30 This discrepancy brought us to question how
accurate are the DFT-based predictions of actinide–actinide
bonds in di-actinide fullerenes.

Herein, we present a methodological study for the theore-
tical description of actinide–actinide bonding in actinide full-
erenes. The study was performed on two experimentally
characterized systems featuring An–An interactions/bonding
inside a fullerene cage, U2@Ih(7)-C80 and Th2@Ih(7)-C80, vide
supra. The parameters we used for the calibration method were
molecular structures, interaction energies between the metal
atoms and the cage, spin-state energetics, and chemical bond-
ing indices, such as the delocalization index (DI), effective bond
order (EBO), and Mayer’s bond order (MBO) as well as fuzzy
bond order (FBO) indicators. Of these parameters, only the
molecular structures are known from the experiment. Chemical
bonding is a theoretical concept and cannot be directly mea-
sured. Thus, for chemical bonding and interaction energies, we
calibrated density functional theory (DFT) approaches against
the best available ab initio multireference calculations, here
CASPT2. We show that DFT can provide reasonable structures
and energetics, fails in predicting the energy ordering of spin
states, and has to be used with caution for chemical bonding
parameters. Based on the results of calibration, we further

revisit our former predictions of bonding along the An2@Cn

(An = Ac–Pu, n = 70, 80, 90) series of compounds30 and provide
new, more reliable, predictions of An–An bonding in these
compounds.

2. Computational methods

Density functional theory (DFT) calculations were performed
using the Gaussian 16, revision C.01 computational package.34

Selection of pure DFT functionals included generalized gradi-
ent approximation (GGA) of BP86,35,36 BLYP,35,37 and PBE38

functionals, as well as a meta-GGA TPSS39 functional. Hybrid
versions of functionals included B3P86,36,40 B3LYP,37,40 PBE0,41

and TPSSh functionals.42 We also evaluated the performance of
range-separated CAM-B3LYP43 and LC-oHPBE functionals.44

Local-hybrids were represented by LH14t-calPBE45 functional
as implemented in Turbomole 7.6.46 Our attempts to include
oB97X47 and MN1548,49 functionals in the set failed as we were
not able to achieve converged results in a reasonable time
frame. DFT calculations used Grimme’s empirical dispersion
correction (D3) unless otherwise said.50,51 60-electron core
multireference Wood-Boring (MWB)52 and multireference Dirac–
Fock (MDF)53,54 pseudopotentials were used together with the
corresponding basis sets that are derived from ANO-RCC basis
sets for actinide atoms and correspond to (14s13p10d8f6g)/
[10s9p5d4f3g]55 and (14s13p10d8f6g)/[6s6p5d4f3g] contractions54

for MWB60 and MDF60, respectively. The ANO-RCC-based basis
sets are known to be sufficiently converged for many properties,
both in the ab initio and the DFT regions, so we did not investigate
the basis set convergence for An atoms.21,56 The def2-SVP, def2-
TZVP and def2-QZVP basis sets were tested for the cage carbon
atoms.57 A broken symmetry (BS) DFT approach was used to
evaluate the open-shell singlet states.58,59 In this approach, the
high-spin state of the di-metal molecule of interest is calculated
and then electrons on one of the metal atoms are flipped to yield an
open-shell singlet, thus breaking the symmetry of the electronic
state of the system.58,59

Complete active space self-consistent field (CASSCF), com-
plete active space 2n-order perturbation theory (CASPT2), and
multi-configuration pair-density functional theory (MC-pDFT)
calculations were performed using the Molcas software pack-
age, version 8.4.60 A standard IPEA shift of 0.25 a.u. and an
additional imaginary shift of 0.2 au. were used to avoid intruder
states in the CASPT2 calculations. The MC-ftPBE functional was
used to perform the MC-pDFT calculations. This functional has
been shown to perform well for Re–Re and Cu–Cu bimetallic
complexes.61,62 The Douglas–Kroll–Hess (DKH) approximation
was used together with medium Cholesky decomposition of
2-electron integrals, the ANO-RCC-VTZP (with h-type functions
removed) basis set for actinide atoms, and the ANO-RCC-VDZP
basis set for carbon atoms.56,63 The basis set used for the
carbon atoms presents a feasible compromise between the
performance and the cost and was also used in the previously
reported calculations of the EMF systems.9,10,64 An active space
of 6 electrons in 14 orbitals (6,14) was used for the U2@C80
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system, while the (2,6) active space proved to be sufficient for
the Th2@C80 system. Neither the larger active space nor the
higher number of active electrons changed the results signifi-
cantly. For more details on multireference calculations, see
the ESI.†

For diactinide fullerenes, performing spin–orbit (SO) calcu-
lations presents challenges beyond the capabilities of ab initio
methods. Additionally, bonding analysis using SO-DFT meth-
ods is not accessible. Previous research has suggested that SO
coupling weakens the An–An bonding in U2-based systems
based on the effective bond order calculations. In Fig. S3 (ESI†),
we illustrate using a model system (U2

6+) that its various spin
states remain nearly degenerate, within a 3 kcal mol�1 range at
the scalar-relativistic Douglas–Kroll–Hess (DKH) level. When
considering spin–orbit coupling, the singlet state remains the
ground state, with triplet, quintet, and septet states lying at
energy levels 2.6, 9.2, and 19.6 kcal mol�1 above the singlet
state, respectively (Fig. S3, ESI†).

Interaction energies, Eint, were calculated from the electro-
nic energies according to eqn (1):

Eint = E(An2@C80) � (2E(An) + E(C80)) (1)

The actinide atoms were considered in their ground state,
i.e., [Rn]7s26d2 for thorium and [Rn]7s25f36d1 for uranium.

QTAIM65 calculations were performed using the AIMAll66

software with both the DFT orbitals and the CASSCF/CASPT2
wavefunctions. The QTAIM parameter used to describe the
strength of the interaction used in the following text is the
delocalization index (DI). The DI is obtained by integrating
the electron density and corresponds to a number of electron
pairs shared between two atoms. Multireference wavefunctions
were converted into WFX files needed for the AIMAll program
using the Molden2AIM software.

Effective bond orders (EBOs) were calculated from the
occupancy of the bonding and antibonding natural orbitals in
the active space of the CASSCF/CASPT2 wavefunction. Like DI,
EBO serves as a measure of number of electron pairs shared
between the two actinides.67 Mayer’s bond orders (MBOs) and
fuzzy bond orders (FBOs) were calculated using the Multiwfn
software.68–70 Natural bonding orbital (NBO) analysis was per-
formed using the NBO 7.0 software.71 Adaptive natural density
partitioning (AdNDP) analysis was performed with the AdNDP
2.0 code72,73 using the canonical DFT as well as NBO orbitals.

3. Results and discussion
3.1. The basis set, ECP, and dispersion correction effects on
geometry and interaction energy in U2@Ih(7)-C80 and
Th2@Ih(7)-C80

As a first step, we investigated the effect of ECPs and basis sets
on the geometry and interaction energy (Eint, eqn (1)) of the
studied Th2@C80 and U2@C80 molecules. We compared older
MWB ECPs with the more recent MDF ones52–54 using the
corresponding basis sets (see Computational methods).
The MWB pseudopotentials are based on two-component
Wood-Boring approximation, while MDF ECPs are based on
the four-component Dirac–Hartree–Fock method, which
should be in principle more accurate. Convergence of the
basis set used for carbon atoms was studied along the def2-
SVP, def2-TZVP, def2-QZVP series. Note that Th2@C80 was
calculated as a singlet, although BP86 predicts a triplet
ground state. This choice was done because the singlet has
the lowest spin-state of Th2@C80 found by multireference
calculations (Section 3.2).

The results for MWB ECPs are collected in Table 1. The
calculated An–An distances in both compounds are in very
good agreement with the experiment, provided the upper
boundary of the U2@C80 experiment is taken (the upper
boundary was recommended in the pertinent experimental
work). Both the rTh–Th and rU–U slightly shorten with increasing
size of the carbon basis set, and both are well-converged with
the def2-TZVP basis set on carbon. The MDF pseudopotentials
and the corresponding basis sets provide similar An–An dis-
tances and dependence on the carbon basis set as the MWB
ones, as shown in Table 1. The MWB ECP gives slightly longer
U–U distance than MDF ECP (3.80 vs. 3.79 Å).

Regarding the interaction energies shown in Table 1, for
both kinds of ECPS and for both compounds, the def2-SVP
basis set on carbon overestimates the interaction energies by
about 20–25 kcal mol�1, while the def2-TZVP basis set gives Eint

within 2 kcal mol�1 from the best def2-QZVP results. This
points to converged def2-TZVP results associated with the
carbon basis set and energies. In contrast, the MWB ECP-
calculated Eint values are ca. 100 kcal mol�1 higher than the
MDF ECP values, pointing to a problem with MWB ECPs. Cross-
check calculations, in which we deliberately switched the MWB
and MDF basis sets revealed that MDF ECPs give consistent results
with both basis sets, while MWB ECPs do not. (Table S1, ESI†).

Table 1 The effect of ECP on actinide and basis set on carbon on rAn�An (Å) and interaction energies Eint (kcal mol�1) in Th2@C80 and U2@C80 systems.
Calculated at the BP86 level

ECP An basis C basis

1Th2@C80
7U2@C80

r Eint r Eint

MWB60 (14s13p10d8f6g)/[10s9p5d4f3g] def2-SVP 3.86 �377.7 3.84 �335.5
MWB60 (14s13p10d8f6g)/[10s9p5d4f3g] def2-TZVP 3.83 �352.5 3.80 �314.3
MWB60 (14s13p10d8f6g)/[10s9p5d4f3g] def2-QZVP 3.83 �353.9 3.80 �316.3
MDF60 (14s13p10d8f6g)/[6s6p5d4f3g] def2-SVP 3.87 �488.4 3.82 �415.4
MDF60 (14s13p10d8f6g)/[6s6p5d4f3g] def2-TZVP 3.84 �463.0 3.79 �394.5
MDF60 (14s13p10d8f6g)/[6s6p5d4f3g] def2-QZVP 3.84 �464.5 3.79 �396.8
Exp. — — 3.82 — 3.46–3.79 —
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In the following discussion, we will prefer using MDF ECPs,
whenever possible, specifically for Th, Pa, and U.

To see the overall effect of the used ECPs and carbon basis
sets on geometry, root-mean-square deviations (RMSDs) of the
calculated atomic coordinates were evaluated for both systems.
The geometries are converged within RMSDs equal to or
smaller than 0.002 Å for both MDF and MWB ECPs and def2-
TZVP basis set (Table S2, ESI†).

The role of the dispersion interaction was investigated by
performing calculations without the empirical dispersion cor-
rection (D3) for the U2@C80 system at the BP86/def2-TZVP/MDF
level. Neglecting the dispersion correction lengthens the opti-
mized U–U distance from 3.79 Å to 3.85 Å, further from
the experimental value (3.79 Å) and raises the calculated
interaction energy from �394.5 to �372.8 kcal mol�1. The
dispersion correction thus appears not to be the most crucial
factor but should be definitely included in the DFT calculations
of actinide fullerenes for better accuracy.

We also evaluated how ECPs and basis sets shown in Table 1
affect the selected delocalization indices (DIs). Notably, the DI
is neither sensitive to the carbon basis set nor to the used ECP,
as shown in Table S3 (ESI†). Based on the results in Table 1 and
Tables S1–S3 (ESI†), we decided to use the more recent MDF
pseudopotentials with the corresponding basis sets for actinide
atoms, and the def2-TZVP basis set for carbon for further
investigations. At the testing BP86 level, the chosen combi-
nation of ECP and basis sets gives well-converged An–An
distances within 0.01 Å from the experiments and RMSDs vs.
experimental geometries within 0.001 Å, while the interaction
energies are converged within B2 kcal mol�1 and delocaliza-
tion indices within 0.01 el. pairs from the def2-QZVP results.

3.2. Electronic ground-state of Th2@C80 and U2@C80 systems.
Spin-state energy differences

In systems with open-shell metal atom(s), it is important to
correctly describe the correct ground state, as they are often
degenerate.23 In our previous studies, we considered the
Th2@C80 system in a triplet ground state (3Th2@C80) and
U2@C80 system in a septet ground state (7U2@C80) as predicted

by the BP86 functional. Multireference calculations reveal,
however, that Th2@C80 has a singlet ground state, with the
lowest triplet state situated B10 kcal mol�1 above, as shown in
Table 2. This was also pointed out in a recent experimental–
theoretical study, in which the lowest triplet state was found
B 11 kcal mol�1 above the lowest singlet state at the
CASPT2(2,6) level.10

In Table 2, we show the energy differences among the
pertaining spin-states of Th2@C80 and U2@C80 molecules cal-
culated at selected DFT and ab initio levels. The CASSCF,
CASPT2, and MC-ftPBE single-point energies were calculated
on top of the DFT-optimized geometries. We compare singlet–
triplet splitting in Th2@C80, and singlet-septet (broken-
symmetry singlet in the case of DFT) splitting in U2@C80. Note
that using DFT for calculations of the triplet and quintet
electronic states of U2@C80 would be unphysical, so these were
not calculated at DFT levels.

For Th2@C80, all multireference methods used on any of the
DFT optimized geometries predict clearly the singlet ground
state that is well separated from the lowest triplet state, e.g., by
16, 12 and 9 kcal mol�1 at the CASSCF, CASPT2, and MC-ftPBE
levels for the BP86-optimized structure (Table 2). In contrast,
most of the DFT functionals employed here predict a triplet
ground state for Th2@C80. Only two of the ten functionals in
Table 2 describe the spin-state ordering in Th2@C80 correctly:
PBE0 (with a singlet–triplet splitting of 14.0 kcal mol�1 that is
comparable to the CASPT2 value of 11.5 kcal mol�1) and CAM-
B3LYP (with a value of 24.7 kcal mol�1 as compared to the
CASPT2 value of 9.6 kcal mol�1). For a comparison, we also
calculated the energy of the open-shell singlet for the Th2@C80

system using the broken-symmetry (BS) approach. The BS
singlet lies 2.8 and 3.4 kcal mol�1 above the restricted closed-
shell singlet at the BP86 and PBE0 levels, respectively, and was
not considered further. Note that the MC-ftPBE results are close
to the CASPT2 ones, they give ca. 2 kcal mol�1 smaller splitting
than CASPT2.

The electronic situation is different in the U2@C80 system,
where singlet and septet states are nearly degenerate, with a
slight preference (o0.5 kcal mol�1) for the singlet at CASSCF

Table 2 Singlet–triplet splitting in Th2@C80 and singlet–septet splitting in U2@C80 calculated at DFT, CASSCF, CASPT2 and MC-ftPBE levels using the
corresponding DFT-optimized structures. Negative energy means that high-spin state (triplet for the Th2@C80 system and septet U2@C80 system) is more
stable than the low-spin singlet state. Energies are in kcal mol�1

E(3Th2@C80) � E(1Th2@C80) E(7U2@C80) � E(1U2@C80)

DFT CASSCF(2,6) CASPT2 MC-ftPBE DFTa CASSCF(6,14) CASPT2 MC-ftPBE

BP86 �4.1 16.4 11.9 9.4 �14.4 0.0 0.3 �0.1
PBE �2.8 17.1 12.5 10.1 �11.7 0.0 0.3 �0.1
BLYP �3.1 15.6 11.0 8.7 �10.1 0.0 0.5 �0.2
TPSS �4.6 16.9 12.3 9.9 �9.3 0.0 0.3 �0.1
B3P86 �3.6 15.5 11.1 8.6 �4.4 0.0 0.3 �0.1
PBE0 14.0 15.9 11.5 9.0 �2.3 0.0 0.3 �0.1
B3LYP �1.9 15.0 10.3 8.3 �3.6 0.0 0.4 �0.1
TPSSH �4.2 16.5 11.8 9.5 �5.8 0.0 0.3 �0.1
LC-oHPBE �1.7 15.7 9.9 8.4 �28.8 0.0 0.2 �0.1
CAM-B3LYP 24.7 15.1 9.6 7.9 �5.0 0.0 0.2 �0.1

a BS-DFT approach applied for singlet state.
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and CASPT2 levels and for the septet (0.1 kcal mol�1) at the MC-
ftPBE level. As proposed by one of the referees, this points to
the importance of dynamic correlation. The CASSCF energies
for the whole spin-ladder of U2@C80 are compared in Table S4
(ESI†) and are all nearly degenerate, within 1 kcal mol�1. Such
energy differences are on the border of accuracy to decide
which spin state is the lowest one. The previously reported
CASSCF(6,6) calculations predicted the singlet ground state for
the U2@C80 system but details were not reported.9 The results
in Table 2 clearly indicate that MR approaches are necessary
to ensure the correct prediction of the spin state energetics in
di-actinide fullerenes. Note that PBE0 is the ‘‘least wrong’’
functional as shown in Table 2. With certain caution, PBE0
may be used to provide qualitative estimates of the spin-state
energetics in some cases, e.g., for Th2@fullerene systems. The
PBE0 functional has also proven to provide good results on
energetics in fullerenes with small molecules enclosed and on
spin-state energy levels in Ti@C70.74,75

Let us now have a closer look at the electronic structure
of Th2@C80 and U2@C80. The CAS(2,6) wavefunction of the
1Th2@C80 singlet is composed of three major determinants
with weights of 0.89, 0.05 and 0.05, while the triplet 3Th2@C80

wavefunction is dominated by a single determinant with the
weight of 0.99. The Th2@C80 system is thus to a good approxi-
mation a single-reference system. In contrast, the CAS(6,14)
wavefunction of 7U2@C80 has one major determinant with a
weight of 0.75 along with a number of minor determinants with
weights below 0.01 and the singlet 1U2@C80 wavefunction is
composed of many determinants with highest weights at
around 0.06. Thus, U2@C80 is a complicated multireference
system. This strongly affects the bonding situation and DFT
description of U–U bonding as shown in Section 3.4.

3.3. Molecular structures and interaction energies

In this Section, we further evaluate the performance of selected
DFT functionals on the geometries of the 1Th2@C80 and
7U2@C80 systems. DFT calculations were performed using
MDF ECPs with the corresponding basis sets on an An atom
and def2-TZVP basis set on cage carbons, as shown in Section 3.1.
The An–An distances, the longest C–C distances, and RMSDs

between structures calculated at various DFT levels and crystal
structures are compared in Table 3.

Each of the studied systems shows qualitatively different
behavior, both regarding the dependence on the DFT func-
tional and comparison to experimental results. The DFT-
optimized Th–Th distance in Th2@C80 varies between 3.79 Å
(TPSSh and CAM-B3LYP) and 3.88 Å (PBE), as shown in Table 3.
Notably, both the exchange and the correlation parts of a
functional have an effect here. The amount of exact-exchange
admixture actually seems to shorten the Th–Th distance; com-
pare, e.g., PBE and PBE0 or TPSS with TPSSh in Table 3. But this
is not true for the BLYP/B3LYP case. The effect of correlation
part of the functional was observed on BP86, PBE, and BLYP
levels as shown in Table 3. Range-separated hybrid functionals
slightly shorten the Th–Th distance. Overall, all tested func-
tionals show very good agreement with the experimental Th–Th
distance of 3.82 Å,10 the errors are within 0.05 Å. The calculated
longest C–C distance varies between 8.44 Å (LC-oHPBE) and
8.53 Å (BP86, PBE, TPSS), again showing very good agreement
with the experimental value of 8.50 Å. Overall, the Th2@C80

calculated structures differ only negligibly from the experi-
mental data as determined from the RMSD values in Table 3.

The DFT-optimized U–U distance in the 7U2@C80 system
varies between 3.72 (BLYP) and 3.86 Å (LC-oHPBE). Notably,
unlike Th2@C80, the exact-exchange admixture slightly elon-
gates the U–U bond as do the range-separated hybrid LC-
oHPBE and CAM-B3LYP functionals. Overall, there are no clear
trends here. The longest values of U–U bonds are predicted
using pure PBE, meta-GGA TPSS, hybrid PBE0 and range-
separated variant of PBE, the LC-oHPBE. Clearly, the correla-
tion part of the functional is more important here.

The comparison with the experiment is not simple for
U2@C80. The experimental rAn–An value from XRD analysis
varies between 3.46 and 3.79 Å due to several disordered X-ray
structures found for the U2@C80 system, although the authors
considered the shorter end of this range unreasonable.9 Recent
theoretical calculations from the same team, however, indicated
the existence of another U2@C80 minimum on a singlet hypersur-
face, in which the two uranium atoms form a triple bond at rU–U

B2.5 Å.15 This minimum lies about 10 kcal mol�1 (PBE0/TZP)

Table 3 DFT-optimized and experimental rAn–An (in Å), the longest rC–C (in Å), the difference from the experimental values (in Å, the upper value of 3.79 Å
is considered for the U2@C80 system), and RMSD (in Å) between calculated and crystal structures

1Th2@C80
7U2@C80

rAn–An DAn–An rC–C DC–C RMSD rAn–An DAn–An rC–C DC–C RMSD

BP86 3.85 0.03 8.53 0.03 0.042 3.79 0.00 8.60 0.29 0.166
PBE 3.88 0.06 8.53 0.03 0.040 3.84 0.05 8.62 0.31 0.165
BLYP 3.81 �0.01 8.55 0.05 0.049 3.72 �0.07 8.58 0.27 0.171
TPSS 3.87 0.05 8.53 0.03 0.039 3.84 0.05 8.63 0.32 0.165
B3P86 3.87 0.05 8.46 �0.04 0.036 3.80 0.01 8.56 0.25 0.161
PBE0 3.81 �0.01 8.46 �0.04 0.036 3.85 0.06 8.57 0.26 0.162
B3LYP 3.83 0.01 8.48 �0.02 0.034 3.77 �0.02 8.56 0.25 0.164
TPSSh 3.79 �0.03 8.50 0.00 0.036 3.84 0.05 8.61 0.30 0.164
LC-oHPBE 3.81 �0.01 8.44 �0.06 0.043 3.86 0.07 8.57 0.26 0.158
CAM-B3LYP 3.79 �0.03 8.45 �0.05 0.036 3.81 0.02 8.55 0.24 0.156
Crystal 3.82 8.50 — 3.46–3.79a 8.31 —

a Range based on the results from ref. 9.
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above the septet minimum with rU–U B3.8 Å studied here. In our
comparisons with the experimental data, we consider the upper
experimental limit of 3.79 Å. Based on this fact, BP86, B3P86, and
CAM-B3LYP give values closest to the experimental measurement.
The C–C distance varies between 8.55 and 8.63 Å, which is B0.3 Å
longer than the experimental distance of 8.31 Å. Both the U–U and
C–C calculated distances are thus larger than those calculated
from X-ray data for U2@C80. This is also reflected in overall larger
RMSD values of ca. 0.16 Å, as shown in Table 3.

To further evaluate the performance of the DFT functionals
on the structure, we calculated CASSCF, CASPT2, and MC-ftPBE
single-point energies on top of the DFT-optimized geometries
to determine, which DFT functional gives the lowest energy on
the MR-calculated potential energy surface of Th2@C80 and
U2@C80, as shown in Fig. 1. According to these results, PBE and
TPSS optimized geometries give the lowest multireference
(CASPT2 and MC-ftPBE) energies for both 1Th2@C80 and
7U2@C80, although TPSSh, B3LYP and BP86 are also very close

Fig. 1 Relative single-point multireference energies (in kcal mol�1) of the Th2@C80 (a) and U2@C80 (b) systems at CASSCF, CASPT2, and MC-ftPBE levels
on top of the DFT-optimized geometries using CAS(2,6) and CAS(6,14) correlation spaces for Th2@C80 and U2@C80, respectively. The asterisks denote
the lowest relative energy values.
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(up to 3 kcal mol�1 for the TPSS results). Notably, here, both
molecules show similar qualitative behavior.

The calculated interaction energies (Eint, eqn (1)) are com-
pared in Fig. 2, and the numerical values are given in Table S5
(ESI†). Most importantly, all of the used functionals show
strong metal-cage interactions in both studied systems, though
the predicted values differ by tens to hundreds of kcal mol�1

among the tested DFT functionals. The multireference Eint

values using BP86-optimized geometries were also calculated.
The CASSCF values of �274.7 and �197.7 kcal mol�1 for
Th2@C80 and U2@C80 are overestimated (smaller in absolute
value) in comparison to the CASPT2 and MC-ftPBE values. This
points to the importance of the dynamic correlation in calcula-
tions of Eint. CASPT2 results for interaction energies of �435.6
and �372.5 kcal mol�1 for 1Th2@C80 and 7U2@C80 are at
the lower end (stronger interaction), while MC-ftPBE with
�367.9 and �273.0 kcal mol�1 falls between CASSCF and
CASPT2. In comparison to the CASPT2 benchmark, most of
the tested functionals underestimate the interaction energy but

with relatively uniform trends for 1Th2@C80, while for 7U2@C80,
the DFT interaction energies are more spread around the
CASPT2 value (Fig. 2).

Except these two features, no clear trends are observed in
Fig. 2. For example, for the Th2@C80 system, all but the three
functionals (GGA BP86 with ca. �480 kcal mol�1, hybrid
B3LYP with ca. �320 kcal mol�1, and RS-hybrid LC-oHPBE
with ca. �500 kcal mol�1) predict comparable interaction
energies (ca. �370–400 kcal mol�1 while MC-ftPBE gives
�370 kcal mol�1) (Fig. 2a). Much larger differences among
the functionals are observed for the U2@C80 system, with the
lowest value of ca. �250 kcal mol�1 provided by GGA BLYP
and the highest value of ca. �470 kcal mol�1 provided by
RS-hybrid LC-oHPBE, as shown in Fig. 2b. The performance
of range-separated functionals for energetics was discussed
before for energies of isomers of Sc2@C74 and Sc2C2@C72

molecules and the importance of range-separated correction
was emphasized.76 Here, the range-separated functionals
seem to overestimate Eint.

Fig. 2 Comparison of the Eint (eqn (1)) values of Th2@C80 (a) and U2@C80 (b) obtained using various DFT functionals, CASSCF, CASPT2, and MC-ftPBE.
The CASSCF/CASPT2/MC-ftPBE single-point calculations were performed on top of the BP86-optimized geometry with active spaces of CAS(2,6) and
CAS(6,14) for Th2@C80 and U2@C80, respectively.
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In summary, not a single functional is universal here for the
structures and interaction energies. While all of the functionals
have qualitatively similar performance for geometry in compar-
ison with the experiment, the pure functionals, in particular
TPSS, PBE, and BP86 seem to provide lowest energy on CASPT2
and MC-ftPBE hypersurfaces, respectively. Taking CASPT2
as a benchmark, several functionals, e.g., TPSS, PBE0, or TPSSh
should provide reliable results. If a compromised functional to
describe structures and interaction energies is selected
here, the TPSS and PBE may be the options (Table 2, Fig. 1,
and Fig. 2).

3.4. Actinide–actinide bonding

There are a number of approaches available to describe
chemical bonding in molecules, although chemical bonding
as such is not a directly observable quantity. Thus, we initially
compared various approaches of assessing the chemical bond-
ing, such as the QTAIM delocalization indices (DIs), Mayers
bond orders (MBOs), fuzzy bond orders (FBOs), natural bond-
ing orbitals (NBOs), and adaptive natural density partitioning
(AdNDP). For details, see Computational methods. It turned out
that NBO and AdNDP approaches may provide inconsistent
descriptions of the An�An bonding. This is shown in ESI,†
Table S7. In the following sections, we discuss DI, MBO, and
FBO results.

As illustrated in Fig. 3 (numerical values in Table S8, ESI†),
the DI, MBO, and FBO predict similar trends for the Th�Th
bonding in Th2@C80 along the DFT axis, though the DI values
are ca. 0.3 units lower than MBO and FBO values. All func-
tionals provide qualitatively similar results here, with the trend
that the Th–Th bonding slightly increases along the DFT axis as
shown in Fig. 3, i.e. from pure to hybrid to range-separated
functionals. Comparing the three approaches for Th2@C80,
MBO and FBO values differ only marginally, while DI values
are lower by B0.3 units. For example, at the PBE0 level, the DI

gives the Th–Th bond order of B0.7 (i.e. the two Th atoms
basically share 1.4 electrons), while MBO and FBO give values
close to 1.0 and 1.1, respectively. The benchmark CASPT2(2,6)
gives the DI of B0.71. Previous studies predicted the effective
bond order of 1.0 for the Th2@C80 system using the
CASSCF(2,6) wavefunction.10 Our comparative EBO calculations
predict the same value (see Table S9, ESI†).

The description of U–U bonding in U2@C80 (Fig. 4, numer-
ical values in Table S8, ESI†) is qualitatively different from that
of Th2@C80 (compare with Fig. 3). The DFT-predicted FBO
values are systematically higher by B0.3 units and MBO values
are systematically lower by B0.3 units when compared to DI.
Furthermore, the trends along the DFT axis are rather opposite,
and the U–U interaction decreases when going from pure
through hybrid to range-separated DFT functionals.

Of all the bonding analyses, we trust most the QTAIM-based
delocalization index (DI) that is based on the integration of the
electron density and also accessible for MR methods. Impor-
tantly, DIs could be obtained also at ab initio multireference
CASSCF and CASPT2 levels (see Computational methods). Let
us now have a look at DIs in Th2@C80 (Fig. 3, numerical values
in Table S8, ESI†) in detail. As indicated above, the delocaliza-
tion index for the Th–Th bonding (DITh–Th) is relatively stable
for all of the tested DFT functionals, ranging from B0.60 for
PBE and GGA functionals to B0.75 for CAM-B3LYP and LC-
oHPBE functionals (Fig. 3). This is in agreement with the
benchmark DITh–Th values, calculated at the ab initio CASSCF
and CASPT2 levels of 0.73 and 0.71, respectively.

A closer look at Fig. 3 reveals that the exact-exchange
admixture slightly increases the DITh–Th in the case of PBE-
based functionals; compare PBE (0.60) vs. PBE0 (0.69), but there
is no effect when comparing B and B3 including functionals;
compare BLYP (0.69) vs. B3LYP (0.69). Six out of the ten tested
functionals, the BLYP, PBE0, B3LYP, TPSSh, LC-oHPBE, and
CAM-B3LYP functionals with DITh–Th values of 0.69, 0.69, 0.69,

Fig. 3 Comparison of DI, MBO, and FBO values representing the Th�Th bonding in Th2@C80 calculated using the DFT, CASSCF(2,6) and CASPT2(2,6)
orbitals.
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0.73, 0.76 and 0.75, respectively, give values that are reasonably
close to the CASPT2 benchmark of 0.71. Even though the
various functionals describe the Th–Th interaction in
Th2@C80 with small differences, all of them consistently eval-
uate that there is a bonding interaction of an order of at least
B0.6 – that means 0.6 of an electron pair is shared between the
two Th atoms. For example, LC-oHPBE gives a DI of 0.81. These
results are in line with the recent experimental–theoretical
study results, where the CASSCF(2,6) results concluded a single
sigma bond between the two Th atoms (based on the MO
picture and EBO of 0.9).10

Notably, the lowest triplet 3Th2@C80 (see above) also
features Th–Th bonding interaction as predicted previously by
us.30 In the triplet state, the bonding is realized via two one-
electron-two-center (OETC) bonds. The DFT-predicted DITh–Th

in 3Th2@C80 is around B0.8 for a few tested functionals, such
as BP86, TPSS, and TPSSh. For details on bonding in 3Th2@C80,
see ref. 30.

The DITh-C80 values (Table S8, ESI†) that represent overall
interaction of a single Th with the cage fall in a range of 3.2–
3.75 at the DFT level; the lowest reported values (B3.2) are
obtained using the range-separated and hybrid DFT, while GGA
functionals give the highest values (B3.7). Approximately 50%
of the Th-C80 DI value comes from the interaction between the
thorium atom and the six closest carbon atoms. The DITh-C80

values obtained from CASSCF(2,6) and CASPT2(2,6) wavefunc-
tions are ca. one unit lower, 2.81 and 2.65, respectively. This
may in part originate from a smaller DZ-quality basis set on
carbon but using a larger basis set fullerene cage would be
computationally prohibitive in MR calculations. Note that while
larger DITh–Th values are obtained using range-separated func-
tionals, the opposite happens for the DITh-C80, i.e., the stronger
the An–An interaction, the weaker the interaction with the cage
(Fig. 4 and Table S8, ESI†).

There is a mild correlation between the DITh–Th and the Th–
Th distance calculated with different functionals, with R2 of
0.83 (Fig. 5a). The shorter the Th–Th distance, the stronger the
bonding interaction (expressed as DITh–Th), even though differ-
ent DFT functionals are used. Similar correlation has been
previously studied with the BP86 functional in connection with
the DIU–U interaction and cage size. According to our previous
study, a larger cage implies a longer An–An distance, which in
turn results in a weaker An�An interaction (lower DIAn–An).14

An opposite trend – with the R2 of 0.74 – is seen when
correlating the DITh-C80 and the distance between two farthest
carbon atoms (Fig. 5b).

The description of bonding in the U2@C80 system is more
complicated in comparison to that in Th2@C80. While the span
of rU–U values in U2@C80 is still relatively small, B0.14 Å
(Table 2), the calculated DIU–U strongly varies with the DFT
functionals, starting from B1.1 for GGA functionals all the way
down to 0.17 for the range-separated LC-oHPBE level (Fig. 4).
The benchmark DIU–U values calculated at the multireference
CASSCF and CASPT2 levels of 0.07 for both show only a
marginal interaction. The DIU–U of B1.1 for GGA functionals
and B0.87 for meta-GGA TPSS propose an equivalent of a
single bond as observed in the previous work, where the DIU–

U of 1.0 was predicted at the BP86/MWB/def2SVP level and
geometry.14,30 However, the exact-exchange admixture in hybrid
functionals brings the DIU–U down to 0.62 for TPSSh (10% HF
exchange) and 0.36 for PBE0 (25% HF exchange). The range-
separated functionals further lower the DI to 0.23 at the CAM-
B3LYP level and 0.17 for the LC-oHPBE functional. Thus, only
the range-separated functionals seem to provide the bonding
picture in U2@C80 close to the ab initio benchmark, though the
interaction is still overestimated (DIU–U of 0.07 vs. B0.2).

Regarding DIU–C80, approximately 50% of this value arises
from the interaction between uranium atoms and the six closest

Fig. 4 Comparison of DI, MBO, and FBO values representing the U�U interaction in U2@C80 calculated using the DFT, CASSCF(6,14) and CASPT2(6,14)
orbitals.
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carbon atoms, as observed in Th2@C80. The DIU–C80 values
obtained from CASSCF and CASPT2 wavefunctions are 2.64 and
2.46, respectively (Table S8, ESI†). This is 1 to 1.5 lower than the
DFT predictions. All functionals overestimate this value, with the
GGA functionals doing so to a greater extent. For example, BP86
gives a DI of 4.05 and CAM-B3LYP gives a DI of 3.26. Nevertheless,
the progression of DIU-C80 towards the range-separated func-
tionals shows that not only U–U interaction but also U–C inter-
action is overestimated by the pure GGA functionals and
this decreases with the inclusion of exact exchange in hybrid
functionals and even more so for range-separated hybrids.

The correlation between the calculated rTh–Th and DITh–Th

observed for Th2C80 (Fig. 5a) is not repeated for U2@C80

(Fig. 6a). The strength of the interaction as described using
the DI appears to be dependent on the functional used, rather
than on rU–U. This further supports the conclusion that DFT has
a problem with the description of the U–U bonding in U2@C80.
We speculate that this system converges to different micro-
states but this is difficult to prove. Mild correlation (R2 = 0.65) is
seen between the DIU-C80 and the longest C–C distance, similar
to the case of Th2@C80. The role of exact exchange was further
evaluated. The BP86 functional was modified with growing

Fig. 5 Correlation between the DITh–Th and the Th–Th distance (a) and between the DITh-C80 and the longest distance between two carbon atoms (b),
based on the results calculated using different functionals.

Fig. 6 Dependence of DIU–U on rU–U (a) and of the DIU-C80 on the longest distance between two carbon atoms (b).
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percentage of exact exchange increments starting at 10% and
ending at 90%. The higher the portion of exact exchange in the
functional, the higher the bond orders in the Th2C80 molecule.
The results for U2@C80 were inconclusive (see Fig. S4 and
commentary in the ESI†).

The dependence of QTAIM parameters on a functional in
actinide compounds was discussed before. Slight U–Cl bond DI
overestimation was shown while using pure functionals to
calculate the Cs2UO2Cl4 system.77 During finalization of this
work, we also tested a local-hybrid LHT14-calPBE functional
available in Turbomole on both 1Th2@C80 and 7U2@C80 systems.
Subsequent QTAIM analysis gave DIAn–An values of 0.68 and 0.98
for Th2@C80 and U2@C80 systems. These results are comparable
with the performance of pure functionals, which is somehow
unexpected. The tested local-hybrid functional thus did not
improve the description of U–U bonding.

3.5. Re-evaluation of bonding in previously reported An2@Cn

systems

With the methodology assessed, we revisited our former BP86/
def2-SVP predictions and recalculated previously studied
An2@Cn systems, where possible.30 The following protocols were
used: first, the geometries were optimized using the TPSS-D3
functional, the def2-TZVP basis set on the carbon atoms, and
MDF (Ac–U) or MWB (MDF is not available beyond U) pseudopo-
tential with the corresponding basis set on actinide atoms.
Second, the LC-oHPBE single-point calculations were performed
on TPSS-D3 geometries and the obtained electron density was
analyzed using QTAIM to calculate the required DI parameters.
Because even the best LC-oHPBE functional overestimates the
An–An bonding interactions (Fig. 4), we also performed QTAIM
bonding analysis at the CASSCF level for comparison. Active
spaces of CAS(2,6), CAS(4,14), CAS(6,14), and CAS(10,14) were
used for Th2@Cn, Pa2@Cn, U2@Cn, and Pu2@Cn systems, respec-
tively. ANO-RCC-9s8p6d4f2g basis sets were used for the actinide
atoms and ANO-RCC-VDZP basis set for carbon atoms. The
CASPT2 level was used to determine the electronic ground states,
as shown in Table S10 (ESI†).

The results are collected in Table 4. For the closed-shell
1Th2@Cn systems, excellent agreement is observed between

previously reported results and newly obtained DIs, both at
the LC-oHPBE and CASSCF level. The Pa–Pa interaction in
5Pa2@C80 that was previously reported be the strongest inter-
action between two actinide atoms enclosed in C80, is actually
comparable to the Th–Th interaction in the Th2@C80 system,
with the DIPa-Pa of 0.8 calculated from the LC-oHPBE orbitals
and that of 0.7 calculated from the CASSCF(4,14) wavefunction.

In the U2@C70,80,90 systems (Table 4), septet and singlet
electronic ground states are nearly degenerate. The U2@C70 and
U2@C80 systems slightly prefer a septet state, while U2@C90

prefers a singlet ground state. While the DIs of 0.3–0.4 are
calculated at the DFT level for the U2@C70 and U2@C80 system,
analysis of the CASSCF wavefunction shows almost negligible
U–U interaction of B0.1. Negligible U–U interaction is calcu-
lated consistently using both DFT and CASSCF for U2@C90. The
Pu2@C90 system was previously thought to feature a long Pu–Pu
interaction at rPu–Pu = 5.9 Å. Both the LC-oHPBE and the
CASSCF results show no interaction between the two plutonium
atoms.

We also added the U2@C60 system in Table 4 and Fig. S5
(ESI†) as it has received considerable attention in the past.
Its mass spectroscopic signal was first reported by Guo in
1992.5 In 2006, Wu and Lu predicted six one-electron two-
center bonds between two uranium atoms in the system, based
on DFT calculations.12 In 2008, Infante et al. argued that the
interaction is a mere artifact due to the small size of the cage.13

Here, we conclude that DFT calculations tend to overesti-
mate the strength of U–U bonding in 3U2@C60, with the
CASSCF(6,14) level predicting a DIU–U of 1.2.

Conclusions

In this work, we studied actinide–actinide bonding in experi-
mentally known Th2@C80 and U2@C80 systems using DFT and
multireference CASSCF, CASPT2 and MC-ftPBE methods to
calibrate the theoretical methodology for actinide–actinide
bonding in fullerenes. Clear differences between the two stu-
died systems were observed. The benchmark level CASPT2(2,6)
predicts a closed-shell singlet electronic ground state for
Th2@C80 with a two-electron single Th–Th bond and a single
dominant determinant in the CASSCF wavefunction. For this
system, the DFT works generally well and provides consistent
results for the geometry, energetics, and various chemical
bonding indicators. However, even in this seemingly single-
reference molecule, most of the tested DFT functionals fail to
predict the correct spin ground state in Th2@C80. All used
functionals predict a triplet ground state, except for the PBE0
and CAM-B3LYP functionals that predict a closed shell singlet
ground state. However, we consider this incidental.

For U2@C80, the benchmark CASPT2(6,14) calculations pre-
dict a rather degenerate system in which the three 5f electrons
on each uranium can almost freely combine their spins in
nearly degenerate septet, quintet, triplet, and singlet electronic
states, with a slight preference for the ground state septet. The
corresponding wavefunctions are composed of a number of

Table 4 Comparison of previousa and present DIAn–An values in M2@Cn

fullerenes. The electronic ground states of compounds were derived from
the CASPT2 calculations

QTAIM BP86 LC-oHPBE-D3 CASSCF

Geometry BP86a,14,30 TPSS-D3 TPSS-D3
1Th2@C70 0.4b 0.5 0.6
1Th2@C80 0.8b 0.8 0.7
1Th2@C90 0.0b 0.0 0.0
5Pa2@C80 1.3 0.8 0.7
3U2@C60 2.1 1.6 1.2
7U2@C70 0.7 0.4 0.1
7U2@C80 1.0 0.3 0.1
1U2@C90 0.1 0.0 0.0
11Pu2@C90 0.4 0.0 0.0

a (BP86/def2-SVP/MWB/MDF). b Note that former BP86 calculations
considered triplet ground state 3Th2@Cn.
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low-weight determinants. Here, the DFT results can still be
reasonable for the structure and energetics, but chemical
bonding indicators, such as the delocalization index are
strongly functional-dependent. Also, none of the tested func-
tionals provides the correct spin ground state.

Overall, the pure GGA and meta-GGA functionals, such as
BP86, PBE and TPSS show a better performance for the predic-
tion of molecular structures when compared to experiment
and MR calculations, while the range-separated functionals
describe better the electron density – particularly the chemical
bonding – more accurately, although they still overestimate the
DI obtained from MR approaches. Thus, the DFT can be used
here for qualitative estimates of bonding interactions. However,
for obtaining a correct electronic ground state, one should, in
any case, employ multireference calculations with appropriate
CAS space. The DFT proved here to be unreliable, regardless
of whether GGA, hybrid-GGA or range-separated hybrid-GGA
functionals are used, even for the nearly single-reference
Th2@C80 system.

We have also shown that the delocalization index, Mayer
bond order, and Fuzzy bond order indices provide qualitatively
same trends as the QTAIM delocalization index, though the
absolute values are different. Thus, a low-cost analysis, such as
MBO, can be used to pre-evaluate chemical bonding instead of
much more expensive QTAIM.

Finally, we revisited calculations of the previously reported
An2@Cn systems using the best affordable levels acquired from
the presented calibration, both DFT and ab initio (CASSCF for
DI, CASPT2 for spin state ordering) to consolidate the proposed
approach. We conclude that while the previously reported
Th2@C70 and Pa2@C80 systems feature the actinide–actinide
bonds as predicted, the U–U and Pu–Pu interactions are actu-
ally almost negligible in Pu2@C90, U2@C70, U2@C80, and
U2@C90 systems. Contrary to the previous DFT predictions of
six one-electron-two-center bonds U–U bonds in U2@C60, this
system features an equivalent of a single U–U bond at the
CASPT2 level.
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