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Weyl semimetal mediated epsilon-near-zero
hybrid polaritons and the induced
nonreciprocal radiation

Sicheng Xu,a Liming Qian,a Mengran Suna and Gaige Zheng *ab

Polaritonic excitation and management in ultra-thin polar crystals has recently received significant

attention and holds new promise for epsilon-near-zero (ENZ) modes. However, manipulation of the ENZ

mode via anisotropic magneto-optic (MO) material remains elusive. Herein, we provide an effective

strategy for constructing an ENZ polar thin film with dependence on Weyl semimetals (WSM). The

thermal radiation of the proposed device is explored with electromagnetic (EM) simulations that utilize

the anisotropic rigorous coupled-wave analysis (aRCWA) method. Strong coupling of the ENZ mode to

WSM polaritons has been demonstrated, and the structural parameters hold tolerance on the order of

hundreds of nanometers, which is highly favorable for low-cost fabrication and high-performance

application. By changing both the azimuthal angle (f) and angle of incidence (y), the nonreciprocity (Z)

can be effectively influenced. The distribution of Z is symmetrical with f = 1801, Z = 0 when f = 901

and f = 2701. The mechanism of this proposal is owing to the hybrid polaritons supported by the polar

thin film and nonreciprocal radiation of WSM, which is validated by examining the amplitude distribution

of the magnetic field. The nonreciprocal emitter described herein allows simultaneous control of

spectral distribution and polarization of radiation, which will facilitate the active design and application of

mid-infrared (MIR) thermal emitters.

1 Introduction

The hybrid light–matter nature of phonon polaritons (PhPs)
in layered thin films offers a promising platform for enabling
strong EM field confinement.1–5 Compared to bulk crystals, the
identified surface phonon polaritons (SPhPs) have recently
attracted great interest due to their unique properties, which
originate from the coupling of free-photons to optical
phonons.6–10 Recent achievements in the domain of nanopho-
tonics have shown that SPhPs are promising constituents for
MIR technology, owing to the possibility to solve the intrinsic
loss challenge of plasmonics and offering great potential for
technological aspects, such as all-optical switching, highly
efficient sensing, or enhanced nonlinear-optical conversion
efficiency.11–14

SPhPs are excitations that emerge from light–matter inter-
action with phonons in the strong coupling limit, yielding hybrid
modes with both phononic and EM characteristics.15–18

Depending on the vibration direction with respect to the
propagation direction, a contrast occurs between longitudinal
optical (LO) and transverse optical (TO) modes. And the spacing
between the two corresponding resonance frequencies oTO and
oLO is expected, which is not present for non-polar crystals.19,20

The Reststrahlen band (RB) where the real part of epo is negative
is delimited by the respective oTO and oLO.21 The strong and
controllable dispersion of the SPhPs in the RB suggests an
ordinary way for changing and manipulating SPhP resonances.
When different polar dielectrics are combined together to
construct compound multilayers, the RBs may meet with over-
lapping and result in a variety of exciting effects such as strong
coupling, mode-splitting, and index-sensing, thus allowing for
the handling of unique hybrid polaritons with a separate
polaritonic response.22–24 Moreover, much more strong optical
field distribution will arise for the Berreman mode in an
ultrathin polar dielectric film, as the resonance wavelength
locates within close range of ENZ.25–27

Stacking and combining functional materials into PhPs
involved heterostructure offers a flexible and promising way
to realize the active control of PhPs.28,29 As an attractive
material, graphene not only provides new insight into the
realization of tunable dispersion via applying extra gate voltage
in the MIR and terahertz frequency ranges, but also provides a
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higher degree of freedom for designing.30–39 In addition, phase
change materials (PCMs) are also appealing as their optical
properties undergo great changes under external stimuli.40–42

By incorporating PCMs with polar dielectric materials, transi-
tions of optical properties induced by a phase mutation can be
used to manage polariton dispersion.

Recently, it has been found that WSM showed stronger
nonreciprocity at MIR wavelengths without external magnetic
fields, which results in a great enhancement in nonreciprocal
thermal radiation.43–49 The objective of the present work is the
comprehensive characterization of the hybrid PhP modes in the
Otto heterostructure including their dispersion, spectral response
and field distribution. The considered system is composed of a
sandwiched construction with air/aluminium nitride (AlN)/WSM/
silver (Ag) and a coupling prism. In order to satisfy the excitation
conditions of attenuated total reflection (ATR), the coupling prism
is chosen as KRS5 with a high refractive index. Firstly, the basic
structural dimensions are obtained by employing the anisotropic
rigorous coupled-wave analysis (aRCWA) algorithm. The strong
coupling between ENZ and polaritons in WSM has been observed.
The influence of the geometrical dimensions on the nonreciprocal
radiation is investigated. The effects of incidence and azimuthal
angles on nonreciprocity are also tested. The field intensity
distributions and spectral responses are calculated to confirm
the physical origin.

2 Theoretical model and methods

The schematic of the proposed design is demonstrated in
Fig. 1, all regions of which are denoted by numbers 1 to 4. y

is the incident angle and f represents the azimuthal angle.
In the following calculation and analysis, only the transverse
magnetic (TM) mode will be investigated. The permittivity
function of the polar crystal (AlN) at MIR frequencies can be
described by the Lorentz oscillator model:50,51

eAlNðoÞ ¼ e1;kð?Þ
o2 � oLO;kð?Þ

2 � iog
o2 � oTO;kð?Þ2 � iog

(1)

AlN is a uniaxial anisotropic material that can support the
propagation of SPhPs, the principle dielectric permittivities
differ and each of them can be defined by eqn (1) with a unique
set of material parameters. AlN is an uniaxial crystal that
features one extraordinary crystal axis (>) along which the
dielectric permittivity is different from that along the two
ordinary axes (8). Details of the used material parameters are
summarized in Table 1. eN is the high-frequency limit of the
dielectric constant, and g is the absorption relevant factor. RB is
the wavelength range where the real part of dielectric permit-
tivity epo is negative, and is delimited by oTO and oLO.52,53

For the consistency of the symbol, the permittivity of iso-
tropic material KRS5 and air is also denoted in the form of a
tensor, as follows:

en ¼

en 0 0

0 en 0

0 0 en

2
6664

3
7775 (2)

n = 1 and 2. The thickness of the air gap, ENZ thin layer and
WSM layer are denoted as d2, d3 and d4, respectively.

Moreover, to simplify the study process of WSM-related EM
responses, we only consider the situation that the WSM hosts
two Weyl nodes with opposite chirality separated by a wave
vector 2b in momentum space. Then the permittivity tensor of
WSM can be described as:48

eW ¼

ed 0 jea

0 ed 0

�jea 0 ed

2
6664

3
7775 (3)

where

ea ¼
be2

2p2�ho
(4)

We survey the diagonal term ed based on the Kubo–Greenwood
(KG) formalism, and derive the random-phase approximation

Fig. 1 Schamatic of the proposed structure. All regions are denoted by
numbers 1 to 4.

Table 1 Permittivity parameters for polar dielectrics

Parameter eN (�) oLO (cm�1) oTO (cm�1) g (cm�1)

8 4.72 890 610 2.2
> 4.53 912 670 2.2
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(RPA) for a two-band model with spin degeneracy:54

ed ¼ eb þ
irsg0

6o
OG

O
2

� �
� rsg0

6pof4O 1þ p2

3

kBT

EFðTÞ

� �2
" #

:

þ 8O
ðx
0

GðxÞ � G
O
2

� �
O2 � 4x2

xdxg
(5)

Here, eb and EF denote the background permittivity and
chemical potential, respectively. O = h�(o + it�1)/EF is the
normalized complex frequency, t�1 is the Drude damping rate,
G(E) = n(�E) � n(E), where n(E) defines the Fermi distribution
function, rs = e2/(4pe0h�nF) is the effective fine-structure constant
that determines the strength of the EM force, nF is the Fermi
velocity, g0 represents the number of Weyl points, and xc = Ec/EF,
where Ec is the cutoff energy beyond which the band dispersion is
non-linear. We will take a representative example throughout this
study with the following parameters: T = 300 K, eb = 6.2, g0 = 2, t =
1000 fs, xc = 3, b = 2 � 109 m�1, and nF = 0.83 � 105 m s�1. These
parameters are similar to the announced results for Co3Sn2S2 and
room temperature Co2MnGa.55,56

The substate is selected as Ag, whose relative permittivity
can be characterized using the Drude model:57

eAgðoÞ ¼ e1 1� op
2

oðoþ jGÞ

� �
(6)

where eN = 3.4 indicates the relative permittivity of the medium
at infinite frequency, G = 2.7 � 1013 rad s�1 is the collision
frequency, and op = 1.39 � 1016 rad s�1 indicates the plasma
frequency. Ag substrate offers a broad unity reflectivity in the
MIR spectrum, thus the spectral absorptivity and emissivity can
be calculated by:58

aðy; lÞ ¼ 1� Rðy; lÞ

eðy; lÞ ¼ 1� Rð�y; lÞ
(7)

R(y,l) and R(�y,l) indicate the reflectivity corresponding to the
incident angle of y and �y, respectively. All of the related
reflectivity as well as absorptivity and emissivity are investi-
gated through the aRCWA. The difference between a and e is
defined as Z = |a(y,l) � e(y,l)|, which is employed to measure
the nonreciprocal radiation.

3 Strong coupling of the ENZ mode to
WSM polaritons

As demonstrated in Fig. 1, the heterostructure is constituted with
the top KRS5 prism with dielectric constant e1, the lower air gap
with thickness d2 and permittivity e2, the ENZ layer is the AlN film
with thickness d3 and permittivity eAlN, the thickness of WSM is d4.
When a TM-polarized plane wave incidences onto the structure, the
EM fields take the following form in the region z o �d3:

Hy = Aeibxek4z (8)

Ex ¼ �iA
1

oe0e4
k4e

ibxek4z (9)

Ez ¼ �A
b

oe0e4
eibxek4z (10)

For the fields in region �d3 o z o 0, we have:

Hy = Beibxek3z + Ceibxe�k3z (11)

Ex ¼ �iB
1

oe0e3
k3e

ibxek3z þ iC
1

oe0e3
k3e

ibxe�k3z (12)

Ez ¼ �B
b

oe0e3
eibxek3z � C

b
oe0e3

eibxe�k3z (13)

For the fields in region 0 o z o d2, we have:

Hy = Deibxe�k2z + Eeibxek2z (14)

Ex ¼ iD
1

oe0e2
k2e

ibxe�k2z � iE
1

oe0e2
k3e

ibxek2z (15)

Ez ¼ �D
b

oe0e2
eibxe�k2z � E

b
oe0e2

eibxek2z (16)

For the fields in region z 4 d2 we have:

Hy = Feibxe�k1z (17)

Ex ¼ iF
1

oe0e1
k1e

ibxe�k1z (18)

Ez ¼ �F
b

oe0e1
eibxe�k1z (19)

By employing EM boundary conditions at the interfaces with
continuity of the electric field in tangential orientation and
magnetic field in vertical orientation, the dispersion of the
hybrid structure can be obtained as follows:

e2k3d3 ¼ Q1e
2k2d2 �Q2

Q3e2k2d2 þQ4
(20)

Q1 ¼
k1

e1
þ k2

e2

� �
k2

e2
� k3

e3

� �
k4

e4
� k3

e3

� �
(21)

Q2 ¼
k2

e2
� k1

e1

� �
k2

e2
þ k3

e3

� �
k4

e4
� k3

e3

� �
(22)

Q3 ¼
k1

e1
þ k2

e2

� �
k2

e2
þ k3

e3

� �
k4

e4
þ k3

e3

� �
(23)

Q4 ¼
k1

e1
� k2

e2

� �
k2

e2
� k3

e3

� �
k4

e4
þ k3

e3

� �
(24)

kn
2 = kENZ

2 � k0
2en n = 1, 2, 3, 4 (25)

where kENZ and k0 represent the wave vectors of ENZ and air
layers. kn is the component of the wave vector perpendicular to
the interface of the separate median n.
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For the proposed four-layer phononic system, reflectivity can
be given by the Lorentzian response:59

R ¼ 1�
4 kAlN

ohm þ kWSM
rad

� �
kKRS5
rad

kx � kresð Þ2þ kAlN
ohm þ kWSM

rad þ kKRS5
rad

� �2 (26)

where k means spatial decay rates: kAlN
Ohm represents Ohmic loss

in AlN, and kWSM
rad and kKRS5

rad represent radiative leakage into
WSM and KRS5, respectively. PhPs in AlN can be excited when
the incident light’s kx matches with kres. Zero reflectivity occurs
when kKRS5

rad = kAlN
Ohm +kWSM

rad , which is known as critical coupling.
We calculated the reflectivity maps of two different structures

KRS5/air/AlN/Ag and KRS5/air/AlN/WSM/Ag, as shown in Fig. 2.
Fig. 2(a) shows reflectivity (R) for light incident from air onto the
KRS5/air/AlN/Ag hybrid structure. The plot shows a flat dispersion

Fig. 5 Z spectra versus the change of d4. d2 = 5 mm, d3 = 0.15 mm, y = 301,
f = 01.

Fig. 4 Z spectra versus the change of d3. d2 = 5 mm, d4 = 1 mm, y = 301,
f = 01.

Fig. 3 Z spectra versus the change of d2. d3 = 0.15 mm, d4 = 1 mm, y = 301,
f = 01.

Fig. 2 (a) Reflectivity map of the KRS5/air/AlN/Ag system, where the mode at
lENZ = 15.4 mm is considered as the ENZ mode. d2 = 5 mm, d3 = 0.15 mm.
(b) Reflectivity map of the KRS5/air/AlN/WSM/Ag system. d2 = 5 mm, d3 =
0.15 mm, d4 = 1 mm.
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in the vicinity of lENZ = 15.4 mm, implying the excitation of the
radiative ENZ mode. What’s more important, the dispersion of WSM
polaritons and the AlN ENZ mode can intersect with each other near
lENZ, resulting in the feasibility of strong coupling.60,61 Fig. 2(b)
shows R spectra of the combined WSM-ENZ mode, revealing sub-
stantially modified reflection features. An obvious anti-crossing of
resonances can be found in the vicinity of lENZ, related to a splitting
of the total dispersion into upper and lower dual branches.

4 Influence of structural parameters
on nonreciprocal radiation

It is well known that the Otto geometry is beneficial for an
arrangement where the propagation features are not a priori

known, and the polariton dispersion is evaluated under critical
coupling. The thickness of the air gap (d2) can be estimated
from the condition for the constructive interference supported
in the two surfaces:

d2
ffiffiffiffi
e2
p

cos y ¼ mþ cr

2p

� �
l m ¼ 1; 2; 3 . . . (27)

where
ffiffiffiffi
e2
p ¼ 1 is the refractive index of air, y is the incidence

angle, and cr characterizes the phase retardation because of the
reflection from the ENZ-WSM hybrid surface. Fig. 3 provides
the predicted nonreciprocity curves for the KRS5/air/AlN/WSM/
Ag Otto configuration with different d2 values. As can
be verified from the results, when d3 = 0.15 mm, d4 = 1 mm,
y = 301 and f = 01, the projected d2 for critical coupling is
around 5 mm.

Fig. 7 Calculated absorptivity (a), emissivity (e), and nonreciprocity (Z) of
the structure as a function of wavelength and angle. (a) a, (b) e, and (c) Z.
d2 = 5 mm, d3 = 0.15 mm, d4 = 1 mm, f = 01.

Fig. 6 (a) a, (b) e, and (c) Z varying with d2 and d4. d3 = 0.15 mm, y = 301,
and f = 01, l = 12.8 mm.
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Ultra-thin AlN film demonstrates unique absorption reso-
nances for TM-polarized light in the ENZ region. It has been
discussed that the bounded surface modes on the upper
and the lower interfaces of the film can interact with each
other and lead to hybridized symmetric and antisymmetric
modes.25 With the further decrease of the film thickness,
the symmetric mode will meet a flat dispersion band near
the ENZ frequency. The AlN–WSM stacks form a dual-band
nonreciprocal thermal emitter near the ENZ regions for TM-
polarized light with an incidence angle of 301 (Fig. 4). As Z
owns a large variance with varying d3, the nonreciprocal
radiation can be controlled by altering d3. As d3 decreases in
an ENZ film, the peak of nonreciprocity spectra is red-shifted
thus the optimal resonance wavelength for thin films is not
always at ENZ.

At the wavelength range between 10 mm and 20 mm, Z spectra
as a function of wavelength with changing thickness (d4) of WSM

is shown in Fig. 5. One can see that another peak at resonance of
10.2 mm appears in the spectra when d4 increases to 1.4 mm. With
the increase of d4, higher orders of FP resonance will be excited.
However, the first order FP resonance is strong, while the other
orders are weak. As shown in Fig. 5, it is clear that the non-
reciprocal radiation is strong at the first order FP resonance.

The spectra of a, e and Z as a function of d2 and d4 are shown
in Fig. 6(a), b and (c), respectively, at a wavelength of 12.8 mm
with an incident angle of 301. The a and e show large contrast,
leading to perfect nonreciprocity. It is apparent that unity
values of a and Z could be realized by varying d2 and d4.
Besides, it can be found that the resonance position of Z is
not much sensitive to d2 as the full width at half maxima
(FWHM) of the spectra, which is consistent with the results
suggested in Fig. 3. In one word, all the parameters of the
design owns more than tens to hundreds of nanometers
tolerance, which are beneficial and highly favourable for low-
cost fabrication with high performance.

Fig. 9 The variation of (a) a, (b) e, and (c) Z with y and f when l = 12.8 mm.
The other parameters are fixed at d2 = 5 mm, d3 = 0.15 mm, d4 = 1 mm.

Fig. 8 (a) a, (b) e, and (c) Z varying with wavelength and the azimuthal
angle f. d2 = 5 mm, d3 = 0.15 mm, d4 = 1 mm, y = 301.
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5 Influence of incidence and azimuthal
angles on nonreciprocal radiation

The effect of incidence angle y on Z is also tested. Fig. 7 shows
the angle-dependent a, e and Z spectral maps of the proposed
emitter. The parameters are chosen as d2 = 5 mm, d3 = 0.15 mm,
d4 = 1 mm, f = 01, and TM wave incidence. From Fig. 7(a) and (b),
it is evident that near-unity a and e can be achieved, and the peaks
don’t overlap, thus two branches of near-unity Z can be main-
tained under TM polarization, as shown in Fig. 7(c). Moreover, the
angle dependent performance of the design suggests a feasible
approach for designing nonreciprocal thermal emitters.

The azimuthal angle performs the function of an index of
polarization orientation, which as a consequence could lead to
modification of the peak value of Z.62,63 To explore the impact
of azimuthal angle f, we have performed infrared nonrecipro-
city calculation when the TM-polarized wave is incident at a
fixed angle of y = 301. The a, e and Z spectra for a 3601 rotation
of f are given in Fig. 8(a), b and (c), respectively.

From Fig. 8(a) and (b), it is noted that the distribution of a
and e as functions of f and wavelength l is symmetrical with
f = 1801. Thus when f falls within the range of 0 and 2p,
a(f, l) = e(p + f, l) at a determined l. Fig. 8(c) confirms that Z is

symmetric along f = 1801. And Z = 0 when f = 901 and f = 2701.
This is due to the fact that f correlates with the angle between the
plane of incidence and the Weyl nodes of WSM, Z = 0 while they are
perpendicular to each other. Moreover, it is obvious that multiple
band strong nonreciprocity can be realized with appropriate f.

For a certain wavelength (l = 12.8 mm), we then seek to study
the effects of y and f on a, e and Z. To well propose strong
nonreciprocal thermal emitters and explore the physical origin,
the variation of a, e and Z with y and f has been illustrated in
Fig. 9, where l = 12.8 mm, d2 = 5 mm, d3 = 0.15 mm, d4 = 1 mm.
It is noticeable from Fig. 9(a) and (b) that both a and e have
double branches of near-unity intensity. Fig. 9(c) shows that Z is
symmetrical along the Azimuthal angle f = 901.

Fig. 10(a) shows the Z spectra as a function of wavelength,
and Z at wavelengths of 11.22 mm, 12.34 mm, and 14.13 mm, can
reach 0.802, 0.677 and 0.942, respectively. The amplitude of the
incident magnetic field is considered as unity. As shown in
Fig. 10(b) and (c), the magnetic fields are significantly
enhanced in the ENZ and WSM layers when y = 301. In contrast,
with y = �301, the |Hy| inside each layer is much weaker,
implying that most of the incident energy is absorbed, a is
much larger than e in these two cases. In contrast, at a
wavelength of 14.13 mm, when y = �301, |Hy| is greatly

Fig. 10 (a) Calculated absorptivity (a), emissivity (e), and nonreciprocity (Z) of the structure as a function of wavelength. d2 = 5 mm, d3 = 0.15 mm, d4 =
1 mm, f = 601, y = 301. (b) The distribution of |Hy| at a wavelength of 11.22 mm when y equals 301 and �301. (c) The distribution of |Hy| at a wavelength of
12.34 mm when y equals 301 and �301. (d) The distribution of |Hy| at a wavelength of 14.13 mm when y equals 301 and �301.
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enhanced in the ENZ and WSM layers, which is presented in
Fig. 10(d), and a is much smaller than e. In addition, the
magnetic field amplitude tends to decrease as it moves away
from the Ag metal under the considered wavelengths.

6 Summary and conclusion

In conclusion, we have studied the spectral responses in an
Otto structure, which consisted of an incident medium given by
a high-index KRS5 prism and an air gap, followed by AlN and
WSM layers on the surface of the Ag substrate. The presented
proposal enables us to study the hybrid PhP excitations at the
surface of AlN–WSM layers in terms of varying Azimuthal and
incident angles. We have also explicitly obtained the effect of
structural parameters on the induced strong nonreciprocal
radiation. We have demonstrated that the ENZ polariton sup-
ported in ultra-thin AlN layer can be used to enhance the
nonreciprocal radiation. Overall, ultra-thin polar dielectric
materials and the excited ENZ modes not only provide a low-
loss alternative to plasmonics, but open up exciting opportu-
nities for the manipulation of nonreciprocal radiation in the
MIR region. The origin of these modes has been further
analyzed by means of the |Hy|-field distribution. The hybridized
modes have the characteristics of improved field confinement,
which offers a novel approach to control the light–matter
interaction and nonreciprocity.
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M. Wolf and A. Paarmann, ACS Photonics, 2017, 4,
1048–1053.

14 U. Leon, D. Rocco, L. Carletti, M. Peccianti, S. Maci, G. Della
Valle and C. De Angelis, Sci. Rep., 2022, 12, 4590.

15 H. Hajian, I. D. Rukhlenko, G. W. Hanson and E. Ozbay,
Photonics Nanostructures-Fundam. Appl., 2022, 50, 101020.

16 H. Hajian, I. D. Rukhlenko, G. W. Hanson, T. Low, B. Butun
and E. Ozbay, Nanophotonics, 2020, 9, 3909–3920.
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