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Challenges of grazing emission X-ray fluorescence
(GEXRF) for the characterization of advanced
nanostructured surfaces
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The grazing emission X-ray fluorescence (GEXRF) technique offers a promising approach to determining

the spatial distribution of various chemical elements in nanostructures. In this paper, we present a com-

parison with grazing incidence small-angle X-ray scattering (GISAXS), an established method for dimen-

sional nanometrology, on periodic TiO2 nanostructures fabricated by a self-aligned double patterning

(SADP) process. We further test the potential of GEXRF for process control in the presence of residual

chromium on the structures. The angle-resolved fluorescence emission as well as the scattered radiation

from the surface are collected with photon-counting hybrid pixel area detectors using scanning-free

detection schemes. By modelling the X-ray standing wave (XSW) field in the vicinity of and inside the

nanostructure, it is possible to obtain both the angle-resolved fluorescence intensities and the far-field

scattering intensities from the same model. The comparison also illustrates that for ensemble photon-

based measurement methods, accounting for roughness effects and imperfections can be essential when

modelling advanced nanostructured surfaces.

1. Introduction

The development of tools for the accurate measurement of
nanostructure dimensions is still a challenge in metrology.1

Electron microscopy-based techniques such as scanning elec-
tron microscopy (SEM)2 or transmission electron microscopy
(TEM)3 and atomic force microscopy (AFM) are well estab-
lished but have certain limitations.4,5 Some require sample
destruction and can only analyse a small fraction of the
sample in a finite amount of time. AFM requires a small width
tip capable of penetrating very narrow grooves. Given the ever-
shrinking structure sizes, this becomes an increasingly limit-
ing factor that renders AFM unusable for the latest semi-
conductor gratings. Photon-based scattering techniques have
the advantage that they are non-destructive, enable relatively
fast measurement, and provide quite a high level of statistical
accuracy.6 However, the structure sizes of current nano-
structures already require probing radiation wavelengths in the
EUV or X-ray spectral range due to the resolution limit. Short
wavelengths, such as those used in the GISAXS technique,7,8

also require very shallow incident angles close to the critical
angle of total external reflection (typically below 1°) to obtain
sufficient measurable scattering from the surface.9,10

Unfortunately, this also implies that the footprint of the
probing X-rays along the incidence direction on the studied
sample surface is relatively long.11 Depending on the appli-
cation, this can be an advantage by providing surface sensi-
tivity and sampling statistics, or a significant disadvantage if
the measurement fields to be examined are very small. This is
often the case for samples in EUV lithography, where area con-
sumption is directly related to cost. Besides the shrinking
structure sizes, the steadily increasing complexity of the archi-
tectures and materials is pushing existing metrological tech-
niques to their limits.6

In addition to elastic scattering, X-rays can excite core level
electrons at photon energies above the ionization threshold of
the atoms. Upon filling the vacancies created in the electronic
structure, X-ray fluorescence (XRF) can be emitted. One advan-
tage of such fluorescence-based methods is their element sen-
sitivity. Although this emission is isotropic, the interference of
incident and reflected radiation produces an X-ray standing
wave (XSW) field when the angle of incidence is small and the
surface is flat and smooth. This gives rise to an incident angle-
and energy-dependent variation of the fluorescence signal,
which is used in grazing incidence X-ray fluorescence
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(GIXRF).12 The small incidence angle implies the same disad-
vantages as with GISAXS.

The GIXRF technique can also be modified by exchanging
the beam paths for the excitation and detection of X-ray fluo-
rescence.13 The sample is then illuminated perpendicularly,
and the emerging fluorescence radiation is detected at a
grazing emission angle. This technique is called grazing emis-
sion X-ray fluorescence (GEXRF) and is well known for charac-
terizing unstructured thin-film systems.13–16 In those systems,
refraction of the outgoing XRF radiation at interfaces can lead
to interference effects in the intensity distribution. These
effects have recently been used to characterize structured sur-
faces as well.17 A significant advantage of this method is that
buried structures can also be measured due to the penetration
depth of the X-rays, and the beam size alone determines the
probed area in its lateral dimensions. This also enables the
scanning of laterally inhomogeneous samples. In X-ray scatter-
ing experiments, the beam must be very well collimated and
have low divergence, and monochromatic excitation is usually
advantageous for data analysis as well.18 GEXRF measures
the interference of fluorescence photons; the beam properties
of the incident excitation radiation are less important.
A higher divergence (resulting, for example, from focusing
optics) and broadband excitation can be tolerated since the
emitted interference patterns of XRF photons are defined by
the nanostructures of the sample and the photon emission
energies by the characteristic fluorescence lines of the
elements.19

In this study, we propose that the scanning-free GEXRF
technique20 has great potential in the element-sensitive
characterization of nanostructured surfaces, and we provide a
direct comparison to GISAXS structure reconstructions. This
comparison also shows that both ensemble measurement
methods are highly challenging with respect to the data evalu-
ation of modern nanostructured surfaces, which have various
imperfections or roughnesses due to the manufacturing
process. A nanostructured TiO2 polarizer sample fabricated by
state-of-the-art self-aligned double patterning is investigated
using both techniques. The use of modern in-vacuum single
photon counting area detectors21,22 combined with a brilliant
photon source and the option to vary the incoming photon
energy allows us to selectively excite and analyse specific areas
inside the nanostructures. The sensitivity variability of the
GEXRF method offers new possibilities for dimensional and
analytical X-ray nanometrology.

2. Experimental setup

The measurements are performed on the four-crystal mono-
chromator (FCM) bending magnet beamline in the laboratory
of PTB, the national metrology institute of Germany, at the
BESSY II electron storage ring.23 The FCM design allows a con-
stant beam position while changing the photon energy and
offers a high spectral purity and spectral resolving power over
the accessible photon energy range from 1.75 keV to 10 keV.

The accuracy of the energy scale is 0.5 eV with an energy resol-
ving power Eph/ΔEph of 104.

Attached to this beamline is a cylindrical UHV reflectometer
(Fig. 1a) with a diameter of 600 mm and with an interlock
chamber on top for fast sample changing.24 For sample move-
ment it includes a six-axis goniometer. An energy dispersive
silicon drift detector (SDD) is mounted at an angle of 45° with
respect to the incoming X-ray beam. A movable PILATUS3
100K detector is located on a goniometer arm inside the
sample chamber at a sample-detector distance of about
201 mm.22 The precision of the detector arm position is
0.001°.24 Behind the sample chamber a 10 times larger
PILATUS 1M detector is located at a variable sample-detector
distance of up to 5 m and is part of the small angle scattering
setup.21

The following subsections describe the GISAXS and the
GEXRF setups, the samples, as well as the computational
model and corresponding virtual experiments. A sketch of the
angle convention for GISAXS and GEXRF can be found in
Fig. 1b.

2.1. GISAXS

The beam profile is defined with a pinhole of 520 μm dia-
meter. A further pinhole of 1 mm diameter and positioned in
front of the sample is used to shield parasitic scattering. At the
sample position the beam size is about 0.1 mm × 0.4 mm (ver-
tical × horizontal). Due to the grazing incidence angles this
results in an elongated footprint on the specimen.

The sample is measured in the so-called conical mounting,
i.e. with the grating lines parallel to the direction of the beam
(Fig. 1b). The intersection of the grating in the reciprocal
space with the Ewald sphere leads to diffraction orders
(Fig. 1c). The energy of the incoming photon beam is 6 keV.
Measurements are taken at different angles of incidence (not
larger than 1.5°) and different rotation angles φ in order to
map several parts of the reciprocal space and obtain more
information about the structure. The GISAXS images are
collected on the large PILATUS 1M detector. The first three
diffraction orders are neglected in the evaluation because they
overlap with the scattering from neighbouring structures on
the sample due to the elongated footprint. Only the intensities
of higher diffraction orders could be spatially separated and
identified on the detector.

2.2. Scanning-free GEXRF

The GEXRF experiment utilizes the same setup, but the
sample is oriented such that the synchrotron radiation beam
impinges on the sample at an angle of about 90°. This results
in a smaller illumination area on the sample, with the beam
footprint measuring roughly 0.1 mm × 0.4 mm (height ×
width). This is approximately two orders of magnitude smaller
than the footprint in the GISAXS experiment, which is about
10 mm long. The primary fluorescence radiation is emitted
isotropically over the entire solid angle of 4π, but at interfaces
this radiation can be reflected and diffracted leading to inter-
ference effects.
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In order to detect the GEXRF interference pattern the
movable PILATUS3 100K module is positioned in the region of
the sample horizon. A raw detector image of such a GEXRF
measurement can be seen in Fig. 1d.

Since the incoming photon flux, exposure time and
quantum efficiency22 of the PILATUS3 100K detector are
known, the intensities can be transformed into a quotient of
emitted fluorescence flux per incoming photon flux (ϕ/ϕ0) as a
function of the emission angles after correcting for the varying
solid angle of the pixels due to the close distance between the
detector and the sample. A representation of this geometry is
shown in Fig. 1b.

Fig. 2a depicts an incident energy scan of a titanium
dioxide grating over the titanium absorption edge measured
with the SDD and PILATUS3 100k detector simultaneously.
This validates that the photons detected by the area detector
originate from X-ray fluorescence. Details on the use of area
detectors for near edge X-ray absorption experiments can be
found elsewhere.25,26 The region of interest (ROI) of the SDD is
set to the titanium Kα energy. For the area pixel detector, a
region without a diffraction ring (i.e., elastic scattering) is
used. The PILATUS3 100K is not energy dispersive like the

SDD, but it does have a detection threshold that is normally at
50% of the incoming photon energy.22 Therefore, the signal is
always a superposition of all X-ray fluorescence signals present
in the detectable energy range. In the GEXRF experiment used
for the reconstruction and comparison with GISAXS, the same
incoming photon energy of 6 keV is used.

To exploit the elemental sensitivity of GEXRF, use is made
of different incident photon energies around the absorption
edges of the K shell of the two main components of the
sample structure, namely titanium and chromium. This is
different from GEXRF methods that utilize an energy disper-
sive detection scheme.17 Only if the incident photon energy is
above the absorption edge of the element will the related X-ray
fluorescence of this element be emitted. Fig. 2b shows the
energy range around the Ti and Cr characteristic fluorescence
lines of a titanium dioxide grating with additional chromium
layer measured with the SDD for four different incident
photon energies. At E = 5.1 keV, which is above the titanium
absorption edge, titanium Kα and Kβ fluorescence is emitted at
4512.2 eV and 4933.4 eV, respectively.27 In addition, at an
energy of 6.1 keV, chromium fluorescence from the sample is
observed with EKα

= 5414.9 eV and EKβ
= 5946.8 eV.27

Fig. 1 (a) Side view of the sample chamber (reflectometer) with the position of the silicon drift detector (green), the rotatable in-vacuum PILATUS3
100K module used for the GEXRF experiment (blue), the PILATUS 1M detector of the GISAXS experiment (red) and their sample-detector distances.
The corresponding sample position is also shown. (b) The scattering setup. An incoming wave vector ~ki impinges on the sample under an incidence
angle αi, which is small (<0.6°) for GISAXS (red) and close to 90° for GEXRF (blue). Scattered radiation (GISAXS) and fluorescence radiation (GEXRF)
hit the detector at a position (αf, θf ). Raw detector images taken as part of (c) the GISAXS and (d) the GEXRF experiment.
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2.3. Sample systems

For the experiments, lamellar titanium dioxide gratings with a
period of 104.5 nm are investigated. These are produced as
depicted in Fig. 3a employing an SADP technique. Since the
gratings are used as deep ultraviolet (DUV) polarizers,28 they
need to have a smaller period than the incoming DUV wave-
length as well as a high aspect ratio.29 To produce the titania-
polarizer, a stack of polymer, chromium, and e-beam resist
layers is fabricated on a substrate of fused silica. The polymer
and chromium layers are structured by e-beam lithography
and successive ion beam etching. The resulting grid is the tem-
plate grating of the DUV polarizer, so the height of the
polymer is the main determinant of the height of the polarizer
lines. The template grating of such a polarizer must have a
pitch of 209 nm and a nominal height of 150 nm. The grid is
then coated with the polarizer material (titanium dioxide) by

atomic layer deposition.30 Ion beam etching is used to remove
the remaining material in the valleys and on the top of the
structure together with the chromium. The substrate serves as
an etch-stop to ensure that overetching into the substrate does
not exceed a few nanometres. In a later step, the polymer is
removed by reactive ion etching with oxygen. Ideally, the
obtained TiO2 polarizer will have a pitch of 104.5 nm, which is
half the pitch of the template grating. Any artifact produced in
the template grating is transferred to the polarizer. These devi-
ations can lead to superstructures in the periodicity, which are
often referred to as pitchwalk. A TEM cross section image of
this sample A is shown in Fig. 3c. The structure is bent inward
in pairs. This is caused by the relief of the internal layer stress
when the template grating is removed. The deviation of
such polarizer gratings from the ideal rectangular shape,
including tilting and line edge roughness is discussed in
detail elsewhere.28

An additional TiO2 grating, referred to as sample B, was
produced with a chromium layer as a second element on top
of the structure to simulate remaining residues. The reason for
using chrome is that it resembles hard mask residue, which
may be insufficiently removed in a real-world process. This
sample system and the derived finite element method (FEM)
model are depicted in Fig. 4.

2.4. Modelling

The reconstruction of nanostructured surfaces using scattering
intensities or angular-resolved fluorescence maps consists of
an optimization problem based on a forward modelling of the
experiment.7,31 A rigorous Maxwell solver is used to compute
the electric field distribution in and around the periodic nano-
structures. It allows the calculation of arbitrary shapes and
through post-processing the relevant signals for scattering and
fluorescence can be obtained simultaneously. The software
used in this study is JCMsuite.32

The sample (Fig. 3c) consists of a periodic pattern with
mirror symmetry. Along the lines no variation is considered,
so it is possible to reduce the 3D problem and calculate just
the 2D plane perpendicular to the grating line. The compu-
tational domain is shown in Fig. 3b. It has periodic boundary
conditions in the lateral direction and transparent boundaries
at the top and at the bottom. The maximum length constraint
of the finite elements was set to 5 nm and the polynomial
degree to 4 to ensure sufficient numerical precision.

The model for sample A, which was used in the characteriz-
ation of the structure by both the GISAXS and the GEXRF
experiment, has a boxlike shape with parameters for width,
height, pitchwalk and etch depth. In addition two variables are
added to tilt the upper segment of the box symmetrically
(Fig. 3b) in an attempt to reproduce the collapse of the struc-
ture, which is a result of the SADP manufacturing process.

The calculated complex electric field distribution of the
near field is further processed for the different methods. In
GISAXS, the post-processing consists of a Fourier transform
that allows the estimation of the diffracted intensities. These
are very sensitive to any variation of the line, i.e. line edge

Fig. 2 (a) Simultaneous near edge X-ray absorption fine structure
(NEXAFS) measurement of a titanium dioxide grating at the Ti K edge
with the SDD and the PILATUS3 100K detector. Both are normalized to
the current of a monitor diode that measures the direct beam. (b)
Fluorescence spectra of a titanium dioxide grating with additional chro-
mium layer measured with the SDD for the four photon energies used in
the GEXRF experiment. The (|) marks the photon energy of the incoming
radiation, and the positions of the X-ray fluorescence Kα and Kβ lines of
Ti and Cr are shown as vertical lines.
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roughness,8,33–35 so such variation must be considered in any
reconstruction process. To account for line edge roughness, a
Debye–Waller factor is usually included in the computation of
the diffracted intensities in GISAXS.18

As multiple modalities may exist, the fitting of scattering
models to measurement data requires optimization methods
that search globally for the minimum.18 For the GISAXS data
reconstruction the built-in Bayesian optimizer of JCMsuite was
used. It has been shown previously that this method reaches a
global minimum with fewer iterations than metaheuristic
methods and is more resilient to being trapped in a local
minimum.36 In order to further speed up the convergence of
the Bayesian optimizer, the scale factor of each of the measure-
ments was fitted by a nested optimization using a local optimi-
zer of SciPy.37

For the GEXRF reconstruction only subsets of the measured
data at selected values of θf∈(0°, 0.7°, 1.5°), which is the in-
plane angular deflection from the centre of the GEXRF feature
(Fig. 1b), are fitted to the parameterized model. For these
angle sets, the standing wave field in proximity of the structure
is determined. The field inside the TiO2 and Cr is extracted,
and the square of the absolute value, which is the field inten-
sity, is compared to the experimental data from the area detec-
tor because it is proportional to the emitted fluorescence of
the material.17,38 The principle of microscopic reversibility
allows using GEXRF calculation tools developed for GIXRF by
setting the photon energy of interest to that of the fluorescence
photons instead of that of the incident photons.13 The emitted
fluorescence photon is considered an incoming photon with
the fluorescence energy of the titanium Kα line and the direc-
tion of the area detector pixel. This corresponds to an inver-
sion of the problem, which is possible due to the temporal
invariance of Maxwell’s equations. A linear function is used as
a background that is the same for all chosen θ and is fitted
globally. This is a valid approximation for a bulk fluorescence
signal with surface roughness.39 For the GEXRF optimization,
the model was fitted by minimizing χ2 using a differential evol-
ution (DE) algorithm as implemented in SciPy.37,40 In contrast
to the machine learning algorithms mentioned above, DE in
our case allows us to sample significantly larger parameter
ranges, which is a considerable advantage for measurement
methods that have not yet been standardized as it allows us to
better detect unknown influences in the virtual experiment.

To demonstrate the element sensitivity of the GEXRF
method we measure sample B with an additional chromium
layer on top of the titanium structure. From a TEM cross
section image a finite element model of this structure is
extracted and the different material properties are assigned to

Fig. 4 FEM model as taken from the TEM cross section of sample
B. The colours in the image correspond to the different materials
assigned to the mesh, namely fused silica substrate (red), TiO2 (green),
Cr (orange) and vacuum (blue). The white bar is the scale of the TEM
image.

Fig. 3 (a) Self-aligned double patterning (SADP) process used for manufacturing the samples. (1 & 2) e-beam lithography and ion beam etching, the
template grating is created, (3) polarizer material coated onto the template structure and (4) chrome and polymer removed by ion etching.
Depending on the width of the template grating and the thickness of the polarizer material, different distances between the lines are obtained. The
black rectangles show how this pitchwalk changes the position of the lines with respect to the red spacers, which are located at half the period of
the template pitch. (b) Model used for the computation of the electric field. Shown are the main parameters that are optimized. (c) TEM cross
section image of a witness sample A produced with a template pitch of 209 nm.
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the corresponding parts of the mesh (Fig. 4). This model is
applied in forward calculations and compared to the experi-
mental data.

In all GEXRF calculations, the bulk densities are used as
material properties to reduce the computational effort, but in
principle they could also be optimisation parameters. This
should improve the agreement of calculation and measure-
ment even more.

3. Results

The applicability of GEXRF for a quantitative structure recon-
struction is verified by using sample A, which only consists of
a TiO2 nanostructured surface. This structure is measured
using the GEXRF method and simultaneously with GISAXS.
For both measurements a structure reconstruction is con-
ducted using the same model. Table 1 contains the summary
of the optimization results of the main model parameters for
both methods. The GEXRF result for the critical dimensions,
namely width and height, is larger than the values obtained by
GISAXS, indicating an increased amount of titanium.
Moreover, the collapse of the structural model is much more
pronounced in the fluorescence results. This is most likely the
reason for the difference observed in the etch height. The dis-
crepancy can be attributed to the different measurement
regions and thus to the different mean sample structures
investigated, as well as to the sensitivities of the methods
used. Some of these aspects are highlighted below.

For the reconstruction of nanostructures in GISAXS, the
intensity of the diffraction orders is normally used. Samples
produced by multiple patterning with pitchwalk have been pre-
viously characterized using GISAXS41 and SAXS.42 The same
parameter reconstruction procedure used in these studies was
also applied in the current investigation. The scattering
pattern of this structure shows diffraction orders caused by the
template pitch, which is twice the polarizer pitch. In addition,
the scattering pattern also shows scattered intensities from
surrounding areas. A pitch of 222 nm from a neighbouring
grating is identified in the scattering pattern. This causes the
superposition of the diffracted intensities at low orders of
diffraction, whereas at high diffraction orders those two
signals are well separated. For this reason, the low diffraction
orders, which are usually more intense, are not considered in
the reconstruction.

A representative comparison between the measured data
and the fit is shown in Fig. 5. The leading contribution to the
uncertainties in GISAXS is the computational error, which

accounts for the assumptions and approximations performed
to speed up the computation. The comparison clearly shows
that even the two-dimensional GISAXS simulations reach their
nanometrological limits due to the complexity of this sample.
An almost perfect fit with sub-nanometre uncertainties in the
reconstructed parameters, which can be expected with very
simple lamellar grating reconstructions,7,18 cannot be achieved
here. The SADP process probably leads to irregularities that
can no longer be described with Debye–Waller damping
approximations for the line edge roughness, which at 3.1 nm
also appears to be quite high, but this value is also very close
to the 3.6 nm extracted from SEM measurements on similar
samples.43 Other lateral defects probably need to be included
in the evaluation as well. For example, the dimensions of the
structure are not discrete, but rather a distribution of sizes.

The measured GEXRF image of sample A is shown in
Fig. 6a in comparison to the overall map calculated from the
optimization result. The red vertical dashed lines indicate the
slices that are used in the optimization process. The compari-
son of the GEXRF data with the fit for these slices is presented
in Fig. 6b. The overall agreement of the calculated angular
fluorescence with the experimental data is already quite good.
All the features of the signal are also present in the calculation,
but the experimental image looks more blurred/smooth. This
is due to the relatively large pixel size of the detector and the
close proximity to the sample, resulting in a very limited
angular resolution. To account for this fact in the discrete
angular calculations a Gaussian filter with σ = 0.5 is used in

Table 1 Optimization results of model parameters from sample A for the fit of GISAXS and GEXRF data

Width/nm Height/nm Pitchwalk/nm Etch/nm Tilt height/nm Tilt angle/° Roughness/nm

Nominal 40.0 150.0 — — — — —
GISAXS 42.1 139.7 7.3 3.4 13.3 35.9 3.1
GEXRF 55.6 147.6 12.3 16.0 41.2 50.0 —

Fig. 5 Comparison between GISAXS measurement (data points) and fit
(lines) for different diffraction orders (n) and for different angles of inci-
dence (αi) on sample A.
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the post processing of the image. The signal close to the
sample horizon is reproduced very well, whereas the smaller
GEXRF features have some deviations in the angular position.
The difference in intensity in some regions (e.g., the sample
horizon) of the 2D image may be explained by the inhomogen-
eity and complex structure of the sample and the simplified
model that extends with perfect periodicity in all lateral direc-
tions (see Fig. 3b and c). It does not, for example, contain any
form of line edge roughness, which is quite high in this
sample, as shown by the GISAXS results. Another cause for
further blurring is the Ti Kβ emission, which contributes about
10% to the fluorescence signal and is present in the experi-
mental data, but which is not considered in the calculation.
The emission line is roughly 420 eV away from the Ti Kα line

and therefore changes the angular fluorescence map. Since the
experiment is performed with near normal incidence of the
incoming photons, there is also a contribution of photons
scattered from the bulk of the substrate, which results in a
linear background for all θ.39 This is taken into account in the
calculations by considering a linear background to the fluo-
rescence signal calculated from the near field.

In principle, we are able to reproduce superposition of
different fluorescence emissions. This is nicely demonstrated
by the experiment on sample B, where, in addition to tita-
nium, chromium is also present on the top and bottom of the
structure (Fig. 4). The comparison of the measured GEXRF
data and the forward simulation obtained from the TEM
profile can be found in Fig. 7. For the experiment at an inci-
dent photon energy of Ei = 5.1 keV the map is calculated with
the energy of the Ti Kα line, whereas the GEXRF data at Ei = 6.1
keV is reproduced by a superposition of the Ti Kα line and the
Cr Kα line. The two very different fluorescence maps for both
excitation photon energies agree well with the calculations.
The size distribution and shape variation of the real sample
structure is greater, as can be seen from the TEM image. This
results in further blurring of the signal and additional attenu-
ation near the sample horizon.

4. Conclusion and outlook

In this work, we presented an initial comparison between the
GEXRF measurement technique and classic GISAXS X-ray scat-
terometry for dimensional nanometrology. X-ray scattering
techniques such as GISAXS are in principle ideal candidates to
achieve sub-nanometre resolutions in the reconstruction of

Fig. 6 (a) Experimental GEXRF Ti-K data for sample A (left) versus cal-
culated map of the best-fit solution (right) for different emission angles
θf and αf above the sample horizon. The vertical dashed lines denote the
slices that are used in the optimization process. (b) Fit (red line) and
experimental data points for the slices. In addition, the background
(dashed line) and residuals (blue line) are shown.

Fig. 7 Comparison between measured GEXRF data for sample B (left)
and calculation (right) based on the TEM model. The incoming photon
energies are 5.1 keV and 6.1 keV. For the calculation, energies of the tita-
nium Kα and chromium Kα lines are used instead.
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nanostructured surfaces but are severely limited by their large
illumination spot on the sample under investigation.

As shown here, grazing emission techniques such as
GEXRF can circumvent this limitation because the area of
interest is defined only by the size of the excitation beam.17

Measurements with both techniques are basically very straight-
forward thanks to the use of the scanning-free techniques
enabled by modern flat hybrid pixel detectors. However, as the
study illustrates, modern fabrication techniques for nano-
structures such as SADP represent a challenge for both
methods. Further challenges lie in the need for forward simu-
lations of the reflected, scattered or emitted photons. The
SADP method leads to a doubling of the domain to be calcu-
lated. However, this doubling in necessary simulation time
can, as shown, be very effectively limited by applying advanced
machine learning optimization methods. A larger effect on the
quality of the simulations is the fact that the current models
are limited to two dimensions, meaning that lateral inhomo-
geneities of the sample cannot be considered easily. However,
a direct comparison should not ignore the fact that GISAXS
and GEXRF examine different sample areas and thus a
different mean sample structure in the case of lateral inhomo-
geneities. In addition, the effect of line edge roughness is not
included in the model of GEXRF. From this point of view, the
agreement between the two line shapes determined from the
respective reconstruction is already very good for the present
sample. In general, it should be possible to access the uncer-
tainties for the reconstructed parameters in GEXRF using
another optimisation algorithm (e.g. Bayesian optimiser). This
has been demonstrated for GIXRF31 and a similar approach
should work for GEXRF. An even better way to determine the
uncertainties would be the complete mapping of the para-
meter space by a Markov chain Monte Carlo algorithm.
Unfortunately, this technique requires a large number of func-
tion evaluations (usually over 500 000). As a single calculation
is currently still very time-consuming, this is not yet feasible.

Sample B demonstrates quite impressively the potential of
element-sensitive simulation, which can be used to investigate
only certain relevant parts of the nanostructures. This is
achieved by tuning the incoming photon energy above the
corresponding absorption edges of the involved materials (Ti,
Cr), in contrast to methods that use an energy-dispersive detec-
tor.17 The nanostructures are more complex than what can be
described in terms of simple geometric shapes such as rec-
tangles or trapezoids. A parametrization of such a line shape is
also not trivial and would have to be oriented more to the
process variations to be expected in production. But the high
agreement of the forward simulation derived from a TEM
image with the measured data for the different excitation ener-
gies is not only an example of the potential of GEXRF but also
impressively demonstrates the flexibility of the finite element
method. In summary, it can be concluded that GEXRF has a
high potential to establish itself as a measurement method for
dimensional and analytical nanometrology. The lack of resolu-
tion due to a small detector sample distance can be easily
solved in future by optimized detection setups. The ever-

increasing complexity in the production of nanostructured sur-
faces and the extension of the structures into the third dimen-
sion are an enormous challenge for the evaluation of any
measurement technique, as the comparison with GISAXS has
clearly shown.
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