
Nanoscale

PAPER

Cite this: Nanoscale, 2022, 14, 3849

Received 3rd August 2021,
Accepted 17th January 2022

DOI: 10.1039/d1nr05065f

rsc.li/nanoscale

A physical interpretation of coupling chiral
metaatoms†

Zhaolong Cao, Jianfa Chen, Shaozhi Deng and Huanjun Chen *

The physical origins of chiroptical responses from artificial optically active media are significant for devel-

oping high-performance circular dichroism (CD) spectroscopic techniques. Here, we present a biortho-

gonal approach based on temporal coupled-mode theory to unravel the underlying physics of chiral

metasurfaces. Equipped with physically meaningful parameters, this approach inherits the intrinsic pro-

perties of open optical cavities, including time-reversal symmetry and non-Hermitian Hamiltonians,

which are found to be in excellent agreement with numerical results. Remarkably, it identifies that the

intrinsic chirality of coupled chiral nanocavities arises from (i) the asymmetric coupling between interlayer

cross-polarized resonant modes and (ii) a coherent interference between doubly degenerate states.

Based on this formalism, a critical coupling condition capable of achieving zero transmission for circularly

polarized light is proposed.

Introduction

A chiral object refers to a geometrical object, or a group of
points, whose mirror image (enantiomer) cannot be brought
to coincide with itself.1 Although chirality is mostly associated
with structural properties at its initial stage, chiral structures
can manifest themselves with rich physics ranging from topo-
logical surface states2 and chiral excitonic states3 to enhanced
optical chirality.4 For example, the ability of chiral media that
exhibit differential responses to left circularly polarized (LCP)
and right circularly polarized (RCP) lights, termed circular
dichroism (CD), has been widely used as a powerful analytical
tool in enantiomer characterization for centuries.5 However,
the chiral-optical (chiroptical) effect is a subtle property at
optical frequencies due to the weak magnetic responses of
naturally occurring materials, and a medium with strong chir-
optical effects is still challenging to achieve.6–10

Recently, artificial metasurfaces based on plasmonic nano-
structures and high-index dielectric nanoparticles have
emerged as a research hotspot owing to their unprecedented
capabilities for manipulating and localizing photons at a sub-
wavelength scale.9,11,12 Various complex geometries, including
split-ring resonators,13–15 gammadions,16–18 L- and S-shaped
antennas,19 and nanoclusters,20–24 have been extensively
studied as basic building blocks for chiral metasurfaces.
Recently, giant chirality with maximum CD has been reported
both theoretically25 and experimentally.15,17 However, the
underlying physics governing the physical origins of chiropti-
cal responses is still not well studied. For example, chiral plas-
monic structures can be modeled with two mutually coupled
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harmonic oscillators from an electromagnetic perspective,
which has been demonstrated to not only provide an intuitive
framework but also being in qualitative agreement with experi-
mental observations.22,26 However, this phenomenological
approach, based on the coupling between resonators, is a classi-
cal analog to the constitutive relationships of optically active
media.27,28 The fundamental properties of open optical systems,
including time-reversal symmetry and non-Hermitian inter-
actions, are inevitably overlooked. In contrast, temporal
coupled-mode theory (CMT),29–33 a theoretical approach fruit-
fully employed to model optical cavities,25,34 bears great poten-
tial for solving this problem. It has been shown that CMT pro-
vides superior accuracy on the reconstruction of the far field
properties from the given eigenmodes.35 However, a rigorous
CMT based on the non-Hermitian interactions of optical cav-
ities still remains unexplored. For instance, a recent CMT pre-
assumes the eigenmodes of a chiral metasurface to be orthog-
onal and well-separated,25,34 and the physical origins of chiral-
ity, that is, how the non-Hermitian coupling between achiral
nanocavities gives rise to chiral eigenmodes has not been fully
investigated. As shown in Fig. 1a, the metaatom is expected to
exhibit giant optical chirality owing to the optical resonance
and chiral arrangements. However, the physics behind non-
Hermitian interactions among 8 identical achiral nanorods con-
tributing to optical activity is still unclear. To the best of our
knowledge, a rigorous derivation that combines both physical
insights and explicit expressions including eigenfrequencies,
eigenmodes, radiative decay rates, etc., is still elusive.

Despite its importance, the main difficulty in applying CMT
as a solid theoretical model is that it is intrinsically limited by
two facts: (i) the model parameters in CMT are phenomenolo-
gical quantities; and (ii) there is a lack of an intuitive but rigor-
ous approach for obtaining non-orthogonal chiral eigenmodes.
The former concern has been addressed by recent studies on
the quasinormal mode (QNM) of electromagnetic systems,35–38

where the classical CMT is found to be a special form of a rig-
orous QNM coupling theory for the case of weak coupling and
low loss.37 Here, we attempt to address the latter concern
using a biorthogonal approach.39 With surprisingly high accu-

racy, this approach reconstructs the far-field property of a
chiral metasurface with meaningful parameters while still
inheriting the necessity of optical systems including time-
reversal symmetry and non-Hermitian interactions.
Furthermore, we identified that the optical activity originates
from the asymmetric coupling between interlayer cross-polar-
ized resonant modes and the coherent interference between
doubly degenerate states. In the end, we validate our formal-
isms through numerical simulations and propose a critical
coupling condition capable of achieving zero transmission for
circularly polarized light.

Results and discussion
Non-Hermitian Hamiltonian based on CMT

We should first comment on the symmetry of the chiral meta-
surface. Optical chirality is a time-even and parity-odd quan-
tity.4 However, when associated with a specific object, it could
probably be intertwined with circular polarization conversion
(CPC) and asymmetric transmission (AT).24,40,41 For example,
two-dimensional planar metasurfaces are geometrically achiral
in three dimensions,42 but they can still produce non-zero CD
signals.43,44 This phenomenon, also termed 2D chirality, is
reported to have no contribution to optical activities.45–47 In
addition, CPC and AT effects could be absent in chiral
materials (e.g., an infinite slab of Pasteur medium), suggesting
that they are not the fundamental mechanism for chirality.
Therefore, in order to eliminate CPC and AT effects, the chiral
metasurface can be chosen to have a D4 symmetry (section S1
in the ESI†).22,25,40,48–54 Fig. 1a shows an exemplary chiral
metaatom. For the purpose of this study, we limited our ana-
lysis only to this configuration. CD is defined as CD = (|t+|

2 −
|t−|

2)/(|t+|
2 + |t−|

2), where t± is the transmission coefficient for
RCP and LCP light, respectively. Here, each nanorod represents
a plasmonic nanocavity. Their positive dipole moments are
defined in Fig. 1b. We should stress that the constitutional
building blocks can be extended to other nanocavities such as
high-index Mie resonators,11,55 split-ring resonators,14 hyper-

Fig. 1 Despite its importance, the main difficulty in applying CMT as a solid theoretical model is that it is intrinsically limited by two facts: (i) the
model parameters in CMT are phenomenological quantities; and (ii) there is a lack of an intuitive but rigorous approach for obtaining non-orthog-
onal chiral eigenmodes.
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bolic cavities56 etc. The metaatom is embedded in a homo-
geneous dielectric environment. All incoming waves are inci-
dent normally to the metasurface from both sides. ejωt time
dependence for all fields is assumed throughout this paper.
The period is smaller than the resonant wavelength so that
only zero-order transmission/reflection is allowed. In the
regime of effective medium theory, this symmetry condition is
a direct analog to reciprocal (Pasteur) bi-isotropic
materials.27,57

We derive our equations based on temporal CMT.31 As a
starting point, we first denote the incoming waves by |s+〉 =
(s1+ s2+ s3+ s4+)

T, where s1+(s3+) and s2+(s4+) are the x-polar-
ized (y-polarized) light incident from −z and +z sides (Fig. 1c).
Therefore, sþij ¼ 1 0 j 0ð ÞT= ffiffiffi

2
p

and
0 1 0 �jð ÞT= ffiffiffi

2
p

correspond to RCP incident light, and
1 0 �j 0ð ÞT= ffiffiffi

2
p

and 0 1 0 jð ÞT= ffiffiffi
2

p
correspond to

LCP incident light, respectively. Similarly, the outgoing waves
are defined by s�ij ¼ s1� s2� s3� s4�ð ÞT. The incoming
and outgoing waves can couple through a direct pathway
described by a background S-matrix C, which is unitary and
symmetric for a lossless and reciprocal system in the absence
of optical cavities. By properly choosing a reference input
plane and considering symmetry requirements,30 C takes the
form (section S2 in the ESI†)

C ¼
� cos ξ j sin ξ
j sin ξ � cos ξ

� cos ξ j sin ξ
j sin ξ � cos ξ

0
BB@

1
CCA ð1Þ

where ξ is a real number with −cos ξ and jsin ξ being the back-
ground reflection and transmission coefficients. Once the
background S-matrix, input, and output waves are defined, the
dynamic equations for coupled nanocavities can be written
as31

da
dt

¼ j Ωþ jΓð Þaþ KT sþij ð2:1Þ

js�i ¼ Cjsþi þ Da; ð2:2Þ
where a = (a1 a2 … a8)

T represents the complex resonant
amplitudes of nanocavities and Γ = K+K/2 is the radiative coup-
ling matrix. The excitation matrix for incoming waves is given
by: K = (κ1 κ2 … κ8), where κi is a 4 × 1 vector representing the
position-dependent radiative excitation coefficient for the ith

cavity (section S3 in the ESI†). For example, the longitudinal
LSPR mode for the 1st plasmonic nanorods can be defined as

κ1 ¼
ffiffiffiffiffiffiffiffiffi
Γrad

p
e�

π
4j

e�j ϕ�π
4ð Þ

ej ϕ�π
4ð Þ

0
0

0
BB@

1
CCA ð3Þ

The phase factor π/4 in eqn (3) is due to the choice of the
reference input plane in eqn (1). The physical interpretation of
ϕ is a retardation coefficient for +z and −z incoming waves,
which are related to the layer distance and the wavevector of
incoming waves by kd = 2(ϕ − π/4). The decay matrix is defined

by D = K because of time-reversal symmetry. Γrad = |κi|
2/2 is the

total radiative decay rate for a single cavity. The near field
interactions and complex resonant frequencies of nanocavities
can be represented by an 8 × 8 symmetric matrix

Ω ¼ Ω0 ΩT
c

ΩC Ω0

� �
ð4:1Þ

where Ω0 and Ωc are 4 × 4 coupling matrices, representing
intralayer and interlayer near field interactions. Bound by sym-
metry, Ω0 and ΩC are circulant matrices

Ω0 ¼
ω0 þ jΓabs ω12 �ω13 ω12

ω12 ω0 þ jΓabs ω12 �ω13

�ω13 ω12 ω0 þ jΓabs ω12

ω12 �ω13 ω12 ω0 þ jΓabs

0
BB@

1
CCA
ð4:2Þ

ΩC ¼
�ω15 �ω18 �ω17 �ω16

�ω16 �ω15 �ω18 �ω17

�ω17 �ω16 �ω15 �ω18

�ω18 �ω17 �ω16 �ω15

0
BB@

1
CCA ð4:3Þ

where ω0 and Γabs are the resonant frequency and absorption
rate of an individual nanocavity, and ω12, ω13, ω15, ω16, ω17

and ω18 are near-field coupling coefficients among nanocav-
ities. Note that ω14 = ω12 due to rotational symmetry. The
minus sign reflects the mutual excitation between nanocavities
by considering the orientation of dipole moments (Fig. 1b).

Considering both near-field and far-field interactions, the
Hamiltonian of the optical system leads to the symmetric non-
Hermitian matrix: H = Ω + jΓ. The off-diagonal (complex)
elements of H correspond to the mutual excitation of the scat-
tered fields between each nanocavity from the first principles
of Maxwell’s equations.37 As we will show later, H manifests
itself with rich physics by the biorthogonal approach.

Chiral eigenmodes based on the biorthogonal approach

We start with the biorthogonal approach on the non-
Hermitian H matrix. Assuming that XR is a matrix whose
columns are the right eigenvectors of H, and XL is a matrix
whose rows are the left eigenvectors of H, one can obtain XT

L =
XR and XLXR ≡ 1 (section S4 in the ESI†). Then, the general
CMT equations can be reorganized by left-multiplying eqn
(2.1) with XL

d
dt

ðXLaÞ ¼ jH0ðXLaÞ þ XLKT jSþi ð5:1Þ

js�i ¼ Cjsþi þ KXRðXLaÞ ð5:2Þ
where H0 is a diagonal matrix describing eigenfrequencies.
Comparing eqn (2) and (5), one can find that a′ = XLa corres-
ponds to the eigenmodes of the optical system. In addition,
the excitation matrix for a′ still follows time-reversal symmetry
given by K ′ ¼ κ′1 κ′2 � � � κ′8ð Þ ¼ XLKTð ÞT¼ KXR ¼ D′. Note
that due to the non-Hermitian nature (XL

+XL ≠ 1), the radiative
decay rate for the ith eigenmode should be normalized by
Γ′rad,i = |κi|

2/(2|ai|
2).
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Next, we attempted to deduce the explicit equation for XL.
The direct diagonalization of the 8 × 8 non-Hermitian matrix
is a non-trivial task. However, a two-step diagonalization
process, namely, intralayer and interlayer diagonalizations, can
simplify the mathematical derivations. From a physical point
of view, this is equivalent to categorizing cavity interactions
into two groups: (i) nanocavities in the same layer first couple
together (intralayer interaction) forming intralayer eigen-
modes, and then (ii) couple to the opposite layer (interlayer
interaction). Detailed derivations are given in section S5 of the
ESI,† and we only list several physical implications here.

First, by performing intralayer diagonalization and reorgan-
ization, one obtains the block-diagonal Hamiltonian

H2 ¼

ω̃1 ω̃15

ω̃15 ω̃1

ω̃2 ω̃26

ω̃26 ω̃2

ω̃3 ω̃37 ω̃38

ω̃3 �ω̃38 ω̃37

ω̃37 �ω̃38 ω̃3

ω̃38 ω̃37 ω̃3

0
BBBBBBBBBB@

1
CCCCCCCCCCA
ð6Þ

where ω̃1 ¼ ω0 � 2ω12 � ω13 þ jΓabs,
ω̃2 ¼ ω0 þ 2ω12 � ω13 þ jΓabs, and ω̃3 ¼ ω0 þ ω13 þ 2jΓrad þ
jΓabs are the intralayer eigenfrequencies, and
ω̃15 ¼ �ω15 þ ω16 � ω17 þ ω18, ω̃26 ¼ �ω15 � ω16 � ω17 � ω18,
ω̃37 ¼ �ω15 þ ω17 � 2jΓrad sin 2ϕ, and ω̃38 ¼ ω16 � ω18 are the
interlayer coupling coefficients. Therefore, the interlayer inter-
action can be divided into three diagonal block parts. While
the first two blocks are total dark modes owing to the C4

rotational symmetry (section S5 in the ESI†), radiative modes
from

H3 ¼
ω̃3 ω̃37 ω̃38

ω̃3 �ω̃38 ω̃37

ω̃37 �ω̃38 ω̃3

ω̃38 ω̃37 ω̃3

0
BB@

1
CCA

will contribute to chirality.
Second, the eigenmodes of H3 are doubly degenerate. This

property is of particular importance for the chiral metasurface.
To understand this, we start with the explicit expression of the
outgoing wave |s_〉 (section S6 in the ESI†)

s�ij ¼ S sþij ¼
α β γ
β α �γ

�γ α β
γ β α

0
BB@

1
CCA sþij ð7Þ

where α, β, and γ are frequency-dependent scattering coeffi-
cients. The S-matrix in eqn (7) takes the characteristic features
for the bi-isotropic(chiral) material (eqn (S8)†). As discussed in
section S7 of the ESI,† this type of chirality is strictly prohib-
ited for a single resonator due to the time-reversal constraint.
That is, an isolated resonator is insufficient to construct a
chiral metasurface analogue to the Pasteur medium, and chir-
optical responses from a non-degenerate state will inevitably

be intertwined with the CPC or the AT effect. In contrast, for
doubly degenerate systems with the same complex eigenfre-
quency but rotated excitation coefficients, their radiation inter-
feres coherently giving rise to chirality (eqn (S33)†).

Third, the chiroptical response of the metasurface can be
determined once the S-matrix is ready. The reflection coeffi-
cients for LCP (r−) and RCP (r+) lights are identical given by r±
= α, whereas the transmission coefficients are t± = β ∓ jγ (eqn
(S29)†). Therefore, according to eqn (S28.4),† γ (more specifi-
cally, the product between ω̃38 and cos 2ϕ) accounts for the CD
responses. Apparently, ω̃38 ¼ ω16 � ω18 depicted in Fig. 2a is
attributed to structural chirality—the asymmetric coupling
from a6 and a8 to the cross-polarized a1 nanocavity. When the
metaatom restores to symmetry configurations (Fig. 2a, right),
a6 and a8 cancel each other, leading to negligible chirality. ϕ
corresponds to the retardation effect (eqn (3)) and will be dis-
cussed later.

Using eqn (S28.3) and (S28.4)† and assuming negligible
background reflection for subwavelength nanorods (ξ = π/2), t±
can be simplified as

t+ ¼ j þ 2Γrad
�1� sin 2ϕ+ ζð Þ

ω� ω�ð Þ þ �1þ sin 2ϕ+ ζð Þ
ω� ωþð Þ

� �
ð8Þ

where ζ is a complex number given by sin ζ ¼
ω̃38=

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ω̃37

2 þ ω̃38
2

p
and cos ζ ¼ ω̃37=

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ω̃37

2 þ ω̃38
2

p
. Eqn (8) is

consistent with previous results.25,34 Moreover, this formalism
explicitly recovers the far-field amplitude and phase infor-
mation of the system, which is crucial for explaining asym-
metric chiral Fano line-shapes. Fig. 2b–d show the chiroptical
behavior of an analytical metasurface with ω0 + ω13 = 1, Γrad =
0.005, Γabs = 0.003, −ω15 + ω17 = −0.022, ω16 − ω18 = −0.017
and ϕ = 1.5 rad. As expected, transmission spectra for both
LCP and RCP lights exhibit Fano line-shapes (Fig. 2b) and the
CD response yields characteristic bisignate signatures.

It is also noteworthy that eqn (8) predicts an isolated chiral
state by evaluating the numerator

�1� sinð2ϕ + ζÞ ¼ 0 ð9:1Þ

or

�1þ sinð2ϕ + ζÞ ¼ 0: ð9:2Þ

The above equations require that, given ω̃38 a real coeffi-
cient, ζ, or equivalently, ω̃37 should be a real number as well.
Therefore, recalling that = ω̃37ð Þ ¼ �2Γrad sin 2ϕ ¼ 0, one gets
2ϕ = nπ for all positive integers n. For the lowest order ϕ = π/2
we arrive at the assessment given by the plasmonic Born–
Kuhn model:22 the isolated chiral mode is located at a quarter-
wavelength layer distance (d = π/2k = λ/4). In fact, such a con-
dition is not sufficient. By inserting ϕ = π/2 into eqn (9.1) and
(9.2), one arrives at sin ζ = ±1 and thus
< ω̃37ð Þ ¼ �ω15 þ ω17 ¼ 0. Therefore, isolated chiral states can
only be achieved when differential near field interactions from
a5 and a7 to the parallel a1 nanocavity cancel each other.
Considering the asymmetry positions of a5 and a7, this con-
dition is difficult to be fulfilled. Nevertheless, Fig. 2e and f
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show the analytically isolated chiral condition by setting ω0 +
ω13 = 1, Γrad = 0.005, Γabs = 0.01, −ω15 + ω17 = 0, ω16 − ω18 =
−0.007 and ϕ = π/2. Consistent with the analysis, both |t+|

2

and |t−|
2 exhibit a single resonant dip and demonstrate that

the metaatom resonates coherently in a single state for both
LCP and RCP incoming waves.

Numerical evaluations

We carried out finite-difference time-domain simulations
(Lumerical Inc.) to verify the validity of chiral CMT. The geo-
metrical parameters for the metasurface are length l = 120 nm,
height h = 24 nm, width w = 24 nm, and atom size Lc =
200 nm. The metaatom is arranged in a square lattice with a
period P = 400 nm. The permittivity of gold is best fitted from
the literature58 using the Drude model. In order to reproduce
experimental conditions, the metasurface was embedded in a
uniform dielectric environment with a refractive index n =
1.5.22 The S-matrix was calculated using the built-in near field
to far-field algorithms, and the phase of background reflection
was calibrated to π according to eqn (1).

We varied the layer distance from 40 to 180 nm to facilitate
different interlayer coupling strengths. Fig. 3a–c selectively
show |t+|

2, |t−|
2 and CD spectra for strong (d = 40 nm), weak

(d = 60 nm), and negligible (d = 140 nm) interlayer interactions.
As expected, |t+|

2 and |t−|
2 for d = 40 nm exhibit two distinct

resonant dips, whereas the metasurface with a distance d =
60 nm gives rise to Fano line-shapes. Moreover, the chiral
response vanishes for d = 140 nm, leading to negligible CD
signals. We fitted the scattering coefficients using eqn (S28)†
and the results for the d = 60 nm metasurface are plotted in
Fig. 3d–f (full fitting results can be found in section S8 of the
ESI†). As one can see, eqn (S28)† recovers both the amplitude
and phase information of the scattering coefficient with high
accuracy.

We should comment that, despite the large amounts of
independent parameters initially introduced in the CMT, only
7 coefficients, namely, ω0 + ω13, −ω15 + ω17, ω16 − ω18, Γrad,
Γabs, ϕ, and ξ appear in the final equations. As a result, the
direct fitting over 6 S-matrix spectra (real and imaginary parts
of α, β, and γ) is sufficient to avoid overfitting. In addition,

Fig. 2 Physical origins of the chiroptical response from a chiral metasurface. (a) Left: chiral coupling arises from the asymmetric coupling among a6
and a8 to the cross-polarized a1 nanocavity. Right: for the achiral configuration, ω16 and ω18 cancel each other, leading to vanished ω̃38. (b–d)
Simulated transmission (b), scattering coefficients (c), and CD (d) with ω0 + ω13 = 1, Γrad = 0.005, Γabs = 0.003, −ω15 + ω17 = −0.022, ω16 − ω18 =
−0.017 and ϕ = 1.5 rad. (e–g) Isolated chiral states of transmission (e), scattering coefficients (f ), and CD (g) was achieved with ω0 + ω13 = 1, Γrad =
0.005, Γabs = 0.01, −ω15 + ω17 = 0, ω16 − ω18 = −0.007 and ϕ = π/2.
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these parameters all provide insightful physical meanings,
which can be further used to check the validity of CMT. For
example, ϕ corresponds to the retardation strength within the
metasurface (eqn (S15.3)†), whereas = ω̃37ð Þ depicts the far-
field interaction (eqn (S19.9)†). Their results are confirmed by
Fig. 4a and b, where the fitted and analytical calculations yield
almost identical values. In addition, Γabs is the non-radiative
decay rate owing to the Ohmic loss of metallic nanorods.59

Therefore, if one keeps all geometrical parameters fixed but
artificially reduces Drude’s damping rates of gold for simu-
lation, the resulting Γabs will be proportionally decreased as
well.32,36 To elucidate this, we simulated the scattering coeffi-
cients for the d = 60 nm metasurface with 70%, 30% and 0
Drude’s damping rates of its original value, and compared
them with analytical CMT predictions using model parameters
fitted from the full loss case. As one can see from Fig. S2†
(section S9 in the ESI†), CMT predictions were found to be in
excellent agreement with far-field spectra, unambiguously con-
firming the applicability of chiral CMT. Finally, we evaluated
the near field coupling coefficient < ω̃37ð Þ ¼ �ω15 þ ω17 and
ω̃38 ¼ ω16 � ω18. The interaction between subwavelength nano-
rods can be directly calculated from the field overlapping inte-
gral among nanocavities, which is defined as,37,60

hτ;ν ¼ �ω

ð
Vτ

Ẽτ � Δετ r;ωð Þ � ẼνdV ð10Þ

where hτ,ν is the matrix element in the non-Hermitian H
matrix, Ẽτ and Ẽv are the QNM for τth and vth cavities, Δετ =
ετ − εb is the permittivity difference of the τth cavity, and εb is

the background permittivity. Therefore, < ω̃37ð Þ ¼ �h15 þ h17 þ
2jΓrad sin 2ϕ and ω̃38 ¼ h16 � h18. Fig. 4c and d show the calcu-
lated near field coupling coefficient based on eqn (10). Their
fitted counterparts are also superimposed for comparison. The
values of both < ω̃37ð Þ and ω̃38 decrease with increasing layer
distance. As expected, coefficients deduced from eqn (10) cor-
roborate with the fitted values very well, again confirming the
validity of the chiral CMT. We should stress that, although
CMT is well-accepted as a phenomenological model, recent
developments in the QNM have unveiled its solid physical
foundations, where the parameters in CMT can be directly
deduced from QNM information.36,60–67

An important implication of the foregoing analysis is the
rational design of zero transmission points for circularly polar-
ized light. Generally speaking, the optimal CD response,
defined by CD = ±1, corresponds to the zero transmission
point upon either LCP or RCP excitation. Solving t± = 0 from
eqn (S24) and (S25),† one arrives at

1
2

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ω15 � ω17ð Þ2þω̃2

38 � 4Γ2
rad cos2 2ϕ

� �2þ16Γ2
radω̃

2
38 cos2 2ϕ

q�

� ω15 � ω17ð Þ2þω̃2
38 � 4Γ2

rad cos
2 2ϕ

� �� ¼ Γ2
abs:

ð11Þ
Eqn (11) represents the critical coupling condition for the

chiral metasurface, where the absorption rate is balanced with
the function of radiative and coupling coefficients. Recalling
the radiative decay rate given by Γ′rad,i = |κ′i|

2/(2|a′i|
2), Eqn (11)

deviates from the classical critical coupling condition of an
individual resonator.32,33,68 In fact, this formalism is a natural

Fig. 3 Numerically simulated and fitting results for the chiral metasurface. Simulated |t+|
2 (a), |t−|

2 (b) and CD (c) spectra for the l = 120 nm, height
h = 24 nm, width w = 24 nm, atom size Lc = 200 nm, and period P = 400 nm metasurface with layer distances of d = 40, 60, and 140 nm. The meta-
surface was embedded in an n = 1.5 dielectric environment. (d–f ) Fitting results (solid line) of α, β and γ for the d = 60 nm metasurface. The chiral
CMT fits remarkably well with numerical simulations (circle).
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consequence of Fano resonances and is of particular impor-
tance for coupled systems. As mode coupling is frequently
exploited in designing high-performing metasurfaces, we envi-
sion that eqn (11) and the biorthogonal approach can serve as
a guideline for designing non-Hermitian optical systems. For
example, the absorption rate was calculated to be Γabs =
10.9 meV by using fitting parameters from the d = 40 nm meta-
surface, which is approximately 37.25% of intrinsic gold nano-
rods. We proceeded to verify eqn (11) by simulating the same
metasurface with a reduced gold collision rate. As shown in
Fig. 5a and b, transmission dips for both |t+|

2 and |t−|
2 spectra

reached zero, and the corresponding CD signal increased from

0.63 to unity (Fig. 5c). Note that under this condition, the total
radiative decay rates for chiral eigenmodes were deduced to be
Γrad,+ = 52.5 meV and Γrad,− = 17.4 meV. The classical critical
coupling condition is not valid for Fano resonances.

As a proof of concept, we proceeded to design a practically
chiral metasurface with zero transmission. The nonradiative
dissipation rate calculated from Fig. 5c is about one-third of
gold, which just coincides with silver nanorods. Assuming that
the nonradiative decay rate depends primarily on the metal
type and resonant frequency, it is expected to vary slowly with
the geometry. Eqn (11) can be fulfilled by scanning the size of
silver nanorods. Fig. 5d–f show the |t+|

2, |t−|
2 and CD response

Fig. 4 Comparison between fitting parameters and analytical results. Analytical ϕ (a) and = ω̃37

� �
(b) from eqn (S15.3) and (S19.9)† are found to be

almost identical to their fitted counterparts. In addition, the near field coupling coefficients deduced from the QNM field overlapping integral
coincide well with < ω̃37

� �
(c) and ω̃38 (d).

Fig. 5 Critical coupling conditions for the zero transmission condition. Transmission dips for both (a) |t+|
2 and (b) |t−|

2 spectra reached zero by
reducing the absorption rate of the gold nanorod to Γabs = 10.9 meV. As a result, the corresponding CD (c) increased from 0.63 to unity. (d–f ) A
practical silver chiral metasurface with a layer distance of d = 40 nm and an atom size of Lc = 200 nm. The rod length is scanned from l = 90 to
120 nm and the aspect ratio is kept fixed l/h = l/w = 5. The Drude permittivity used for silver is given by εAg = ε∞ + ωp

2/ω(ω − jγ), with ε∞ = 3.7, ωp =
1.39 × 1016 rad s−1 and γ = 3.22581 × 1016 rad s−1. For the l = 105 nm metasurface, the fitting parameters are: ε0 + ω13 = 1.2301 eV, −ε15 + ω17 =
47.6 meV, ε16 + ω18 = 58.3 meV, Γrad = 14.3 meV, Γabs = 8.6 meV, ϕ = 2.16 rad, and ξ = 1.60 rad. The deduced Γabs from eqn (10) is 8.5 meV. Note that
Γrad,+ = 45.9 meV and Γrad,− = 11.3 meV, which are also different from classical critical coupling predictions.
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for the silver metasurface with different rod sizes. As expected,
the zero transmission condition was achieved for length l =
105 nm, height h = 21 nm, width w = 21 nm, layer distance d =
40 nm, atom size Lc = 200 nm and period P = 400 nm.

Conclusion

In conclusion, we have proposed a generalized CMT capable of
providing physical origins of chirality for coupled nanocavities.
Using the biorthogonal approach, chiral CMT takes full con-
siderations of coupled nanocavities, including non-Hermitian
Hamiltonian, time-reversal symmetry, background scattering
effects, physically meaningful coefficients, and geometrical
symmetries. Remarkably, the closed-form expressions are
found to be in excellent agreement with numerical obser-
vations. We have shown that the giant chiroptical response of
a chiral metasurface is attributed to the asymmetric interlayer
coupling between a6 and a8 to the a1 nanocavities and the
coherent interference between doubly degenerate states. In
addition, the near field coupling coefficient was demonstrated
to be the QNM’s field overlapping between adjacent nanocav-
ities, which can be fine-tuned by geometry parameters and
constitutional materials. As a result, the CMT approach in this
study can be easily transferred to other cavity systems once (i)
the mode information of the isolated constitutional cavity and
(ii) coupling strength between cavities are known. As both con-
ditions have explicit formalisms (e.g., eqn (2), (3) and (10)), we
envision that CMT and this biorthogonal approach can serve
as a guideline for designing novel non-Hermitian optical
systems.
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