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Recipes for superior ionic conductivities in
thin-film ceria-based electrolytes

Dennis Kemp, *a Albert Tarancón bc and Roger A. De Souza a

We employed Molecular Dynamics (MD) and Metropolis Monte Carlo (MMC) simulations to determine

the oxide-ion mobility uO in Ce1�yGdyO2�y/2 (y = 0.02, 0.1, 0.2) for the range of temperatures 1400 r
T/K r 2000 and field strengths 0.6 r E/MV cm�1 r 15.0. Direct, unambiguous determination of uO(E)

from MD simulations is shown to require examination of the ions’ mean displacement as a function of

time. MD simulations were performed for random distributions of Gd cations and equilibrium

distributions obtained by MMC calculations. All uO(E,T,y) data obtained can be described by an

(empirically augmented) analytical model with four zero-field parameters, a result that allows data to be

extrapolated down to the temperatures of electrolyte operation. Specifically, the oxide-ion conductivity

is predicted, for example at T = 700 K, (i) to be up to 101 higher for a random distribution of Gd than for

an equilibrium distribution; and (ii) to be a factor of 100.8 higher for a 6 nm thin film than for a mm-thick

sample under a potential difference of 1 V. By virtue of non-equilibrium deposition and nm-thick

samples, thin films thus provide two new recipes for attaining even higher oxide-ion conductivities in

ceria-based electrolytes.

1 Introduction

In the race from promising oxide-ion conductor to high-
performance, long-lifetime, commercially viable fuel-cell electrolyte,
ceria-based materials have already passed various hurdles. The
thermodynamic stability under fuel cell conditions has been
demonstrated, in particular for intermediate-temperature fuel
cells.1–6 The optimal phase composition has been identified in
terms of the amount and type of substituent oxide, namely 10–20%
of Gd2O3 or Sm2O3;4,7–11 and the possibility of higher conductivity
through co-substitution has been extensively studied with mixed
results.12–14 In addition, the need to avoid silicate phases at grain
boundaries has been recognised15–17 and mitigation strategies have
been developed.9,18–22

Of the remaining hurdles, one of the most important is
lowering the operation temperature in order to extend the device’s
lifetime. Many degradation phenomena, such as interdiffusion,23,24

creep,25,26 kinetic demixing,27,28 and aging,29–32 are governed by
cation diffusion, a process characterised by a high activation
enthalpy, (5 to 6) eV.33,34 Hence, lowering the operation tempera-
ture by only 100 K leads to decreases in cation diffusion rates of six

orders of magnitude, with corresponding increases in device life-
times. Of course, oxide-ion conductivity is diminished at lower
temperatures, but this can be offset by reducing the thickness of
the electrolyte.35,36

In this study, we examined possibilities to overcome the low-
temperature hurdle through the use of thin films, and to this
end, we combined various simulation methods and theory.
In principle, thin films provide two possibilities for increasing
the oxide-ion conductivity. If a film is fabricated with a random
distribution of substituent cations (by means of a physical
deposition method), rather than the equilibrium distribution
achieved at high temperatures of sintering, the oxide-ion
conductivity should not be diminished by the formation
of defect clusters or nano-domains containing multiple point
defects.37,38 In addition, if the film is thin enough, relatively
small applied voltages result in extraordinarily high electric
field strengths, and thus in the possibility of field-enhanced ion
transport.39–41 Field strengths of MV cm�1 can increase the
ionic conductivity of a dilute solution of non-interacting charge
carriers by orders of magnitude. The increases at such high
fields for electrolyte compositions (i.e. well beyond the dilute
limit) with either random or equilibrium Gd distributions are,
however, unclear.

To examine the two possibilities of overcoming the low-
temperature hurdle we performed classical molecular
dynamics (MD) simulations and Metropolis Monte Carlo
(MMC) simulations for three different concentrations ( y =
0.02,0.1,0.2) of Ce1�yGdyO2�y/2 with random and equilibrium
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distributions of the substituent Gd cations. For each of the six
systems we obtained the oxide-ion mobility uO as a function of
field strength E and temperature T. The subsequent aim of our
study was to obtain an analytical expression that describes all
uO(E,T,y) data in terms of only zero-field parameters. With such
an expression, the oxide-ion conductivity can be predicted, for
conditions other than those examined in the simulations, with
knowledge of only the bulk conductivity in the low-field limit
and its activation enthalpy.

2 Theory
2.1 Obtaining field-dependent ion mobilities from MD
simulations

The electrochemical mobility of a charge carrier i is defined as
the ratio of the charge carrier’s drift velocity (vd,i) to the electric
field strength (E) producing drift,

ui ¼
vd;i

E
: (1)

For small E (i.e., within the linear regime), ui is independent of
E. Our interest here is in the mobility within and beyond the
linear regime.

The traditional approach for obtaining ui from an MD
simulation is indirect. In an isothermal MD simulation, the
ions’ mean-squared-displacement hri

2i is monitored as a func-
tion of time (t), and if the increase is smooth and linear,
Einstein’s relation,

D�i ¼
1

6

dhri2i
dt

; (2)

is applied to determine the tracer diffusion coefficient D�i .
Subsequently, the Nernst–Einstein equation (with ion charge
zie; Haven ratio Hr; and Boltzmann constant kB)

ui ¼
jzijeD�i
HrkBT

(3)

is used to calculate the ion mobility; often Hr = 1 is arbitrarily
assumed (i.e. all correlation effects42,43 are ignored).

In the present case, this traditional approach is not applicable
for two reasons. For simulations in which an applied electric
field produces ion drift, the analysis of dhri

2i/dt does not yield
D�i . Below we explain what the problem is, and we describe a
simple and direct solution. The second reason is that, since
concentrated solid solutions are considered (Ce1�yGdyO2�y/2

with y 4 0.01) and high-field effects, too, Hr in eqn (3) will
deviate from the (constant) dilute–solution value. That is, Hr

(E, T, y) would be required.
We come now to the issue of why the analysis of dhri

2i/dt
does not yield D�i . For a system of ions undergoing diffusion
and drift, the evolution of the ions’ probability density function
can be written in one dimension (x) as44

pðx; tÞ ¼ 1ffiffiffiffiffiffiffiffiffiffiffiffiffi
4pD�i t

p exp �ðx� vd;itÞ2
4D�i t

� �
: (4)

The ions’ mean-squared displacement is given by the second

moment of this distribution,

hxi2i ¼
ðþ1
�1

x2pðx; tÞdx ¼ ðvd;itÞ2 þ 2D�i t: (5)

In the absence of drift (vd,i = 0), eqn (5) reduces to Einstein’s
relation in one dimension and a linear increase in hxi

2i with t
yields the tracer diffusion coefficient. But for vd,i a 0, hxi

2i will
not in general increase linearly with t and in fact, depending on
vd,i, hxi

2i may increase according to t2. The critical point is that
dhri

2i/dt does not yield the tracer diffusion coefficient: it yields
a quantity with a contribution from diffusion and a time-
dependent contribution from drift.

Eqn (5) suggests that one solution to this problem would be
to consider the second time derivative of hxi

2i to obtain the drift
velocity. We propose that a far simpler and more robust
approach is to examine the ions’ mean displacement, that is,
the first moment of p(x,t),

hxii ¼
ðþ1
�1

xpðx; tÞdx ¼ vd;it: (6)

In this case, a linear increase in hxii with t yields vd,i; sub-
sequently, ui is obtained from eqn (1).

This is the approach we have used previously.45,46 Here we
present the underlying foundation because of some misconcep-
tions in the literature. For example, in some studies,47,48 MD
simulations with an applied field (vd,i a 0) were analysed with
eqn (2) rather than eqn (6). This is clearly incorrect. The
‘‘diffusion coefficients’’ reported in such studies are no such
things; consequently, the analysis of such data is unreliable,
and the conclusions reached are questionable.

2.2 An analytical expression for the field-dependent ionic
conductivity

The second aim of our study, as noted above, is to obtain an
expression that allows the oxide-ion conductivity to be predicted for
a concentrated solid solution in terms of only zero-field parameters.
That is, if one had measured the bulk oxide-ion conductivity
of a ceria-based material as a function of temperature, one
could predict—with this knowledge and with the analytical
expression—the conductivity for the high-field regime without
any additional information.

The ionic conductivity is the product of the ion’s mobility ui,
its charge |zi|e and its concentration ci,

s = uici|zi|e. (7)

In the present case, the electric field strengths are not large
enough to generate vacancy–interstitial pairs49 so that ci is not a
function of E. ui, on the other hand, is affected by the applied
fields and our starting point for describing this effect is the
approach that has been successful for oxide-ion conduction in
dilute solutions.45,46

The approach’s underlying assumption is that the ions
migrate over cosinusoidal free energy profiles, upon which
the electric field is linearly superimposed.45 The activation
enthalpies of ion migration with and against the field, i.e. in
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the forward and reverse directions, follows as45

DHf=r
mig ¼ DHmig

ffiffiffiffiffiffiffiffiffiffiffiffiffi
1� g2

p
� g

p
2

� �
þ g arcsin g

h i
; (8)

where g = (|zi|eEdi)/(pDHmig) with DHmig as the activation
enthalpy of ion migration in the absence of a field and di as
the jump distance. The ions’ mobility can then be expressed in
terms of the difference in the rates of forward and reverse
ion jumps,

ui ¼
1

E
nvdin0 exp

DSmig

kBT

� �

� exp �
DHf

mig

kBT

 !
� exp �

DHr
mig

kBT

� �" #
;

(9)

where the characteristic frequency n0 and the activation entropy
of migration DSmig are both field-independent quantities. (The
site fraction of oxygen vacancies nv is linked to the concen-
tration of substituent Gd cations.)

This approach has been demonstrated45,46 to provide a
quantitative description of ui up to relatively high field
strengths. It thus indicates that the assumption of a linear
field superimposed on the free energy landscape is reasonable,
at least up to these fields of MV cm�1. Deviations are expected
for exceptionally high E, when the potential wells in which the
ions sit are deformed substantially by the field, leading to field-
dependent values of n0 and DSmig. In addition, deviations are
expected at exceptionally high E, as the electrons’ distributions
around the ions are significantly modified. These fields are
beyond those examined in this study, however. It is noted that
if accurate values of DHf/r

mig for exceptionally high fields are
required, then methods are available.50,51 Such routes were not
taken in this study, since the fields are not so high as to require
such approaches, and since the primary quantity of interest
(and one that can be determined experimentally) is the ion
mobility. Knowledge of how the many individual barriers in
such concentrated solid solutions react to an applied field
would be of limited use in obtaining a macroscopic ion
mobility.

3 Methods

The molecular dynamics simulations were performed using the
LAMMPS code52 with periodic boundary conditions in the NpT
ensemble where particle number N, pressure p and temperature T
are kept constant. To ensure this a Nosé–Hoover thermostat and
barostat with damping parameters of 0.2 and 20 ps, respectively,
were used.53,54 The long-range coulombic interactions were
calculated with a particle–particle particle–mesh solver55 with an
accuracy of 10�5, as implemented in LAMMPS. Newton’s
equations of motion were integrated by means of the velocity
Verlet algorithm with a timestep of 1 fs. There are several sets of
potentials available in the literature for CeO2 and Gd-substituted
CeO2, ranging from simple Buckingham-type pair potentials to
more complex many-body potentials.37,56–64 Our choice of the
pair potential set was governed by three factors: reproducibility of

experimental values that are important for the scope of this study,
primarily the activation enthalpy of oxygen diffusion in pure CeO2

and Gd-substituted CeO2; robust potentials that allow MD simula-
tions to be performed under high electric field strengths without
simulation artefacts; and computationally efficient potentials that
permit long, large-scale simulations with reasonable computation
time. Based on studies that have already compared several sets of
potentials for pure and Gd-substituted CeO2

65,66 and on our own
test simulations, we decided, therefore, to use the pair potentials
reported by Minervini et al.37. These potentials have already been
used in several studies to study oxide-ion conductivity and
diffusion65,67,68 as well as grain-boundary and surface segregation
of dopants.69,70 Supercells containing 12 000 ions (4000 f.u.,
Ce4000O8000) were used and 80, 400 or 800 Ce4+ ions were
randomly substituted with Gd3+ ions to yield the intended com-
position of y = 0.02,0.1 or 0.2. The resulting charge inequality was
balanced by randomly removing the appropriate number of O2�

ions. The three cells originated from this procedure were the
starting configurations for the random distribution of GDC2,
GDC10 and GDC20.

To obtain equilibrium distributions of Gd cations, two ions
from a particular sublattice were picked at random and
swapped; the change was accepted or rejected according to
the standard Metropolis Monte Carlo (MMC) algorithm.71

Swaps on both anion and cation sublattices were performed
(alternating between the two) in order to capture the essential
interactions between oxygen vacancies and acceptor-type Gd
cations. Since oxygen vacancies are not real particles, they were
treated as non-interacting particles without charge so that
swaps with oxide ions were possible. This procedure was
previously shown by Purton et al. to yield reasonable config-
urations for cation substituted supercells.72 In the MMC mini-
misation, 2 � 106 swap attempts for anions and cations,
respectively, were conducted, after which the total cell energy
had decreased to a constant value. For all three concentrations
the same temperature of T = 1800 K was used in the calculation
of the acceptance rate allowing Gd cations and oxygen
vacancies to reach thermodynamic equilibrium (rather than
just oxygen vacancies as at lower temperature).

Oxide-ion mobilities uO were determined from MD
simulations with applied electric field strengths in the range
of 0.6 r E/MV cm�1 r 15.0 by applying an additional force
F = zieE to each ion. Every simulation was first equilibrated for
75 ps followed by a production run of 3 ns for E r 3.0 MV cm�1

or of 1 ns for E 4 3.0 MV cm�1. To improve the statistics, we
performed three runs with different random number seeds for
each simulation at given E and T.

4 Results
4.1 Effect of energy minimisation on Gd distribution

From MD simulations at finite temperature, we calculated the
partial radial distribution functions gGd–O(r) and gGd–Gd(r) for
two distributions of Gd: the random distributions (with oxygen
vacancies allowed to achieve minimum energy configurations);
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and the equilibrium distributions (obtained from MMC mini-
misation). The results are compared in Fig. 1 for the three
different systems GDC2, GDC10 and GDC20.

At first sight, gGd–O(r) shows no differences between random
and equilibrium distributions of Gd. A closer examination
reveals indeed no differences for GDC10 and GDC20, but for
GDC2 gGd–O(r) is slightly lower for the equilibrium distribution.
This indicates an increased presence of oxygen vacancies in the
vicinity of Gd cations.

Substantial differences in gGd–Gd(r) are evident for all three
compositions [Fig. 1(d)–(f)], with these differences diminishing
with increasing Gd concentration. For example, in GDC2 the
maximum of the 1NN peak (at 4 Å) increases from ca. 8 for the
random distribution to ca. 35 upon energy minimisation
[Fig. 1(d)]. Thus the probability of finding two Gd cations next
to each other increases by a factor of four. A smaller but still
significant increase is also observable for the 2NN (5.5 Å) and
3NN (7.8 Å) peaks, meaning that the Gd cations tend to
accumulate. Combined with the observations from gGd–O(r)
[Fig. 1(a)] it is evident that for both oxygen vacancies and Gd
cations the formation of clusters is energetically favourable.
Such behaviour is in agreement with theoretical and experi-
mental studies of concentrated GDC solutions.37,38,74–76 For
GDC10 and GDC20, gGd–Gd(r) differs significantly between
random and equilibrium distribution in the first peak only
but the difference is small compared to GDC2.

These findings were obtained by averaging over the length of
the simulation run but they are supported by snapshots of the
simulation cells shown in Fig. 2. In the left column the random

configurations (after the vacancies have achieved equilibrium)
of the three concentrations and in the right column the
equilibrium distributions (after the vacancies and Gd cations
have achieved equilibrium) obtained from MMC simulations
are shown. It is evident that in every case the equilibrium
distribution has a smaller number of clusters than the corres-
ponding random distribution. This is due to the clustering of
oxygen vacancies and Gd cations with a trend to bigger clusters
with increasing concentration of Gd. That is, there are more
defects in the largest cluster, too.

4.2 Field-dependent oxide-ion mobilities

Oxide-ion mobilities uO obtained from the MD simulations as a
function of field strength are shown in Fig. 3. The qualitative
behaviour of uO conforms to expectations, that is, constant
values in the low-field regime (up to ca. 2 MV cm�1 for the
temperatures examined here), and a non-linear increase at
higher field strengths. In contrast, the quantitative behaviour
is quite different and does not follow the theoretical prediction
(dotted lines). For example, the field strength required for an
increase of uO(E)/uO(0) = 1.1 at T = 1400 K predicted by eqn (8)
and (9) is Etheo = 3.9 MV cm�1 in the case of the random GDC2
system. But from the simulation results we perceive that Esim o
2 MV cm�1 is required, roughly half the expected field strength.
Furthermore, for higher field strengths the deviation between
theoretical prediction and simulation results becomes even
larger, and it is not possible to describe the field-dependency
at all regardless of the system’s composition. For comparison,
we note that uO in a system containing only oxygen-vacancies

Fig. 1 Radial distribution functions for Gd–O (a–c) and Gd–Gd (d–f) of GDC2 (a and d) GDC10 (b and e) and GDC20 (c and f). Black, solid lines refer to
random distributions of Gd cations and red, dashed lines refer to equilibrium distributions from Metropolis Monte Carlo (MMC) calculations. The radial
distribution functions are extracted exemplarily from simulations at T = 1400 K and 0.6 MV cm�1 and averaged over 3000 timesteps per random seed
(which sums up to 9000 timesteps per distribution) to account for different vacancy distributions. The inset in (d) shows the complete height of the first
Gd–Gd peak.
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(and no Gd cations) can be described by eqn (8) and (9) up to
E = 20 MV cm�1 at T = 1400 K.45 We attribute the deviations
in Fig. 3, therefore, to the more complex energy landscape for
ion-transport that the Gd substituents introduce (altered
migration barriers and site energies77,78). As we will see in

Section 5.2, a quantitative description of the field-dependent
oxide-ion mobilities with a modified version of the existing
model (Section 2.2) is possible.

From the oxide-ion mobilities in the low-field region (E r
1.0 MV cm�1), we extracted uO(T,E - 0). The data are plotted in

Fig. 2 Defect cluster arrangements in GDC2, GDC10 and GDC20 with random and equilibrium distributions visualized with the ‘‘Cluster Analysis’’ tool
provided by the software OVITO.73 Oxygen vacancies (cubes) and Gd cations (balls) with a distance of o3.5 Å belong to the same cluster and have the
same colour. The number of different clusters per simulation cell, Ncluster, and the size (sum of oxygen vacancies and Gd cations) of the largest cluster,
Ndefect, is given.
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Fig. 4 as a function of inverse temperature, and they yield effective
enthalpies of oxygen-vacancy migration, DHmig,v. Comparing the
data for random and equilibrium distributions of Gd cations, we
find in the more concentrated systems, GDC10 and GDC20, that
the absolute values of uO(T,E - 0) and consequently of DHmig,v

are very similar. For GDC2, though, there is at the lowest
simulated temperature already one order of magnitude difference
in uO(T,E - 0) and DHmig,v differs by 0.1 eV. This behaviour---de-
creasing differences between random and equilibrium distribu-
tions of Gd with increasing Gd concentration—is a direct
consequence of the defect clustering evident in Fig. 1 and 2.

5 Discussion
5.1 Influence of the cation distribution on the low-field ion
mobility

For all compositions examined, the field-independent oxide-ion
mobility uO(T,E - 0) (and hence the conductivity s) was always
lower in the equilibrium case than in the random case, as reported
previously for acceptor-doped fluorites.67,72,79 The formation of
larger defect clusters (Fig. 1 and 2) is accompanied by a higher
binding energy37,74,80 and a higher probability of oxygen vacancies
migrating over Gd–Ce or Gd–Gd barriers (these activation barriers
being much higher than the Ce–Ce barrier).77,78 Consequently, with

Fig. 3 Field-dependent oxide-ion mobilities uO extracted from molecular dynamics simulations at four different temperatures (T/K = 1400, 1600, 1800,
2000) for (a and d) GDC2, (b and e) GDC10 and (c and f) GDC20. The Gd-dopant distribution in (a–c) was random, whereas in (d–f) the equilibrium
distributions were employed. The solid lines are fits to the improved model [eqn (10)]; the faded, dashed lines refer to the predictions from the standard
treatment45 (Section 2.2).

Fig. 4 (left) Field-independent oxide-ion mobilities u(T, E - 0) extrapolated from the low-field range (E r 1.0 MV cm�1) of the field-dependent
simulations plotted versus inverse temperature 1/T. (right) Dependency of activation enthalpy of vacancy migration DHmig,v on the concentration of Gd
cations and oxygen vacancies.
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increasing Gd concentration but also with larger clusters at a
constant concentration of Gd, DHmig,v is expected to increase and
uO to decrease (Fig. 4).

Comparison of DHmig,v with values from other experimental
and theoretical work reveals two findings: first, the trend of
increasing activation energy (for bulk conductivity) with increasing
acceptor-ion concentration was also experimentally observed for
Gd-doped10 and Sm-doped81 CeO2 over a similar range of acceptor
concentrations. Second, the absolute values of DHmig,v are in all
cases higher than experimentally found activation energies for
bulk oxide-ion conduction derived from impedance spectroscopy.
For example, in GDC10 and GDC20 for T 4 623 K, experimental
activation enthalpies are in the range of 0.62–0.70 eV9,10,16,82 and
0.74–0.82 eV,9,10,83 respectively. In comparison the values derived
from our MD simulations are 0.76/0.80 eV and 0.95/0.96 eV for the
random/equilibrium distributions of GDC10 and GDC20, respec-
tively. Theoretical studies with the same EPP derive similar DHmig,v

of 0.74 eV67 and 0.78 eV65 for GDC8 and GDC10, respectively. As
was pointed out by Grieshammer et al., pair potentials tend to
overestimate the repulsive and attractive interactions leading to an
overestimation of the activation enthalpy.65 Thus, with increasing
Gd concentration, defect–defect interactions become increasing
prevalent, thus accounting for the deviation between experimental
and computational values of DHmig,v of ca. 0.1/0.15 eV for GDC10/
GDC20. Nevertheless, the trends of the experimental values are
reproduced very well by the simulations and hence a qualitative
discussion of the impact of Gd distribution and high electric field
strengths (see Section 5.2) on the oxide-ion mobility is possible.

5.2 Quantitative description of field-dependent oxide-ion
mobilities

As already described in Section 4.2 and shown in Fig. 3, uO(E,T)
cannot be described with the standard analytical treatment (Sec-
tion 2.2). At field strengths of E 4 2 MV cm�1 the treatment
underestimates the increase of uO in all systems at all tempera-
tures. This discrepancy is not surprising, however, considering
that the treatment45 was derived for ion migration in a simple
system (low vacancy concentration, no dopant cations, and a
single barrier over which ions jump). In principle, one could
remedy the situation by including migration over different barrier
heights (depending on the arrangement of Gd cations) and to and
from sites with differing energies (depending on the arrange-
ments of Gd cations and oxygen vacancies).77,78,84 It is difficult to
imagine, though, that a useful analytical expression would be
obtained, given the huge number of possible arrangements of the
defects. A simpler approach to obtain an adequate description is
to adapt the existing model of eqn (9) in an ad hoc fashion,

ui ¼
1

E
nvdin0 exp

DSmig

kB

� �

� exp �
DHf

mig

kBT

 !
� exp �

DHr
mig

kBT

� �" #

� 1þ bE

ðkBTÞ2

	 

:

(10)

That is to say, we found that, by introducing a new term, {. . .} in
eqn (10), with only one empirical parameter b, we were able to
describe all uO(E,T,y) data, as shown in Fig. 3.

The form of this term was inspired by Onsager’s work on the
enhanced dissociation of ion pairs in solution by an electric
field.85 Initially, we tried to apply the original formalism
directly to our data, thus making the unreasonable assumption
[Fig. (1) and (2)] that one can describe GDC only in terms of
defect pairs (of an oxygen vacancy and a Gd cation) that
dissociate more readily with increasing field strength. This
approach was not successful, strongly implying that the simple
picture of defect pairs is not applicable to our materials.
Nevertheless, it is necessary to account for the defect–defect
interactions that cause the discrepancy between the simulated
mobilities and the prediction from the standard model (Fig. 3).
We found that the best (but still simple) form of an additional
term needs to be proportional to E/T2 (similar to Onsager’s
formalism) in order to describe all our uO(E,T,y) data.

An even stronger result is that a single value of b = (1.1� 0.2)
� 10�3 cm MV�1 eV�2 is able to describe uO(E,T) for all three
random configurations and the equilibrium configurations of
GDC10 and GDC20, as shown in Fig. 3(a)–(c) and (e), (f) with the
solid lines. Only the equilibrium system of GDC2 [Fig. 3(d)]
needs a higher value of b = 3.0� 10�3 cm MV�1 eV�2 to describe
the entire data.

The reason for the difference is that oxygen vacancies in
equilibrium GDC2 were far less likely to encounter Gd cations
during a simulation at high fields. That is, once they broke free
of a cluster (and almost every oxygen vacancy was bound in a
cluster with two Gd cations, see Fig. 2), the oxygen vacancies
execute jumps in an almost pure CeO2 matrix, since there aren’t
that many Gd cations and those that are present are clustered
together. Indeed, extracting the average number of Gd cations
with full 1NN and 2NN oxygen shells (i.e. no oxygen vacancies
present) from the MD simulations, and plotting this data as a
function of field strength in Fig. 5, we find that equilibrium
GDC2 is the only composition that shows different behaviour,

Fig. 5 Average number of Gd cations with fully occupied 1NN and 2NN
shells of oxide ions, NGd,full, for T = 1400 K. For better comparison between
all concentrations and cation distributions, the number of Gd cations are
normalised to the value at the lowest field strength. Meaning of the
symbols is the same as in Fig. 4.
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namely, a strong increase in the number of oxygen vacancies not
bound to Gd cations with increasing field. Thus, not only can the
difference be explained, but also the higher value found for b.

5.3 Prediction of field-dependent oxide-ion mobilities for
thin-film electrolytes

The description of the entire set of data for all systems in
Section 5.2 allows us further to predict oxide-ion mobilities,
and subsequently conductivities, for other temperatures and
field strengths of interest. In Fig. 6 we show calculated s for
all three concentrations in random as well as equilibrium
configuration for T = 700 K and field strengths of E = 10�2–
101 MV cm�1. This is a typical temperature in the application of
IT-SOFCs, and importantly, it is above the temperature range at
which a change in enthalpy is often observed experimentally.84

The predictions show that at low field strengths the highest
s are achieved for the random configurations of GDC2 and
GDC10. The conductivity for GDC20 at the same T and E is
almost one order of magnitude lower due to the higher migra-
tion enthalpy (see Section 5.2). s is always lower in the
equilibrium case than in the random case for all three con-
centrations. Therefore, achieving the highest conductivities
involves a random distribution of cations in the sample being
produced through physical deposition of a thin film (by, e.g.,
pulsed laser deposition or sputtering) and being maintained by
avoiding high temperatures. Also plotted in Fig. 6 (on the top
abscissa axis) is the thickness of a hypothetical thin-film
electrolyte that corresponds to the electric field strength E
when a voltage of one volt is applied. (Data are plotted down
to a film thickness of five nm.) In this way, we show that thin
films of physically reasonable thicknesses (i.e. much greater
than a unit cell) with a physically reasonable applied voltage

(1 V) are predicted to exhibit field-accelerated conductivities,
with increases being at least twice as high as in the low-field
regime. For an increase of one order of magnitude at this
temperature, the film thickness would need to be in the range
of only a few nanometres already approaching the unit cell
limit. And voltages of 10 V will decompose the oxide.

It needs to be emphasised that the experimental conductivity
behaviour of thin ceria films may be affected by a host of other
phenomena. Lattice strain introduced during film preparation
can be beneficial or detrimental to ionic conductivity;86–88

microstructural features such as grain boundaries can decrease
the ionic conductivity.89–93 Thus, carefully conducted measure-
ments as a function of field strength and temperature are
needed to safely distinguish field-enhanced ion transport from
other effects.45,94,95

5.4 Field-dependent oxide-ion mobilities for resistive
switching applications

There is a second application for which the field- and temperature-
dependent behaviour of the ion mobility in oxides plays a central
role: resistive switching random access memory (ReRAM), an
energy-efficient, high-density, non-volatile possibility for informa-
tion storage. Upon application of a few volts to a ReRAM oxide, its
resistance should switch within nanoseconds between low- and
high-resistance states (the write step), but upon repeated applica-
tion of voltages of a fraction of a volt (the read step), the resistance
state should remain unchanged. One source of such extreme non-
linearity is uO(E,T).96

The main contenders for the active ReRAM oxide are
un-doped binary systems, HfO2 and Ta2O5. Systems such as
Ce1�yGdyO2�y/2 understandably have not received much
attention,97 because the changes in defect concentrations upon

Fig. 6 Field-dependent ionic conductivities s at T = 700 K calculated with eqn (10) and (7) for all three concentrations with random as well as equilibrium
distributions of Gd. The corresponding thickness of a hypothetical thin film at an applied voltage of 1 V is shown on the top abscissa axis.
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switching are rather modest, and this leads to unstable resis-
tance states over longer times (the written information does
not stay written). What our results show (Fig. 3) is that
Ce1�yGdyO2�y/2 systems have higher non-linearity than the pure
oxide, and we attribute this to the defect–defect interactions
(see Sections 5.1 and 5.2 for details). Such systems, due to their
high non-linearity and ability to forget, may be suitable for
application in neuromorphic computing.

6 Conclusions

We suggested two new recipes for ceria-based electrolytes to
overcome the low-temperature hurdle in the race from promising
ion-conductor to a high-performance fuel-cell electrolyte. Through
a combination of MD and MMC calculations, we obtained
oxide-ion mobilities as a function of temperature and field strength
for three different Ce1�yGdyO2�y/2 systems and two different Gd
distributions (random and equilibrium). Five key messages are
emphasized:
� Obtaining (field-dependent) ion mobilities from MD

simulations must involve the analysis of the ions’ time-
dependent mean displacement rather than their mean-squared
displacement.
� The distribution of substituent cations has a substantial

effect on the oxide-ion mobility uO and its activation enthalpy at
low cation concentrations but these effects diminish with
increasing Gd concentration.
� The standard analytical treatment for field-dependent ion

mobility is not applicable for solid solutions due to defect–
defect interactions, but an empirical augmentation of this
model with one additional parameter yields a quantitative
description of all uO(E,T,y) data obtained in this study.
� The increased non-linearity of uO at high electric fields in

Ce1�yGdyO2�y/2 compared with pure ceria suggests that the
introduction of interacting defects in such materials may be
beneficial for the application in neuromorphic computing.
� Predicted oxide-ion conductivities for T = 700 K, a typical

IT-SOFC working temperature, indicate that the combination of
thin films with thickness o10 nm and random instead of
equilibrium Gd distribution can increase oxide-ion conductivity
of ceria–gadolinia materials by more than one order of magnitude.
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