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High-throughput molecular simulations reveal
the origin of ion free energy barriers in graphene
oxide membranes†

Christopher D. Williams, * Flor R. Siperstein and Paola Carbone

Graphene oxide (GO) membranes are highly touted as materials for contemporary separation challenges

including desalination, yet understanding of the interplay between their structure and salt rejection is

limited. K+ ion permeation through hydrated GO membranes was investigated by combining structurally

realistic molecular models and high-throughput molecular dynamics simulations. We show that it is

essential to consider the complex GO microstructure to quantitatively reproduce experimentally-derived

free energy barriers to K+ permeation for membranes with various interlayer distances less than 1.3 nm.

This finding confirms the non-uniformity of GO nanopores and the necessity of the high-throughput

approach for this class of material. The large barriers arise due to significant dehydration of K+ inside the

membrane, which can have as few as 3 coordinated water molecules, compared to 7 in bulk solution.

Thus, even if the membranes have an average pore size larger than the ion’s hydrated diameter, the sig-

nificant presence of pores whose size is smaller than the hydrated diameter creates bottlenecks for the

permeation process.

Introduction

A desire to reduce energy consumption whilst improving the
performance and efficiency of desalination technologies, such
as reverse osmosis and nanofiltration, has led to a surge in
proposed new membrane materials.1–4 Among candidate
materials, those containing micropores are appealing because
they have the attributes to control salt selectivity and rejection
via a range of mechanisms, including physical size exclusion,
charge repulsion, chemically specific pore wall interactions
and dehydration.5 Unique to the sub-nanometer pore size
regime, dehydration selectivity requires pores large enough to
allow the permeation of the bare salt ion, but not its accompa-
nying hydration shells. Confinement of the ion in these pores
may require distortion or partial removal of hydration shells.
This is associated with significant energetic penalties which
depend on the ion’s hydrated size (the distance to the oxygen
atoms in the first hydration shell) and dehydration energy (the
interaction strength between the ion and the surrounding
water molecules).6,7 Ion dehydration effects have already been
shown to be a crucial determinant of the selectivity of sub-

nanometer channels in a variety of biological and engineered
systems.8–14

In the last 20 years many new membrane concepts based
on carbonaceous nanomaterials have been proposed. This
class of materials is attractive because they can be manipu-
lated into structures containing sub-nanometer pores with
highly tunable properties.15–19 Carbon nanotubes (CNTs)
possess cylindrical porous channels that display high water
flux20,21 and can have pore diameters as small as 0.3 nm.22

Experiments demonstrated tunable ion selectivity in narrow
CNTs,23 and molecular dynamics (MD) simulations revealed
that significant free energy barriers to K+ permeation (98 kJ
mol−1) in CNTs with a pore diameter of 0.8 nm were due to
ion dehydration.24 An alternative to CNTs is porous monolayer
graphene. Sub-nanometer pores can be introduced to gra-
phene using a range of techniques including UV treatment,25

ion bombardment,26,27 electrical pulsing,28 and oxygen plasma
etching.29 Experiments again point towards free energy bar-
riers arising from dehydration effects and selectivity for
K+.30,31 MD simulations showed that the permeation of K+

through porous graphene with a pore diameter of 0.8 nm was
associated with a free energy barrier of 9 kJ mol−1.32 Notably,
the barrier to K+ permeation through pores with 0.8 nm dia-
meter is an order of magnitude smaller for porous monolayer
graphene than for CNTs,24 demonstrating the importance of
pore geometry in governing the extent of dehydration. Despite
their promise, both CNTs and porous monolayer graphene
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face significant manufacturing challenges, particularly con-
cerning the large-scale production of membranes with a high
pore density and narrow pore size distribution.1,33–35

Unlike CNTs and porous monolayer graphene, graphene
oxide (GO) membranes can be fabricated by facile and easily-
scalable means.36 GO membranes allow water to readily
permeate via a tortuous pathway through nanopores formed in
between adjacent layers of GO flakes.37 The effective pore size
is related to the interlayer distance, d. In the dry state d =
0.7 nm, but contact with liquid water induces swelling of the
membranes and an increase in d to ∼1.4 nm.38–40 When fully
hydrated these pores are too large to reject ions on the basis of
dehydration.41 However, a variety of methods have been pro-
posed to improve ion rejection by restricting the swelling, thus
constraining the pore size to the sub-nanometer regime.4,42–45

For example, Chen et al. controlled the swelling of GO mem-
branes by ion cross-linking, exploiting the cation-specific inter-
action strengths between various aqueous ions and the deloca-
lized electron network of unoxidised graphene regions.46 In
particular, K+ intercalation resulted in a GO membrane with
d = 1.1 nm and 99% ion rejection. Alternatively, Abraham
et al.47 controlled d by partially hydrating the membrane and
then confining it within an epoxy resin to prevent swelling.
When the resulting physically-confined GO membranes were
aligned with the flakes parallel to the feed flow direction, ion
rejection was enhanced, particularly in membranes with
smaller d values. For example, the barriers to permeation of K+

are 72 kJ mol−1 and 20 kJ mol−1 for d = 0.8 nm and d = 1.0 nm,
respectively. In the same study, our group employed MD simu-
lations to compute the free energy barrier to permeation, ΔF,
using an idealized, two-dimensional ‘slit pore’ model, formed
from the parallel alignment of unoxidized graphene sheets.
The simulations qualitatively reproduced the experimentally
observed trend, i.e. dependence of ΔF on d. However, the
calculated K+ barriers were 17 kJ mol−1 and 6 kJ mol−1 for

d = 0.8 nm and d = 1.0 nm, respectively, significantly underesti-
mating the experimental results. One possible explanation for
this is that the pore morphology of the employed slit pore
model was unrepresentative of the real material.

In this paper, we reveal the origin of enhanced salt rejection
in swelling-restricted (d < 1.3 nm) GO membranes using MD
simulations. A high-throughput approach was adopted, in
which permeation free energy barriers were calculated for a
large number of possible K+ ion permeation pathways. The
high-throughput approach is necessitated by the flexibility and
amorphous nature of the constituent GO flakes and imperfect
layering of flakes in the membrane, leading to a broad distri-
bution of d, as evidenced by XRD experiments40 and recent
MD simulations,48 and therefore variations in pore size and
morphology. We show that the inherent structural heterogen-
eity and complex microstructure of GO membranes must be
accounted for in order to predict K+ permeation barriers in
quantitative agreement with experiments.

High-throughput MD simulations

Using MD simulations, realistic atomistic GO membrane
models were prepared using six GO flakes following the same
procedure described in more detail in our previous study.49

The GO flakes had an oxygen content of 25% by weight and
were functionalized by hydroxide, epoxide and carboxylic acid
groups. The procedure used is computationally efficient,
meaning that average properties (such as ion permeation bar-
riers) can be determined from several independent models. An
example of one membrane model is shown in Fig. 1a.

In experiments the average interlayer distance is typically
obtained from the central position of broad X-ray diffraction
peaks.46,47,50 Due to the disordered layering of GO sheets in
the membrane,51 d is an average interlayer distance over the

Fig. 1 (a) A 5 nm K+ permeation pathway through a GO membrane with d = 0.79 nm. The graphitic lattice is shown with black lines, oxygen atoms
with red spheres, hydrogen atoms with yellow spheres and K+ with a large green sphere. To visualize the pathway the position of K+ is shown at 0.4
ns intervals and water molecules are not shown for clarity. (b) The potential of mean force, w(x), for the pathway shown in (a), calculated using
umbrella sampling. (c) Convergence of the K+ permeation barrier, ΔF, to 48 kJ mol−1 with increasing number of pathways.
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entire membrane sample. In our models, the average interlayer
distance, d, can be calculated by dividing the length of the
simulation cell in the z-direction by the number of GO flakes.
The oxygen content of GO sheets is amorphous and they there-
fore have variable thickness. Since the effective pore diameter
is derived from d and the sheet thickness, a broad pore size
distribution is expected. In our approach, d is tuned by varying
the water content of the models, in a manner analogous to
experiments. The free pore space of the models is filled with
water molecules and these hydrated pores form the pathways
through which ions can permeate the membrane. For a given
membrane water content, the models have been validated
against various experimental properties, such as d, bulk
density and elastic modulus.49 For example, a water content of
15% by weight generates a GO membrane model with d =
0.79 nm, in good agreement with experiments.50

Starting from a single membrane model with d = 0.79 nm,
one water molecule in the membrane was randomly selected
and substituted for a K+ ion. The K+ ion was then pulled, using
a harmonic potential, through the membrane (Fig. 1a) in the
x-direction until it returned to its original x-coordinate, gener-
ating a single K+ permeation ‘pathway’. The pulling of the ion
is intended to mimic an experimental external driving force
for ion permeation irrespective of the flow mode (i.e. pressure
or concentration gradient filtration). No constraints on
sampling were applied in the y- or z-directions, allowing the
ion to explore the membrane nanochannels and find a route
through the membrane with respect to these two dimensions.
The K+ permeation pathways therefore sample various pore
morphologies, including capillary channels in between the
planes of GO sheets of adjacently stacked layers, as well as in
between the edges of sheets within the same layer. The model
does not include hole defects, but these have extremely small
diameters (∼0.3 nm)52 and an ion need not necessarily pass
through such a defect in order to permeate the membrane.
The pathway simulation was used to obtain the initial atomic
coordinates for the generation of a potential of mean force
(Fig. 1b), w(x), calculated using umbrella sampling.53,54 For
pathway i, ΔFi was taken to be the maximum of w(x) after shift-
ing w(x) = 0 at the minimum. ΔFi = 53.6 kJ mol−1 in the
example shown in Fig. 1b. Due to the disordered membrane
structure, the procedure described was repeated for five separ-
ately prepared membrane models, to account for the structural
variability in the models and allow an average barrier to be
calculated.

Since the adopted approach generates an artificial per-
meation pathway using an arbitrary biasing force, it is unlikely
that the first pathway generated will be the one with the lowest
energy barrier for a given membrane model. Therefore, the
procedure was repeated n times for every membrane model,
ensuring each time that the ion replaced a different water
molecule. Ion permeation in GO membranes is an Arrhenius-
type thermal activation process,47 so the permeation rate
depends exponentially on −ΔFi. Therefore, pathways with the
lowest ΔFi will contribute most significantly to the observable
permeation rate. Pathways with much larger ΔFi would, in

reality, either contribute to a much slower ion permeation rate
or no measurable permeation. Therefore, of the n pathways
generated, only the one with the lowest maximum in w(x) was
used to estimate the final value of ΔF. It was found that 15 per-
meation pathways, averaged over 5 independent membrane
models, was sufficient to converge ΔF (Fig. 1c). Alternatively,
ΔF can be computed using a Boltzmann-weighted average over
all pathways, calculated according to:

ΔF ¼ �RT ln
1
n

Xn
i

exp
�ΔFi
RT

� �( )
ð1Þ

where n is the number of pathways, R is the universal gas con-
stant (8.314 J K mol−1) and T is the target simulation tempera-
ture (298.15 K). Table 1 compares ΔF calculated using the two
approaches for each membrane model and shows that selec-
tion of only the lowest energy pathway underestimates the
Boltzmann-weighted barrier by between 5.0 and 6.7 kJ mol−1.

The high-throughput procedure described above is extre-
mely computationally demanding, requiring 3825 separate
simulations (equivalent to ∼6 × 106 CPU hours) to obtain a
single converged ΔF for a given d. Analysis of the simulations
used to generate the pathways showed weak to moderate corre-
lation between the average energy due to the harmonic poten-
tial used to pull the ion, Upull, and the maximum energy in
w(x), ΔFi (Fig. 2). This relationship was exploited to screen for
appropriate pathways; therefore, for all other values of d, ΔF
was determined by initially generating 15 pathways but then
only proceeding with calculation of w(x) for the two pathways
with the lowest values of Upull. All other pathways were dis-
carded, so that only ten pathways (two per membrane model)
were required to calculate ΔF, reducing the overall compu-
tational cost by a factor of ∼7.5. Thus, the correlation between
Upull and ΔFi can be exploited to avoid the significant compu-
tational expense associated with calculating the full
Boltzmann-weighted average.

Discussion

Fig. 3 shows that the K+ permeation barrier in GO membranes
decreases with interlayer distance. For the most hydrated
membrane (d = 1.35 nm), ΔF = 15 kJ mol−1. As d decreases, ΔF
initially increases gradually, reaching 27 kJ mol−1 for d =
0.96 nm, and then more rapidly, reaching 48 kJ mol−1 for d =
0.79 nm and 75 kJ mol−1 for d = 0.76 nm. These values are in

Table 1 Comparison of barriers (kJ mol−1) calculated using a
Boltzmann-weighted average vs. including only the lowest energy
pathway for each membrane model with a water content of 15% (d =
0.79 nm)

1 2 3 4 5 Average

Simple average 53.6 57.8 46.0 41.7 42.4 48.3
Boltzmann-weighted
average

60.3 64.5 52.6 48.3 47.4 54.6
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good quantitative agreement with the experimentally pub-
lished barriers of 20 kJ mol−1 and 72 kJ mol−1, for membranes
with d = 0.98 nm and d = 0.79 nm, respectively.47 The compari-
son of ΔF to experiment is much more favorable than using a
slit pore model of GO nanopores.47 Using that idealized

model, ΔF was 6 kJ mol−1 and 20 kJ mol−1 for d = 1.0 nm and
d = 0.8 nm, significantly underpredicting the experimental
results.

To explain the increased barrier at smaller interlayer dis-
tances, the interplay between the structure of the GO mem-
brane and the hydrated K+ ion was investigated. Fig. 4a shows
the radial distribution function, g(r), between K+ and water
oxygen atoms, obtained from a simulation of a single ion in
bulk water, demonstrating clearly defined hydration shells.
The hydrated diameter of K+, estimated from the position of
the first minimum in g(r), was 0.73 nm. The average number
of waters in the first hydration shell, nKOw, obtained from the
integral of g(r) at the position of the first minimum (r =
0.355 nm), was 7.3.

Fig. 4b shows pore size distributions (PSD) for membranes
with d = 0.79 nm, 0.96 nm and 1.35 nm. The PSD peaks are
broad, indicating the non-uniformity of pore diameters within
the membrane. In order to permeate the membrane, K+ must
pass through regions with a variety of pore sizes and mor-
phologies, justifying the high-throughput approach adopted in
this study. Despite the small hydrated diameter of K+ relative
to the values of d considered in this study, the PSDs show that
the free pore space that can accommodate the hydrated ion is
limited. For instance, the PSD for d = 0.79 nm membranes is
centered at 0.5 nm and only a small fraction of the free pore
space in the membrane (∼16%) is large enough to accommo-

Fig. 2 Correlation between ΔFi and Upull for K
+ permeation in five independently constructed GO membrane models with a water content of 15%

(d = 0.79 nm). The filled symbols highlight the two pathways with the lowest Upull. A line of best fit is also shown.

Fig. 3 Free energy barriers, ΔF, for K+ permeation in GO membranes
for various d values. Black circles denote those obtained in the present
work. Blue and red circles denote previously published47 results,
respectively from experiment and simulations employing a slit pore
model.

Fig. 4 (a) Radial distribution function (solid line), g(r), and coordination number (dashed line), n(r) for K+ – O pairs from a simulation of K+ in pure
water. (b) Pore size distributions (PSD) for d = 0.79 nm (blue), d = 0.96 nm (red) and d = 1.35 nm (green). The dashed line marks the hydrated dia-
meter of K+.
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date the hydrated K+. Thus, partial dehydration of the first
hydration shell is required for K+ permeation to occur. At
increased values of d, the PSD shifts to larger diameters and
significantly broadens. This leads to an increase in the fraction
of membrane free pore space that can accommodate the
hydrated K+ ion (39% and 83% for d = 0.96 nm and d =
1.35 nm membranes, respectively). As a result, the ion is more
likely to be able to find a pathway through the membrane
without significant dehydration and ΔF is therefore greatly
reduced.

To quantify the extent of K+ dehydration for various d
values, the number of O atoms in the first hydration shell in
bulk water (7.3) was compared to that in the membranes
(Fig. 5a). Due to the non-uniformity of pore size along a given
permeation pathway it is also instructive to calculate
maximum and minimum coordination numbers from the 50
individual umbrella sampling windows. The coordination
numbers were calculated separately using (i) only oxygen
atoms in water, nKOw, and (ii) all oxygen atoms in the system
including those in GO, nKO. When only water oxygen atoms
are considered, the average coordination number is always
lower than that of bulk solution. This effect is more signifi-
cant for small d (e.g. nKOw = 3.9 for d = 0.76 nm), demonstrat-
ing enhanced dehydration and explaining the increase in ΔF
observed at smaller d. For d = 0.79 nm, the average nKOw is
4.5, compared to the pathway minimum and maximum of 3.1
and 5.8. Fig. 5a shows that the maximum nKO across all d
values is ∼9, indicating there is always some region of the
permeation pathway where the ion is coordinated by more
oxygens than in bulk solution. However, the average of nKO
barely deviates from the reference value of nKOw in bulk solu-
tion (7.3) and nKO = 6.9 even at the smallest d value con-
sidered. This suggests that the oxygen atoms of the GO mem-
brane largely replace those water molecules lost upon de-
hydration. nKOw also varies considerably throughout a single
pathway, as shown in Fig. 5b. Fig. 6 shows a snapshot of the

partially dehydrated ion from the umbrella window in which
nKOw = 3.1 in a membrane with d = 0.79 nm.

The results show that ion rejection in GO membranes with
small d, such as those reported in Abraham et al.,47 can pri-
marily be explained by dehydration effects due to constrictions
along the hydrated capillary channels. Given that unoxidized
regions of the GO sheet exist in islands and account for only a
small percentage (∼16%) of the sheet surface,55,56 it is implau-
sible for an ion to encounter only pristine channels with slit
pore geometry (formed between unoxidised graphene regions
in adjacent GO sheets) on its tortuous pathway through the
membrane. The heterogeneous oxidized regions that have
been modelled in this work dominate the GO sheet surface,
contributing to the disordered pore morphology and the
resulting narrow constrictions that create significant dehydra-
tion bottlenecks in the ion permeation process. Other possible
ion rejection mechanisms, such as Donnan electrostatic exclu-
sion4 or cation-pi interactions,57–59 do not explain the experi-
mentally-observed strong dependence of ΔF on d in the sub-
nanometer regime.47 Furthermore, cation-π interactions,
which arise from polarization of the sp2 electrons in pristine
graphene, are likely not relevant to permeation through exten-
sively oxidized regions which dominate the GO sheet surface
area.

In Table 2 the calculated values of ΔF and average nKOw are
compared to literature data for various porous carbons (CNTs,
porous monolayer graphene and slit pore model) all with d ≈
0.8 nm. Only water oxygen atoms are included in this compari-
son because GO oxygen atoms are immobile so the ion must
detach from these oxygen atoms to move through the mem-
brane. The comparison demonstrates the importance of nano-
pore geometries in determining the extent of dehydration and
the associated barriers to permeation. For example, in a GO
slit pore model where K+ is coordinated by 5 water molecules
ΔF = 17 kJ mol−1,47 whereas in a CNT it is only coordinated by
3 molecules ΔF = 98 kJ mol−1.24 In the present work, K+ is co-

Fig. 5 (a) K+ – O coordination numbers, nKi obtained from the lowest energy pathway. Circles denote the average coordination number over the
entire permeation pathway and squares denote the minimum and maximum coordination number from the 50 umbrella windows. Filled symbols
denote coordination numbers considering only O atoms in water, i = Ow, and hollow symbols denote coordination numbers considering all O atoms
in the system, i = O (including those in the GO membrane). The dashed line represents the bulk value of nKOw for K+ obtained from Fig. 4a. (b)
Variation in nKi along a single permeation pathway with d = 0.79 nm with GO oxygen atoms included, i = O (solid line), and excluded, i = Ow (dashed
line).
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ordinated by 3.9 and 4.5 waters in membranes with d =
0.76 nm and 0.79 nm, respectively, and ΔF lies in between the
values for the slit pore model and the CNT. It is clear that,
starting from a fully hydrated ion, the removal of successive
water molecules from the first hydration shell results in a pro-
gressively larger energetic penalty due to dehydration. The
above discussion demonstrates the universal relationship
between ΔF and nKOw and shows that the relative size of the K+

permeation barrier in any carbonaceous nanomaterial can be
estimated provided nKOw is known.

Conclusions

This study has shown that MD simulations can be employed to
successfully predict free energy barriers for K+ permeation in
swelling-restricted GO membranes with quantitative accuracy.
We focused on GO membranes which are physically confined,
in which the chemical composition of the membrane is not
altered. Other approaches to restrict swelling, such as the use
of cross-linkers and ions, could affect the pore environment

and lead to more complex transport mechanisms that are not
considered in this study. The increase in free energy barrier
with decreasing interlayer distance, d < 1.3 nm, is explained by
dehydration selectivity, and this is an important finding for
GO membranes in which the swelling is restricted. Achieving
quantitative accuracy required the use of a molecular model
that fully accounts for key structural features of the real
material, including heterogeneity in nanopore size and mor-
phology, and resolves a previously published discrepancy
between simulated and experimental barriers.47 Moreover, we
have shown that ion permeation barriers in carbonaceous
nanomaterials with sub-nanometer pores can be universally
estimated by the dehydration extent, i.e. the reduction in the
number of waters in the first hydration shell of the ion com-
pared to bulk solution. Although this study has specifically
focused on K+ in order to facilitate a quantitative comparison
with available experimental data, it could easily be extended to
other aqueous ions, such as Na+. The approach could therefore
be employed in the computational design of GO membranes
for desalination or decontamination applications, by enhan-
cing ion rejection or tuning ion selectivity. Finally, this Article
highlights the necessity of adopting a high-throughput
approach when calculating free energy barriers to permeation
in disordered porous materials, because the barriers may vary
considerably from pathway to pathway.

Methodology
GO membrane models

GO membrane models were constructed according to the MD
simulation procedure developed in our previous work,48,49

using six GO sheets with a 5 nm × 5 nm sheet size, an oxygen

Fig. 6 Snapshot of a partially dehydrated K+ in a GO membrane with d = 0.79 nm. Water O and H atoms are shown in blue and white respectively
and all other atoms follow the same color scheme as Fig. 1a.

Table 2 Free energy barriers to K+ permeation and hydration numbers
in various carbonaceous nanomaterials with interlayer distances, d, or
pore diameters = 0.8 nm

Material/model d (nm) ΔF (kJ mol−1) nKOw Ref.

Bulk solution — — 7.3 —
Carbon nanotube 0.81 98 3.0 24
Porous monolayer graphene 0.76 9 5.2 32
GO (slit pore model) 0.80 17 5.0 47
GO (this work) 0.76 75 3.9 —

0.79 53 4.5 —
GO (experiment) 0.79 72 — 47
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content of 25% by weight and a variable membrane water
content. The type and ratios of oxygen-containing functional-
ities (hydroxide, epoxide and carboxylic acid) on the GO flakes
are justified by experimental data.60–62 Fully flexible GO flakes
were modelled using the CHARMM potential63 and partial
charges were also taken from our previous work.49 Water was
modelled using the three-site TIP3P model.64 Pore size distri-
butions were calculated using the approach of Gelb and
Gubbins,65 as implemented in Poreblazer 3.0.2.66 In this
approach, water molecules were first removed from the mem-
brane model and the geometric surface of the GO membrane
was defined by overlapping VDW spheres. A Monte Carlo pro-
cedure was employed in which a probe with radius r is ran-
domly inserted at points in the simulation cell and tested for
overlaps with the membrane surface. At each point the largest
r that can be accommodated without overlapping with the GO
surface was determined and the normalized cumulative pore
volume function, Vpore(r), calculated. The derivative −dVpore(r)/
dr is the pore size distribution (PSD). A full description of the
model construction and characterization can be found in our
previous publications48,49

Ion permeation simulations

Permeation pathways were generated by swapping a randomly
selected water molecule for K+ and then gradually pulling it
the length of the simulation cell (5 nm) through the mem-
brane in the x-direction (Fig. 1a). The ion was pulled using the
harmonic potential, U(x) = kx(x − xeq)

2, where x is the coordi-
nate of the ion, xeq is the equilibrium coordinate of the poten-
tial and kx is the force constant. xeq was increased at a rate of
1.0 nm ns−1 for 5 ns and kx = 1.0 × 104 kJ mol−1 nm−2. Upull is
defined as the average of U(x) over the length of the entire
pathway. Pathway simulations were conducted in the canonical
ensemble. Because the harmonic potential was only applied to
the position of the ion in the x-direction, the ion was able to
freely explore the GO membrane pore structure in the y- and
z-directions. An additional harmonic potential, with a force
constant of 104 kJ mol−1 nm−2, was used to anchor the center-
of-mass of the GO membrane to its initial position, in order to
prevent the large force being applied to the ion from shifting
the entire membrane through the simulation cell.

Umbrella sampling simulations

Initial coordinates for the umbrella sampling windows were
selected using coordinates generated from the pathway simu-
lations. Configurations were chosen such that there was an
equal spacing of 0.1 nm between the x-coordinate of K+ in
adjacent umbrella windows, resulting in a total of 50 umbrella
sampling windows along each pathway to ensure good
sampling overlap between adjacent simulation windows. Each
umbrella sampling simulation was performed for 5.1 ns in the
NPT ensemble with the final 5 ns of data used for analysis.
Pressure was coupled semi-isotropically, only allowing the
simulation cell length in the z-direction (the direction of the
flake stacking) to vary, to prevent artificially rigid confinement
from hindering the passage of the ion. The ion’s position in

the x-dimension was maintained using a harmonic potential
with a force constant of 2.5 × 103 kJ mol−1 nm−2. The biased
forces from each umbrella window were combined and
unbiased using the weighted histogram analysis method67,68

to obtain w(x). K+ was modelled using the parameters from
Joung and Cheatham,69 compatible with the TIP3P model.
This combination of parameters reproduces the experimental
K+ hydration free energy and K+ – water binding distance,
which are key parameters governing free energy barriers in
sub-nanometer channels.47 For d = 0.79 nm membranes, the
effects of slowing the ion pulling rate to 0.5 nm ns−1 and
increasing the number of umbrella sampling windows to 100
on ΔF were also separately investigated. Neither change was
found to have a significant effect on the final value of ΔF.

MD simulation parameters

All MD simulations were performed using Gromacs version
2016.3 in double precision.70 Equations of motion were inte-
grated using the leapfrog algorithm using a timestep of 1 fs.
The Verlet cutoff scheme was used to generate the neighbor
list.71 The geometry of water molecules was constrained using
the SETTLE algorithm.72 A target temperature of 298 K was
maintained using the Nose-Hoover73,74 thermostat and a temp-
erature fluctuation period of 1.0 ps. The Parrinello-Rahman
barostat75 was employed to maintain the pressure in NPT
simulations, employing a reference pressure of 1 bar, a 1 ps
time constant and a compressibility of 4.5 × 10−5 bar−1. Non-
bonded interactions were calculated as the sum of a Lennard-
Jones 12–6 and coulombic terms. The 12–6 potential was
modified by a switch function which smoothly takes the poten-
tial to zero between 1 nm and 1.2 nm. The Lorentz-Berthelot
combining rules were used to obtain the interaction para-
meters for unalike atom pairs. coulombic interactions were
evaluated using the particle-mesh Ewald method76 with a real
space cutoff of 1.2 nm, a Fourier spacing of 0.12 nm and cubic
interpolation. The ion permeation simulations have a net
charge of +1e. A uniform background charge distribution was
added to enable evaluation of the Ewald algorithm, which
requires a charge-neutral system.77 This is considered to be
equivalent to including of a single counterion in the simu-
lation cell. Due to the very small charge imbalance and uni-
formity of the charge distribution (i.e. no electrostatic gradient
is generated), it is very unlikely to result in artifacts affecting
the free energy barriers.
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