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Mechanical behaviour of inorganic solid-state
batteries: can we model the ionic mobility in the
electrolyte with Nernst–Einstein’s relation?

Mei-Chin Pang, Monica Marinescu, Huizhi Wang and Gregory Offer *

Inorganic solid-state lithium–metal batteries could be the next-generation batteries owing to their non-

flammability and higher specific energy density. Many research efforts have been devoted to improving

the ionic conductivity of inorganic solid electrolytes. For a wide range of electrolytes including liquid

and solid polymer electrolytes, an independent measurement or calculation of both electrolyte

conductivity and diffusion coefficient is often time-consuming and challenging. As a result, Nernst–

Einstein’s relation has been used to relate the ionic conductivity to ionic diffusivity after the determina-

tion of either parameter. Although Nernst–Einstein’s relation has been used for different electrolytes, we

demonstrate in this perspective that this relation is not directly transferable to describe the ionic mobility

for many inorganic solid electrolytes. The fundamental physics of Nernst–Einstein’s relation shows that

the relationship between the diffusion coefficient and electrolyte conductivity is derived for ionic mobi-

lity in a viscous or a gaseous medium. This postulation contradicts state-of-the-art experimental studies

measuring the mechanical behaviour of inorganic solid electrolytes, which show that inorganic solid

electrolytes are usually brittle rather than viscoelastic at ambient room temperature. The measurement

of loss tangent is required to justify the use of Nernst–Einstein’s relation. The outcome of such

measurement has two implications. First, if the loss tangent of inorganic solid electrolytes is less than

unity in the range of batteries operating temperatures, the impacts of using Nernst–Einstein’s relation in

modelling the ionic mobility should be quantified. Secondly, if the measured loss tangent is comparable

to that of solid polymers and lithium metal, inorganic solid electrolytes may behave in a viscoelastic

manner as opposed to the brittle behaviour usually suggested.

1 Introduction

The inorganic solid electrolyte is a unique class of electrolyte
that promises a lower risk of flammability and higher specific
energy density when combined with a Li negative electrode.1,2

Examples of inorganic solid electrolytes include Lithium Phos-
phorus OxyNitride (LiPON), cubic-phase Li7La3Zr2O12 (c-LLZO),
Li1+xAlxGe2–x(PO4)3 (LAGP), Li2S-P2S5 (LPS) and Li10GeP2S12

(LGPS). Unlike liquid electrolytes, which usually have an area
specific impedance in the range of mO cm2 and O cm2, the
impedance of current inorganic solid electrolytes can be several
orders of magnitude higher.3–8 Therefore, increasing the con-
ductivity of inorganic solid electrolytes to achieve an ionic
conductivity comparable to that of liquid electrolytes
(10�2 S cm�1) has become an important research target.7–13

For a wide range of electrolytes, the ionic conduction often

depends on the ionic diffusion coefficient. A higher diffusion
coefficient increases the electrolyte conductivity. However, an
independent measurement of both electrolyte conductivity and
diffusion coefficient is challenging. Therefore, many existing
studies use Nernst–Einstein’s relation to estimate the ionic
conductivity after the determination of the diffusion coefficient
or vice versa.13–23 Nevertheless, the validity of this relation is
questionable in describing the ionic mobility for many inor-
ganic solid electrolytes.

In general, Nernst–Einstein’s model relates the diffusion
coefficient of an uncorrelated ion to the electrolyte’s ionic
conductivity. The failure of Nernst–Einstein’s relation in model-
ling the ionic mobility was demonstrated by Marcolongo and
Marzari.25 Due to the high concentration of mobile ionic
species in solid electrolytes, they showed that ionic correlations
could act to increase the cooperative ionic motion and subse-
quently the ionic conductivity.25,26 Therefore, the application of
Nernst–Einstein’s model without considering the ionic interac-
tions leads to an underestimation of the ionic conductivity.25 As
a result, the Haven’s ratio or the collective correlation factor
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were proposed to account for the ion–ion correlations.26 How-
ever, these studies have not considered the physical meaning of
the forces governing ionic mobility. How would the correlation
factor change if the fundamental forces determining the ionic
mobility for many inorganic solid electrolytes deviate from
those assumed in the derivation of Nernst–Einstein’s relation?

By revisiting the original derivations proposed by Einstein27

and later expounded by Brett et al.,28 Feynman et al.29 and
Peskir,30 we study the fundamental assumptions of the Ein-
stein’s and Nernst–Einstein’s relations as well as their validity
in describing the ionic mobility for inorganic solid electrolytes.
Despite the popular applications of these two relations in a
wide range of electrolytes, in the absence of viscoelastic mea-
surements as a function of temperatures, Nernst–Einstein’s
relation may not be directly transferable to model the ionic
mobility for many inorganic solid electrolytes.

2 Fundamental physics of Nernst–
Einstein’s relation

The Einstein’s relation shows that the diffusion coefficient, D,
is directly proportional to the mobility, m [(m2 mol) (J s)�1]:31

D = mRgasT, (1)

where Rgas is the universal gas constant and T is the absolute
temperature. By considering a displacement distribution func-
tion, the mean displacement of a suspended particle can be
expressed as a function of the diffusion coefficient via32

x2 ¼ 2Dt; (2)

where x represents the vector displacement of an atom, and

x2 denotes the mean displacement over all possible routes in
time t. Eqn (2) was also derived by Smoluchowski and therefore,
this equation is known as Einstein–Smoluchowski relation.32

The relationship between x2 and t was later verified experimen-
tally by Perrin, who measured the sedimentation equilibrium in
a colloidal suspension.32,33 Experiments were performed with
different colloidal materials and solvent viscosities under
various external conditions to demonstrate the kinetic theory
of fluids.33

The diffusion coefficient, D, can be further related to the
equivalent electrolyte conductivity, l [(S cm2) equiv.�1], through
Nernst–Einstein’s relationship given by31

l ¼ zj jF2D

RgasT
: (3)

It should be noted that eqn (3) is only valid for non-interacting
particles, i.e. when the ionic hopping are completely random.34

If the hopping probability depends on the direction of
the previous hops, the diffusion coefficient becomes
correlated.26,34 In this case, eqn (3) can be expressed as34

l ¼ jzjF
2D

RgasT

@ ln c

@m

� �
; (4)

where c is the site fraction and m is the chemical potentials of
the particle.

The detailed derivations of the Einstein’s, Einstein–Schmo-
luchowski and Nernst–Einstein’s relation can be found in the
works of Brett and co-worker,28 Feynman et al.,29 Islam32 and
Peskir.30

2.1 Governing forces in Nernst–Einstein’s relation

Einstein27 developed the theory of diffusion to describe the
mobility of small particles in a fluid, where the fluid indicates
either a liquid or a gas. The term diffusion denotes the
collective motion of all Brownian particles in the fluid.27

Einstein determined the diffusion coefficient of a suspended
single particle from the dynamic equilibrium condition, which
considers the superposition of two processes in opposite direc-
tions. In the absence of an external electric field, the first
process describes the movement of a suspended single particle
under the influence of a force, whereas the second process
describes the diffusion due to the thermal molecular
movement.27 The force considered in Einstein’s model is the
viscous force,

-

F:27

-

F = 6pZvrv, (5)

where r [m] is the radius of the particle, Zv [Pa s] is the dynamic
viscosity of the fluid and v [m s�1] is the velocity vector of the
single particle. The dynamic viscosity is a measure of the fluid
resistance to flow (see the bottom left panel of Fig. 1). By
considering the dynamic equilibrium of the thermal molecular
movement and molecular drift due to viscous force, Einstein
demonstrated that the diffusion coefficient depends on the
fluid viscosity and the size of suspended particle.27

In the presence of an external electric field, the backward
viscous force is counterbalanced by the forward electric force:28

6pZvrv|fflfflffl{zfflfflffl}
Viscous force

¼ zeEF|ffl{zffl}
Electric force

; (6)

in which ze is the charge of each ion and EF is the applied
electric field between two metallic plates. The top left panel of
Fig. 1 illustrates the mobility of an isolated ion in an electric
field between two parallel electrodes, where the movement of
the ion is governed by a forward electric force and a backward
viscous force. Therefore, the drift velocity of the single-particle
can be described by28

v ¼ ze

6pZvr|fflffl{zfflffl}
u

EF; (7)

where u [(C m) (N s)�1] is the proportionality coefficient
between the velocity and electric field strength. u can be related
to the ionic mobility, m, from eqn (1) via m = u/(zF), where F is
the Faraday’s constant.

2.2 Diffusion coefficients in gaseous media

For gaseous media involving the acceleration and collisions of
gaseous molecules, Feynman et al.29 demonstrated that the
drift velocity of the gas particles could be derived by

Perspective PCCP

O
pe

n 
A

cc
es

s 
A

rt
ic

le
. P

ub
lis

he
d 

on
 2

6 
  1

44
3.

 D
ow

nl
oa

de
d 

on
 1

1/
05

/4
7 

07
:3

3:
08

 . 
 T

hi
s 

ar
tic

le
 is

 li
ce

ns
ed

 u
nd

er
 a

 C
re

at
iv

e 
C

om
m

on
s 

A
ttr

ib
ut

io
n 

3.
0 

U
np

or
te

d 
L

ic
en

ce
.

View Article Online

http://creativecommons.org/licenses/by/3.0/
http://creativecommons.org/licenses/by/3.0/
https://doi.org/10.1039/d1cp00909e


This journal is © the Owner Societies 2021 Phys. Chem. Chem. Phys., 2021, 23, 27159–27170 |  27161

considering the drift due to an externally applied force,
-

F [(kg m) s�2]. In this case, the drift velocity becomes29

v = mgas
-

F, (8)

where mgas [s kg�1] is the constant of proportionality denoted as
the gaseous mobility. This equation is derived based on the
assumption that gaseous particles accelerate under the applied
external force:29

v ¼ at;

¼
~F

m
t;

(9)

in which a [m s�2] is the acceleration of the gaseous particles,
t [s] is the mean time between collisions and m [kg] is the mass
of the gas molecule. By comparing eqn (8) and (9), the gaseous
mobility is defined by t/m. mgas can be further related to the
diffusion coefficient (D = mgaskT) through the kinetic theory of
gases:29

1

2
mvrms

2 ¼ 3

2
kT ; (10)

where vrms [m s�1] is the root-mean-square velocity of gas
molecules and k [J K�1] is the Boltzmann’s constant (k = Rgas/NA).
Eqn (10) can be derived from the ideal gas law under the assump-
tion that the volume of gaseous molecules is negligible compared
to the total volume, in which the gas is contained.

By examining the fundamental assumptions in these deriva-
tions, it is evident that the relationship between the diffusion

coefficient and electrolyte conductivity can only be established
in a viscous or a gaseous medium.

2.3 Diffusion measurements in inorganic solid electrolytes

Hayamizu and Aihara37 have measured the diffusion coefficient
and ionic conductivity of 7Li-ion in sulfide-based solid electro-
lyte, (Li2S)7(P2S5)3 using PGSE NMR method and AC impedance
spectroscopy independently. By using the PGSE NMR method,
the diffusion coefficient can be determined from the Stejskal
and Tanner equation, where the echo attenuation depends on
the gradient strength, g [T m�1], interval between the leading
edges of the gradient pulse, D [ms] and pulse duration,
d [ ms].37,39,40 The 7Li-ion diffusion measured by the PGSE-
NMR method is determined by the migration of the 7Li-ion
during a time interval D.39 The first signal encodes the target
7Li-ion, and the second signal detects the encoded species after
an interval D.39 The measured signal attenuations usually have
a standard deviation of 2–5% for 7Li-ion.35,36

Fig. 2(a) shows the temperature-dependent diffusion coeffi-
cient between 303 K and 353 K. The apparent diffusion coeffi-
cient measured by the PGSE NMR method shows a qualitative
agreement with the estimated diffusion coefficient from the
measured ionic conductivity using Nernst–Einstein’s relation
(i.e. both measured and estimated diffusion coefficients
become larger with increasing temperature). However, the
diffusion coefficients measured with the PGSE NMR method
deviate significantly from the estimated diffusion coefficient
using Nernst–Einstein equation.

Fig. 1 (Top left) Governing forces given by Nernst–Einstein’s relationship, where the forward electric force is in a dynamic equilibrium with the backward
viscous force. (bottom left) The dynamic viscosity is a measure of the fluid resistance to flow. (right) For brittle inorganic solid electrolytes characterised
by cracks formation and electrolyte fracture, the stress–strain relationship before the electrolyte fracture can be approximated as linear. Reproduced
with permission from ref. 24, Copyright (2021), CC-BY.
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Due to the strong dependence on the g- and D-values, the
PGSE-NMR measurement method shows no unique apparent
diffusion coefficient in the sulfide-based solid electrolyte. For
instance, Fig. 2(a) shows that at the same gradient strength of
g = 14.9 T m�1 and the same interval of D = 30 ms, different
diffusion coefficients were obtained for all temperatures.37 Two
modes of a fixed d with varying g and a fixed g with varying d
yield different echo attenuation plots.39 Such observations
differ from the diffusion measurements taken in polymer
electrolytes, organic solvents and ionic liquids, where the
measured signal attenuations can be quantified
reliably.35,38,41–43 Fig. 2(b) shows the diffusion measurement
in solid polymer electrolytes. Unlike the strong degree of
scattering observed in the diffusion measurement of
(Li2S)7(P2S5)3 inorganic solid electrolytes (Fig. 2a), the
temperature-dependent diffusion coefficients do not scatter
depending on measuring conditions.38 The scattered ionic
diffusions in (Li2S)7(P2S5)3 (for example, the diffusion measure-
ment at the gradient strength g = 9.8 T m�1 denoted by the pink
circles in Fig. 2a) also reveal that the dependence of diffusion
coefficients on ionic conductivity is non-linear.37 Such beha-
viour is different from the estimated diffusion coefficient using
Nernst–Einstein’s relation (eqn (3)), where the diffusion coeffi-
cient is predicted to be linearly proportional to the electrolyte
conductivity.

Even with a better-controlled measuring condition,
Hayamizu et al.39 showed that the simple application of
Nernst–Einstein’s equation in inorganic solid electrolytes is
still questionable. They showed that a PGSE-NMR diffusion
measurement with a longer time interval, D, could reduce the
degree of scattering observed in inorganic solid electrolytes.39

However, the diffusion coefficient calculated from Nernst–
Einsteins equation is larger than the equilibrated diffusion
coefficient obtained by the PGSE-NMR measurements.39,40 As
a result, the Ncarrier calculated from the experimental ionic
conductivity and equilibrated diffusion coefficient through
Nernst–Einsteins relation were found to be higher than the
values estimated by the molecular formula and experimental
density.39,40 In addition, an equilibrated measurement of the
diffusion coefficient may not be representative of the fast ionic
transport across the solid electrolyte.

By comparing the echo-attenuation plots obtained in single
crystals and powders, grain morphologies were shown to cause
such unusual diffusive behaviour in inorganic solid
electrolytes.40 Nevertheless, another possible reason could be
the lack of viscoelastic behaviour in an inorganic solid electro-
lyte. In reality, the viscosity, Zv, is an important parameter
determining the ionic diffusion coefficient.35,36,42,43 For
instance, Hayamizu et al.35 showed that the diffusion coeffi-
cients of 12 organic solvents are directly correlated to the

Fig. 2 The degree of scattering observed in the Pulse-Gradient Spin-Echo (PGSE)-NMR diffusion measurements of (a) inorganic solid electrolytes and
(b) solid polymer electrolytes. (a) The opened triangles represent the diffusion measurements using different intervals between two gradient pulses, D,
whereas the filled markers denote the diffusion measurements using different magnitudes of gradient strength, g. The standard notation to denote pulse
delays of milliseconds (D) is ‘‘ms’’ instead of ‘‘m’’. The dotted line is the estimated diffusion coefficient from the ionic conductivity measurement using
Nernst–Einstein’s equation. The standard deviations of a typical 7Li-ion PGSE-NMR measurement are between 2–5%.35,36 Reproduced with permission
from ref. 37, Copyright (2013), Elsevier. (b) The temperature-dependent diffusion measurement as a function of D in solid polymer electrolytes.
Reproduced with permission from ref. 38, Copyright (2000), Elsevier.
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inverse of viscosity (Fig. 3). A good correlation can be found
between the viscosity diffusion coefficient (DZ) and viscosity (Zv)
according to Stokes–Einstein’s equation:35

DZ ¼
kT

6pZvr
; (11)

where r is the effective hydrodynamic radius.

3 Mechanical behaviour of inorganic
solid electrolytes

In a broad sense, the family of inorganic solid electrolytes
consists of two sub-branches: (i) ceramic-based solid electro-
lytes and (ii) glassy solid electrolytes. By using Nernst–
Einstein’s relation to describe the mobility of Li+ ions in
inorganic solid electrolytes, one assumes that the transport of
Li+ ions through inorganic solid electrolytes can be described
as viscous flow or viscoelastic behaviour. However, many of the
existing experimental results measuring the mechanical beha-
viour of inorganic solid electrolytes usually indicate that inor-
ganic solid electrolytes are brittle and ceramic-like rather than
viscoelastic.44–49

3.1 Characteristics of brittle and viscoelastic solids

A brittle solid typically exhibits a linear stress–strain relation-
ship with very few plastic deformation signs before a cata-
strophic crack or fracture. This phenomenon is caused by the
low capacity of ceramics in absorbing the applied energy before
they fracture.50,51 Unlike a viscoelastic solid, stress in a brittle
material is independent of the rate of strain. This relationship
before failure can be described by Hooke’s law as

sst = Ee, (12)

in which sst [Pa] is the applied stress, e [�] is the corresponding
strain, and E [Pa] is the proportionality constant known as
Young’s modulus. Fig. 4(a) shows the stress–strain relationship
for brittle ceramics such as ZTA, Y-PSZ, Mg-PSZ and Syalon
+BN.50 Gogotsi et al.50 introduced a brittleness measure, w, to
characterise the elastic behaviour of ceramics. He considered a

ceramic as linearly elastic if the brittleness measure w = 1 or
inelastic if wo 1. While materials such as ZTA and Y-PSZ have a
w-value of 1, he showed that the mechanical behaviour of Mg-
PSZ and Syalon + BN can deviate slightly from the linearly
elastic regime.50 Nevertheless, for a wide range of temperatures,
the mechanical behaviour of brittle ceramics can be approxi-
mated with Hooke’s law, as shown by Fig. 4(b).

In contrast, viscoelastic solids such as polymers and Li metal
exhibit mechanical behaviour, in which both solid-like and
liquid-like characteristics are prevalent.52–55 As a result, these
materials can undergo significant deformations before failure
(see the inset of Fig. 6d). Stress is always proportional to the
rate of strain, indicating a time-dependent deformation or a
viscous behaviour. For an ideal viscous material, the stress–
strain relationship can be represented by

sst ¼ Zv
@e
@t
; (13)

where Zv is the dynamic viscosity – a key parameter influencing
the viscous force in eqn (5).

Vincent56 illustrated the stress–strain relationships for dif-
ferent mechanical behaviours (Fig. 5). As shown by the top left
panel in Fig. 5, an elastic material will return to its original
shape on removal of the load. However, due to dissipation of
the deformation energy, a plastic material will not return to its
original shape after the load is removed (see bottom left panel).

Fig. 3 The relationship between the diffusion coefficient and viscosity of
12 organic solvents. Reproduced with permission from ref. 35, Copyright
(1999), American Chemical Society.

Fig. 4 (a) Illustration of the stress–strain relationship for brittle ceramics:
ZTA and Y-PSZ have a brittleness measure of 1, whereas Syalon + BN and
Mg-PSZ have a brittleness measure of 0.70 and 0.44, respectively. (b) The
stress–strain relationship for Y-PSZ ceramics at different temperatures.
Reproduced from ref. 50, Copyright (2014), with permission from Springer.
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While an elastic–plastic mechanical behaviour shows a combi-
nation of elasticity and permanent deformation, a viscoelastic
material will return to its original shape on removal of the load.
Nevertheless, compared to the pure elastic mechanical behaviour,
a time-dependent deformation occurs due to the contribution of
the viscous component to the viscoelastic response.56

3.2 The effects of operating temperatures

Temperature plays a significant role in determining the viscoe-
lastic behaviour of a solid. Brittle material such as inorganic
solids also have different stress–strain relationships at room
temperature compared to at high temperature. While a linear
stress–strain relationship is usually observed before an
immediate crack or a fracture through the material at ambient
room temperature, at high temperatures such as 200–400 1C,
the stress–strain relationship has been found to be non-linear
even before a crack or fracture.51

Lewis et al.49 illustrated the crack formation in the LAGP
solid electrolyte captured by low-magnification cross-sectional
SEM images (see Fig. 6a), when the LAGP cells were cycled until
failure at 0.1 mA cm�2 and 0.5 mA cm�2. As the applied current
densities increase, they showed that the horizontal cracks at the
interface penetrated deeper into the bulk solid electrolyte.
These images portray cracks propagating in the absence of
plastic deformation signs, indicating that LAGP is brittle and
has a ceramic-like mechanical behaviour.49 Typical deforma-
tion behaviour is characterised by an irreversible change in
volume in response to exerted forces, as portrayed in the inset
of Fig. 6(c). In Fig. 6(b), Korte and Clegg51 showed the fracture
of ceramic micropillars into multiple fragments when com-
pressed with a nano-indenter at room temperature, corroborat-
ing the conclusion that ceramic-like electrolyte is brittle.
Nevertheless, when the same material was compressed at
elevated temperatures such as 200 1C and 400 1C, considerable

deformation rather than a brittle fracture was observed.51 In
contrast, Fig. 6(c) shows that a viscoelastic solid such as Li
metal deformed significantly even at room temperature when it
was compressed.55

While high operating temperatures improve the ionic trans-
port across the inorganic solid electrolyte, the temperature
increment is capped by the (i) interfacial decomposition at
high temperatures and (ii) the low melting point of Li metal.
Firstly, due to the low interfacial stability, the rate of decom-
position at both interfaces was shown to increase at high
temperatures.57–59 For instance, Wang et al.57 showed that a
solid-state cell cycled at 80 1C lost about 35% of the initial
capacity after 250 cycles while the cell cycled at 25 1C main-
tained the same initial capacity. By using TEM and STEM-EELS
analysis, they showed that the decrease in the capacity at 80 1C
was caused by the decomposition reaction in the disordered
LiCoO2 layer at the interface.57,60 Secondly, if pure metallic Li is
used as the negative electrode to boost the gravimetric and
volumetric energy density,1 one should note that Li melts at
180 1C. This limitation indicates that a solid-state cell with a Li
electrode cannot be operated at temperatures approaching 180 1C.
Therefore, within this limited operating temperature range,
ceramic-based inorganic solid electrolytes are expected to demon-
strate a brittle rather than a viscoelastic mechanical behaviour.

3.3 Glassy solid electrolytes

However, due to different chemical compositions, structures
and processing conditions, one should also note that the
brittleness of inorganic solid electrolytes cannot be generalised
for all different solid electrolytes. While solid electrolytes
such as c-LLZO, LLTO and LATP have a low fracture toughness
comparable to that of brittle inorganic materials (E1 MPa m�2)
(see Fig. 7(a)),61 Kalnaus et al.61 demonstrated recently that
glassy solid electrolytes such as LiPON portrayed nanoscale
ductility and time-dependent deformation behaviour. By using
nanoindentation, they observed accommodation of stress via
pile-up rather than by cracking in LiPON, as shown by Fig. 7b.61

Unlike ceramics, glasses consist of network formers such as
SiO2 and network modifiers such as alkali oxides.63 At high
temperatures, a glass-forming melt behaves as a liquid and
becomes a glassy solid upon cooling below the glass-transition
temperature.64 The viscosity of glasses depends strongly on the
temperature, which has been usually described by the Vogel–
Fulcher–Tamman’s relation:65

ZvðTÞ ¼ Z0 exp
DfragT0

T � T0

� �
; (14)

where Z0 is the constant, Dfrag is the fragility index of glasses
and T0 is the temperature, at which the liquid ceases to flow.
Glasses such as soda-lime glasses have very high glass-
transition temperature at 840–900 K.66 As a result, the
viscosity-temperature behaviour was determined for tempera-
tures ranging from 793 K to 1772 K.66

Some glasses like oxide glasses are ionic conductors, which
imply that their ionic conductivity can be measured by the
impedance spectroscopy.63 Mehrer et al.63 measured the

Fig. 5 Illustration of stress–strain relationships for different types of
mechanical behaviours: elastic, elastic–plastic, plastic and viscoelastic
characteristics. Reproduced with permission from ref. 56, Copyright
(2012), Princeton University Press.
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temperature-dependent diffusion coefficients of a soda-lime
silicate glass for temperatures ranging from approximately
450 K to 1600 K (see Fig. 8). In their works, the charge diffusion
coefficient or sometimes also denoted as the conductivity
diffusion coefficient, Ds is the diffusion coefficient determined
from Nernst–Einstein’s relation, where the particles were
assumed to be non-interacting (eqn (3)). They obtained the
tracer diffusion coefficient of radioisotopes 22Na and 45Ca with
the radiotracer technique.63 By comparing the conductivity
diffusion coefficient to the tracer diffusion coefficient of 22Na
and 45Ca radioisotopes, they concluded that the ionic conduc-
tivity of a soda-lime glass is caused predominantly by the
mobility of Na ions.63 They also determined the viscosity
diffusion coefficient by Stokes–Einstein’s relation (eqn (11)),
which corresponded to the mobility of the network-forming
units.63 Nevertheless, as discussed in Section 3.2, operating
temperatures ranging from 450 K to 1600 K are not feasible for

inorganic solid-state Li–metal batteries. Therefore, future
works are required to quantify the viscoelastic behaviour of
glassy solid electrolytes and the interplay with their ionic
conduction mechanisms at ambient temperatures.

3.4 Loss tangent measurements

Although the nanoscale micrograph of LiPON reveals the accom-
modation of stress via pile-up, the value of fracture toughness for
LiPON remains unknown.61 Moreover, a fracture rather than a
deformation was observed in another micrograph of LiPON
(Fig. 7c),62 thus suggesting that LiPON may have different
mechanical behaviour at different length scales. It is also worth
noting that not all glassy materials exhibit time-dependent defor-
mations. While metallic glasses are likely to yield plastically under
an opening stress, oxide glasses have a very low fracture toughness
(o1 MPa m1/2) and were shown to exhibit brittle cracks.67,68

Since the viscoelastic behaviour is a time- and frequency-
dependent deformation, the value of the loss tangent can be
used as the indication of a viscoelastic characteristic.52,69 In a
viscoelasticity measurement, the material is perturbated with a
small oscillating strain and the resulting stress is measured.56

Fig. 6 Comparison of the brittle and viscoelastic material behaviour: cross-sectional SEM images of Li1+xAlxGe2–x(PO4)3 (LAGP) solid electrolyte cycled
until failure at (a) 0.1 mA cm�2 and (b) 0.5 mA cm�2 current densities. Reprinted from ref. 49, Copyright (2019), with permission from American Chemical
Society. (c) The fracture of ceramic micropillars upon compression with a nano-indenter at room temperature. Reprinted from ref. 51, Copyright (2009),
with permission from Elsevier. (d) The compressive stress–strain behaviour of a solid Li at room temperature during a loading cycle. The inset shows that
Li metal deforms significantly when subjected to compressive stress, indicating that Li metal could exhibit a viscoelastic mechanical behaviour.† Reprinted from
ref. 55, Copyright (2019), with permission from Springer Nature.

† For a compression test, one should note that the true stress should be smaller
than the engineering stress due to a larger instantaneous cross-sectional area
during compression.

PCCP Perspective

O
pe

n 
A

cc
es

s 
A

rt
ic

le
. P

ub
lis

he
d 

on
 2

6 
  1

44
3.

 D
ow

nl
oa

de
d 

on
 1

1/
05

/4
7 

07
:3

3:
08

 . 
 T

hi
s 

ar
tic

le
 is

 li
ce

ns
ed

 u
nd

er
 a

 C
re

at
iv

e 
C

om
m

on
s 

A
ttr

ib
ut

io
n 

3.
0 

U
np

or
te

d 
L

ic
en

ce
.

View Article Online

http://creativecommons.org/licenses/by/3.0/
http://creativecommons.org/licenses/by/3.0/
https://doi.org/10.1039/d1cp00909e


27166 |  Phys. Chem. Chem. Phys., 2021, 23, 27159–27170 This journal is © the Owner Societies 2021

Fig. 9 illustrates the sinusoidal applied strain and the resultant
stress response observed in an elastic and a viscoelastic
material.56 If the material depicts a linearly elastic mechanical

behaviour, the strain will be proportional to the stress,
as shown by Fig. 9(a).56 However, if the material behaves in
a viscoelastic manner, a phase shift between the applied
strain and resultant stress will be observed, as illustrated
by Fig. 9(b).56 The loss tangent, tan d, is then the ratio
between the loss modulus E00 [Pa] and the storage modulus
E0 [Pa]:70,71

tan d ¼ E00

E0
; (15)

where

E0 ¼ sst;0
e0

cos d;

E00 ¼ sst;0
e0

sind:
(16)

Here, sst,0 and e0 are the peak amplitudes of stress sst and
strain e, whereas d is the phase shift between stress and
strain.70 An elastic solid has a loss tangent of zero, indicating
that the applied stress and the resulting strain are in phase. In
contrast, a viscoelastic solid such as polymers and rubbers can
have a loss tangent exceeding unity.53,54,69,72,73 Although the
loss tangents of inorganic solid electrolytes have not been
measured experimentally, similar behaviour can be expected
from them as measured in other ceramic materials such as
alumina, which has a loss tangent of 9 � 10�4 at room
temperature.69 Compared to the loss tangent of polymers and

Fig. 7 (a) Stiffness versus fracture toughness of ceramic-based and glassy solid electrolyte. The typical fracture toughness of brittle materials is
approximately 1 MPa m�2. When LiPON was subjected to the nanoindentation in the works of Kalnaus et al.,61 no fracture was observed throughout the
experiments. Reprinted from ref. 61, Copyright (2021), with permission from Springer. (b) Under nanoindentation experiments, a significant pile-up
instead of cracking was observed in LiPON. Reprinted from ref. 61, Copyright (2021), with permission from Springer. (c) The micrograph of a cross-
sectional crack observed in LiPON. Reprinted from ref. 62, Copyright (2000), with permission from Elsevier.

Fig. 8 The temperature-dependent charge diffusion coefficient (Ds),
tracer diffusion coefficients of 22Na D�Na

� �
and 45Ca D�Ca

� �
and viscosity

diffusion coefficient (DZ) for a soda-lime silicate glass. Reproduced from
ref. 63, Copyright (2008), with permission from IOP Publishing.
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rubbers, this low magnitude of loss tangent shows that
ceramic-based materials exhibit a negligible viscoelastic behav-
iour at room temperature.

However, as discussed in Section 3.3, due to a large variation in
the chemical compositions of inorganic solid electrolytes,13 we note
that the brittle behaviour cannot be generalised for different types of
these solid electrolytes. Different classes of inorganic solid electro-
lytes may exhibit different mechanical behaviour, which requires an
individual mechanical characterisation.

4 Alternatives to Nernst–Einstein’s
relation

By using time-resolved operando neutron depth profiling meth-
ods, Han et al.74 measured the Li concentration profiles in
three different representative classes of inorganic solid electro-
lytes (e.g. LiPON, c-LLZO and Li3PS4) at different temperatures.
Their experimental measurements showed a near-zero concen-
tration gradient across the bulk solid electrolytes (see Fig. 10).
A near-zero concentration gradient implies that the macro-
scopic diffusion overpotential in an inorganic solid electrolyte
is negligible.60 The migration of mobile cations by hopping
between lattice sites is the principal conduction mechanism
governing the ionic mobility in an inorganic solid electrolyte.60

Therefore, the ionic conductivity can be measured directly from
the impedance measurement, thus implicitly including the
effects of correlations between the mobile cations.6,11,12

As material discovery is increasingly aided by computer
simulations, there may be materials of interest in which the

ionic diffusion coefficient is relevant. In such cases, modelling
work should focus on the nature of governing forces affecting
the ionic mobility through quantum mechanical calculations
and force-fields simulations.

For a ceramic-based solid electrolyte, the properties of a
ceramic and how its atoms are arranged in its structure are
determined predominantly by the nature and the directionality
of the bonds holding the atoms together.75 In general, two types
of bonds are governing the behaviours of ceramics: ionic and
covalent bonds.75,76 Ionic bonding is an electrostatic force of
attraction that results from the electrons transfer between a
metal and a non-metal.75,76 Ionic compounds are typically
brittle and have poor electrical and thermal conductivity.75,76

On the other hand, covalent bonding occurs due to sharing of
outer shell electrons between two non-metals that have similar
electronegativity.75,76 Although both types of bonds are present
in ceramics, ionic bonding is more dominant, and the funda-
mental force governing the atomic structure in ceramics is the
electrostatic Coulombic force.75,76 By using appropriate bound-
ary conditions, Schrödinger’s equation can be solved consider-
ing the dynamic equilibrium between various governing forces
such as electrostatic Coulombic force and the forward electric

Fig. 10 Measurement of Li concentration profiles using operando neu-
tron depth profiling technique across (a) LiPON (b) c-LLZO and (c) Li3PS4

solid electrolytes. Reproduced from ref. 74, Copyright (2019), with permis-
sion from Springer Nature.

Fig. 9 Sinusoidal applied strain and the resultant stress response
observed in (a) an elastic material and (b) a viscoelastic material. Repro-
duced with permission from ref. 56, Copyright (2012), Princeton University
Press.
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force.75 The outcome of such investigations could determine
whether Nernst–Einstein’s relation can be applied for inorganic
solid electrolytes or a new relation is required to describe the
interatomic forces acting in these electrolytes.

Depending on the structure and the chemical composition of the
host lattice, the atomic diffusion in a solid can be described by a
range of diffusion mechanisms, which include interstitial mecha-
nisms, collective mechanisms, vacancy mechanisms, divacancy
mechanisms or interstitial-substitutional exchange mechanisms.64

For glassy solid electrolytes, atomistic simulation can be implemen-
ted to evaluate which diffusion mechanisms best describe the
hopping behaviour observed experimentally in the solid electrolyte.
By studying the relationship between mean displacement and time
for colloidal particles, Jean Perrin and his students had performed a
series of experiments in 1908 to evaluate Einstein’s and Einstein–
Smoluchowski’s relation.33 Instead of assuming the general applic-
ability of Nernst–Einstein’s relation for all electrolytes, the Jean
Perrin’s experiments can be extended to evaluate whether the
Einstein’s diffusion model can describe the hopping mechanisms
for different types of inorganic solid electrolytes.

5 Conclusions

In solid-state battery research, Nernst–Einstein’s model has often
been used to relate the diffusion coefficient of mobile cations to the
electrolyte conductivity. However, a near-zero concentration gradient
across the inorganic solid electrolyte indicates that the diffusion
overpotential is insignificant, and the migration of mobile cations is
the primary conduction mechanism. In this case, ionic conductivity
can be measured from the impedance measurement of inorganic
solid electrolytes, where the ion–ion correlations are also considered
implicitly through a direct experimental measurement.

We show that the popular Nernst–Einstein’s relation is not
valid for all materials. Instead of using by default Nernst–
Einstein’s relation originally developed for fluids, future stu-
dies should calculate the ionic mobility from quantum
mechanical or force-field simulations. Such approach could
determine how the nature of governing forces affect the ionic
mobility in an inorganic solid electrolyte. Then, the calculated
ionic mobility can be used in cell- and system-level solid-state
battery modelling to predict battery performance.

We also highlight that the measurement of loss tangent is
necessary to characterise the viscoelastic behaviour of inorganic
solid electrolytes. If the loss tangent of inorganic solid electrolytes is
less than unity in the range of batteries operating temperatures, the
impacts of using Nernst–Einstein’s relation in modelling the ionic
mobility in inorganic solid electrolytes must be evaluated before
further use. A new relation describing the governing forces is
required. However, if the measured loss tangent is comparable to
that of polymers and Li metal, the viscoelastic behaviour of inor-
ganic solid electrolytes should be quantified.
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